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Journal of

Heat Transfer

Special Issue on Energy Nanotechnology

It is with great pleasure that we present this special issue of the
Journal of Heat Transfer, dedicated to Energy Nanotechnology.
This focus area is the natural convergence of two subjects of
tremendous and lasting importance. The ever-growing global de-
mand for energy in both developing and industrialized nations is
widely recognized as one of modern society’s greatest challenges.
To have a positive worldwide impact, new energy technologies
must not only have the potential to be large scale and cost effec-
tive but must also address concerns about national security and
environmental issues such as global climate change. As we strive
to improve all aspects of the energy cycle—from primary produc-
tion and extraction to storage, transmission, utilization, and
mitigation—our attention naturally turns to nanotechnology be-
cause its additional degrees of freedom offer great potential for
innovative breakthroughs.

In the heat transfer community, interest in research at nanoscale
length and time scales has grown steadily over the past two de-
cades, as evidenced, for example, by previous special issues of the
Journal of Heat Transfer in April 2002 and January 2007. Early
nanoscale heat transfer research was largely driven by the manu-
facturing and microelectronics industries, and it is only relatively
recently that major attention has turned to energy applications. At
a fundamental level, nanoscale effects can lead to significant
changes in the ways that energy is stored and transported in nano-
structures compared to macrostructures. Although the details vary,
these phenomena are present for all types of energy carriers, in-
cluding electrons, phonons, molecules, and photons. Thus, there is
rich potential to exploit nanoscale phenomena in a wide range of
energy technologies, many of which are described in this special
issue.

Beginning with energy sources, one paper in this issue presents
a model for the photoelectrochemical production of hydrogen at a
proton-exchange membrane. Two contributions describe the syn-
thesis of carbon nanotubes and their hybridization with nanopar-
ticles, which may be useful for solar cells, fuel cells, batteries, and
hydrogen storage. A related report describes the enhanced thermal
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conductance of phase change materials loaded with carbon nano-
tubes, with applications in the thermal management of electronics.
Several papers add to the lively discussion about enhanced heat
transfer in nanoparticle colloids, known as “nanofluids,” which
may lead to more efficient heat exchangers in large-scale power
plants. Theoretical and experimental efforts detail conduction,
convection, and boiling in nanofluids and at nanostructured sur-
faces, under both transient and steady-state conditions. Related
papers describe heat transfer through porous media, narrow gaps,
and flow visualization in microchannels, all of which may prove
valuable for optimizing heat exchangers on a smaller scale. Fi-
nally, two papers can be related to energy scavenging (through
nanocomposite thermoelectrics or a waveguide-ballistic device),
which “closes the loop” by recovering energy from waste heat to
create another energy source.

This special issue is in large part an outcome of the First En-
ergy Nanotechnology International Conference (ENIC), held at
the Massachusetts Institute of Technology on June 26-28, 2006.
The conference was chaired by one of us (G.C.), and we would
like to thank the Program Chair, Yang Shao-Horn, and the Orga-
nizing Committee, Arun Majumdar, Samuel Mao, and Ernie
Moniz. Their efforts helped make this first-of-its-kind conference
a success: there were over 100 technical contributions including
talks, tutorials, posters, and panel sessions. This special issue con-
tains papers submitted at ENIC as well as selected additional pa-
pers submitted directly to the journal. All have undergone full peer
review. We hope that you, the reader, will find this issue both
informative and thought provoking.

Chris Dames
University of California, Riverside

Gang Chen
Massachusetts Institute of Technology

APRIL 2008, Vol. 130 / 040301-1
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Heat Transfer Behavior of Silica
Nanoparticles in Pool Boiling
Experiment

The heat transfer characteristics of silica (Si0,) nanofluids at 0.5 vol % concentration
and particle sizes of 10 nm and 20 nm in pool boiling with a suspended heating
Nichrome wire have been analyzed. The influence of acidity on heat transfer has been
studied. The pH value of the nanosuspensions is important from the point of view that it
determines the stability of the particles and their mutual interactions toward the sus-
pended heated wire. When there is no particle deposition on the wire, the nanofluid
increases critical heat flux (CHF) by about 50% within the uncertainty limits regardless
of pH of the base fluid or particle size. The extent of oxidation on the wire impacts CHF,
and is influenced by the chemical composition of nanofluids in buffer solutions. The
boiling regime is further extended to higher heat flux when there is agglomeration on the
wire. This agglomeration allows high heat transfer through interagglomerate pores, re-
sulting in a nearly threefold increase in burnout heat flux. This deposition occurs for the
charged 10 nm silica particle. The chemical composition, oxidation, and packing of the
particles within the deposition on the wire are shown to be the reasons for the extension

of the boiling regime and the net enhancement of the burnout heat flux.
[DOI: 10.1115/1.2787020]

Keywords: nanofluids, pool boiling, CHF, surface charge

Introduction

Millimeter- and micron-sized particles in suspension tend to
form huge agglomerates and settle down quickly, which would
increase the pressure drop and deteriorate the heat transfer char-
acteristics of the fluid. However, suspensions of less than 50 nm
size particles in fluids, called complex or nanofluids, have been
found to significantly increase the thermal conductivity in single
phase flows at very low concentrations [1-4] and up to threefold
increase in maximum heat flux in pool boiling studies [5-7]. Thus,
these nanofluids have potential applications in electronic cooling,
reactors, and optical systems. The adopted particle-fluid combina-
tions are usually oxide nanoparticles (Al,03, CuO, SiO,, TiO,,
and CeO,), metal nanoparticles (Cu, Au, and Ag), diamond, and
carbon nanotubes suspended in water, ethylene glycol, ethanol,
and other oils.

In the presence of nanoparticles, particle-particle and particle-
molecule interactions play a major role in increasing the thermal
conductivity of the nanofluids, which enhances the heat transfer.
Two subsequent studies by Masuda et al. [8] and Lee et al. [9]
show 30% and 15% increases in thermal conductivity, respec-
tively, for Al,O3 nanofluid at 4.3% concentration. The difference
in the results was attributed to the particle size with smaller size
giving more free surface area and higher conductivity. CuO nano-
particles were dispersed [9] in water and ethylene glycol and
showed greater enhancement compared to Al,O5 nanofluid in the
same base liquids. Experimental data for metallic particles are
limited. Copper particle solution has displayed enhanced conduc-
tivity by 40% in ethylene glycol at 0.3 vol % with a mean diam-
eter of ~10 nm [3].

The discrepancies in the enhancements achieved by different
groups are attributed not only to the particle size and concentra-
tion but also to the particle surface treatment and the presence of

Contributed by the Heat Transfer Division of ASME for publication in the JOUR-
NAL OF HEAT TRANSFER. Manuscript received February 11, 2006; final manuscript
received March 25, 2007; published online March 17, 2008. Review conducted by
Satish G. Kandlikar.
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additives. The preparation of the nanofluids is important from the
point of view of stability and good dispersion. Dry nanopowder
suspended in a base liquid tends to be unstable and settles over a
period of time. The aggregation of nanoparticles and formation of
large agglomerates at low concentrations may lead to sedimenta-
tion and creation of areas with high thermal resistance. To im-
prove stability, the following techniques have been adopted: (1)
change of pH by the addition of acid or base to keep the nano-
particles away from their isoelectric point (IEP)—point of zero
charge, (2) addition of surfactants/dispersants, and (3) treatment
with ultrasonic vibration for better dispersion.

A few possible factors that enhance the thermal conductivity
are discussed in the published literature, including the Brownian
motion of nanoparticles, ordered arrangement of liquid molecules
in the vicinity of nanoparticles, ballistic heat transfer mode in
nanoparticles, and clustering and networking of nanoparticles
[10-13]. Although it was proposed that Brownian motion and col-
lisions of the particles can influence the heat transport, it has been
shown that its effect is minimal [14]. Molecular dynamics simu-
lations propose a formation of an ordered layer (between 1 nm
and 3 nm) at the particle-fluid surface interface with higher ther-
mal conductivity than that of the bulk liquid. Such factors are only
theoretically postulated at this stage and they do not account for
the particle-particle and particle-molecule chemical interactions,
and surface charge by breaking the host molecules.

Vassallo et al. [5] and Milanova and Kumar [6] showed 100%
and 200% enhancements, respectively, in burnout heat flux of
Nichrome wire in silica-water suspension. This tremendous im-
provement in maximum heat flux was partially attributed to the
formation of wire coating and more nucleation sites for bubble
initiation [6]. You et al. [7] used Al,O5 nanofluid to show a three-
fold increase in critical heat flux (CHF). They found that the av-
erage size of the departing bubbles increases and the bubble fre-
quency decreases for alumina nanofluids.

In the following study, we examine the pool boiling heat trans-
fer characteristics of silica nanoparticles dispersed in water and
quantify their enhanced maximum heat flux. Different pH of the

APRIL 2008, Vol. 130 / 042401-1
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solution plays a significant role in the heat transferred. The disso-
ciated ions from the suspension and the chemical reactions be-
tween them and the silica particles appear to determine the maxi-
mum heat flux. The dispersion characteristics of the fluid were
experimentally evaluated through the electrostatic potential of
nanoparticles, called zeta potential, in order to give insight into
particle-particle, particle-liquid, and particle-heating surface inter-
actions. Thus, the chemical structure and motion within the fluid
are responsible for a higher burnout heat flux. The objective of
this work is to systematically study the effect of the charged silica
(SiO,) nanoparticle suspension in boiling conditions in water for
different particle sizes, pH, and particle concentrations.

Experimental Procedure

Heat transfer characteristics of nanosilica in water with varying
acidity and chemical composition are systematically examined in
a pool boiling experiment. The pool boiling experimental setup
(Fig. 1) consists of a glass cylindrical test section filled with
250 ml of nanofluid. A Nichrome wire serving as a temperature
sensor is horizontally immersed in the pool through tightly at-
tached copper lead wires. The dimensions of the heating element
are 46 mm in length, 0.32 mm in diameter, and 0.558 mm in di-
ameter for the lead wires. This particular alloy was chosen for its
brittleness. It also breaks at its melting point (1400°C) without
any plastic deformation. Melting of the material before failure is
undesirable.

042401-2 / Vol. 130, APRIL 2008
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The temperature of the bulk fluid is brought and maintained
initially to nearly 100°C and monitored. When current is passed
through the heating wire, measurements of the potential drop
through the wire at a given current flow are taken. The heat flux
from the wire to the saturated liquid is determined using g
=12Rw/ wDL, where I, R,,, D, and L are current, wire resistance,
wire diameter, and length. In order to achieve steady state, each
data point is recorded 30 s after reaching the desired heat flux.
The wire temperature 7, is determined from the electrical resis-
tance of the uncoated wire available for Nichrome. The (7,
—R,,) calibration requires a piecewise interpolation due to the
jump in resistance at higher temperatures, as shown in Fig. 2. As
this calibration curve shows, from 20°C up to about 550°C and
again from 800°C and beyond, the curves were fitted piecewise
linearly. Two different linear functions were used, one from
0.656 Q) to 0.69 ), and another from 0.69 ) to 0.71 ). The
double-value region between 0.69 and 0.70 cannot be avoided
since it is an intrinsic property of the Nichrome material near its
CHE. Calibration curves are generated for each experiment since
temperature, 7,,, is plotted as a percentage increase in resistance
from the initially recorded resistance. The calibration curve for the
temperature change is given as percent increase in resistance by
the manufacturer [15] for Nichrome wire for the diameter used in
this study. The pool boiling curve is generated by plotting the heat
flux ¢ versus the wall superheat (T,,—Tg,). The experimental sys-
tem is vented to ensure atmospheric interactions.

Since only the resistance including the lead wires is determined
first, the resistance of the copper lead wires is subtracted from that
of the whole system to obtain the resistance of the Nichrome wire.
The lead wire resistance is not a constant, but increases with cur-
rent, possibly due to the heat dissipated from copper at high heat
fluxes. With increasing power, the heat flux initially increases
slowly, but more rapidly as the wire superheat increases further.
The total uncertainty in heat flux is determined via propagation of
error approach and is calculated to be 5.8% in all the flow re-
gimes. The uncertainty is mainly attributed to variations in wire
length and soldering, which affect the resistance. Since the tem-
perature of the wire is interpolated from available data, the error
in superheat in the saturated boiling regime where resistance var-
ies linearly with wire temperature is 8.4°C. At CHF, where there
is a jump in wire temperature, the uncertainty in temperature is
53°C (3.8-6.3%). With respect to Fig. 2, typically, majority of the
data fell below 0.69 (), i.e., below CHF. When drastic conditions
on the wire are noticed which are usually associated with the
temperature jump, the high temperature from the upper linear
curve in Fig. 2 is used. The actual deviation of burnout heat flux in
different runs is found to be less than the predicted uncertainty.
The reliability of the data is ensured by repeating each experiment
three times for the same conditions.

Transactions of the ASME



Results and Discussion

Characterization of Nanoparticles. Silicon dioxide nanosus-
pension is a commercial product of Alfa Aesar and is obtained at
15% concentration in water at an initial particle size of 10 nm. A
particle size of 20 nm is obtained at 40% concentration in water
by the same vendor. The stabilizing agent for both particle sizes is
sodium oxide at 0.83% concentration. Silica nanofluids are diluted
to 0.5 vol %, which lead to slight agglomeration, and the average
particle size increased to 18.8 nm from the initial size of 10 nm,
determined by particle size analysis. In pure de-ionized water,
20 nm silica particles slightly increase to an average size of
22.5 nm. The colloidal stability in the presence of salts and elec-
trolyte is further discussed.

Electric double layers (EDLs) form spontaneously on interfaces
when colloidal particles are dispersed in a liquid medium depend-
ing on the electrolytic concentration. Charge is generally acquired
by adsorption or desorption of ions. In the case of oxides, there is
a loss or gain of protons from the hydroxyl surface groups, which
leads to overall change in the surface charge. The positive or
negative charge is electrostatically compensated with diffusively
distributed counterions (countercharge). Thus, when there is no
strong electrolyte (acid or base), a second layer is formed around
a wetting surface such as silica particle, and this layer is called the
hydration layer. In water, oxides generally acquire positive charge
at low pH, negative charge at high pH, and zero charge at some
point. That point is called point of zero charge (PZC). The real pH
values used in our experiments for silica are basic (10.2 for 10 nm
particles and 9.2 for 20 nm particles). The theoretical PZC value
is pH 2 for silica. Zeta potential measurement determines the
stability characteristics of the nanoparticle suspension by measur-
ing the electrophoretic mobility of particles. Theoretically, zeta
potential is computed at the surface of the shear plane, between
the solid and diffuse layers where the fluid velocity is zero due to
no-slip condition. It determines the net charge on the particles.
The measurements are performed with zeta potential analyzer
(Nicomp 380/ZLS), which uses the method of electrophoretic
light scattering (ELS) to measure the average mobility of the dis-
persed charged particles subjected to electric field. The zeta po-
tential is obtained by the Smoluchowski equation, which is pre-
ferred for high ionic strengths over the one by Huckel used for
low ionic strengths. Zeta potential values for the diluted nanoso-
lutions are —17.5 mV and -22 mV for the 10 nm and 20 nm
nanosilica, respectively. These values are adequate because the
pH of the suspensions is far removed from their PZC. These
highly negative potentials indicate the surface charge and ensure
strong electrostatic repulsion barriers and good stability. The ef-
fect of EDLs and pH on pool boiling behavior is discussed below.

Effect of pH in Pure Buffer Solution. Since particle suspen-
sions are stable at different pH solutions depending on the particle
characteristics, our initial investigation focused on the effect of
pH in pure water. Figure 3 is the boiling curve for de-ionized
water compared with buffer solutions at pH 3, 4, 7, and 10. Acidic
buffer solutions are commonly made from a weak acid and one of
its salts—often a sodium and/or potassium salt, while basic ones
contain mostly weak base salts. For all pH, the boiling curve
displays the well known flow regimes such as natural convection,
nucleate boiling, and CHF before the wire burnout, with some
exceptions as given below. As has been noted in the boiling flow
literature, as the heat flux is increased, the vapor bubbles form at
the nucleation sites and separate from the surface. When the active
sites on the wire become numerous, bubbles begin to coalesce. As
the heat flux is further raised, vapor generation is so large that the
surface is depleted of liquid. Beyond a limiting heat flux called
CHE, a slight increase in power input to the wire causes a large
rise in the wire temperature as shown by the temperature jump.
The few changes caused by pH are noted below.
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Fig. 3 Pool boiling for pure buffer solution at different
acidities

1. Initially, as the current is passed through the wire, the heat
transfer mode is natural convection. Figure 3 shows that
pure fluids at high pH tend to exhibit prolonged natural con-
vection prior to transition to nucleate boiling.

2. With the exception of buffer pH 7, all solutions display all
the flow regimes including CHF where there is a sudden rise
in wire temperature. In particular, boiling curves for pH 3
and pH 4 are practically the same in all regimes. Due to the
delay in transition to boiling, pH 10 has a steeper slope in
the saturated boiling regime; however, the CHF of
1100 kW/m? is nearly the same as that of pH 3 and 4,
although higher than that for de-ionized (DI) water. Differ-
ences in the boiling curve between pH 7 buffer and DI water
need further explanation.

3. The difference between the buffer solution and DI water for
pH 7 is in the manner the wire burns out. While the DI water
displays the sudden jump in the temperature at CHF associ-
ated with wire glowing, such a jump is completely absent for
the buffer. Buffers by nature easily recombine their dissoci-
ated ions to their original salts, which results in a decrease of
the overall number density of free ions. This, in turn, could
cause a delay in the sudden increase in wire superheat for
the buffer solution or be absent as in the current case. Thus,
unlike in DI water, in the case of the buffer solution, disso-
ciated positive and negative ions are limited. This can affect
the size of the bubbles around the wire, and restrict wire
glowing or altogether eliminate it for buffer pH 7.

4. The effect of acidic and basic buffer on CHF is analyzed
next. The intensity of the bubbles and vapor formation is
high in the nucleate boiling regime. Since buffer solutions
are weak electrolytes, they are expected to release free ions
at a controlled rate. For pH 3 and 4, the wire starts to glow
at a higher temperature. The glowing of the wire could be
associated with the nature and intensity of the vapor phase.
Depending on whether the solution is acidic or basic, hydro-
gen (H,) or oxygen (O,) gas is possibly formed, respectively
[6]. Acidic solutions are more reactive than the basic ones
because hydrogen molecule is lighter than oxygen molecule
in terms of molecular weight. This may have an influence on
the intensity of the bubble formation. For acidic buffer, for
the same superheat, the heat flux is higher.

Figure 4 represents the pool boiling curves for 10 nm and
20 nm silica nanofluids in pure DI water. The nanofluids were
diluted to 0.5 vol % and no other stabilizers were added. Signifi-
cant differences exist in the burnout characteristics between the
two nanofluid solutions. In silica 10 nm nanofluid, the burnout
heat flux is 2.67 times that of pure DI water. The deposition on the
wire in this case is significant (~0.3 mm) and it is loosely packed,
which could be a direct result of its amorphous structure. The
saturated boiling regime for this nanofluid extends over two linear
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Fig. 4 Pool boiling for (a) 10 nm silica in pH 10.2 at 0.5 vol %
concentration and (b) 20 nm silica in pH 9.2 at 0.5 vol %
concentration

segments well beyond CHF for pure water. It was observed that
smaller bubbles nucleated rapidly and departed at higher fre-
quency from the numerous porous sites compared to the pure
water case, which could be a possible reason for the extension of
the boiling regime. This, in turn, increases CHF. At about 500°C
superheat, a sudden rise in resistance (and temperature) takes
place, associated with glowing of the wire up to about 1000°C.
Despite a strong deposition, the jump occurs at approximately the
same resistance (Fig. 2), adding credence to the fact that the re-
sistance and calibration of the deposited wire did not change sig-
nificantly. This is the CHF regime, which now occurs at a much
higher heat flux of 2600—2700 kW/m? compared to pure water.
Prior to burnout at a heat flux of ~4100 kW/m?, the boiling curve
displays a steep slope again as in pure water. Thus, the porosity
and thickness can control the vapor formation and burnout heat
flux. Similar phenomenon has been observed [16] for copper
micro-sized particles coated on a plain surface.

In contrast, silica (20 nm) at the same concentration (0.5%)
shows no significant deposition on the wire and the wire breaks at
a lower heat flux compared to that for 10 nm, however, still at
1.47 times higher CHF compared to DI water (Fig. 4(b)). Heat
flux increases with superheat in nearly the same manner as for the
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Fig.5 Pool boiling for 10 nm silica in pH 3.7 buffer at 0.5 vol %
concentration

10 nm case in the saturated boiling regime until the wire burns out
with no visible glowing. No wire deposition was present for the
20 nm solution.

Effect of pH in Nanofluids. The pH of the nanofluids is im-
portant from the point of view that it determines the charge of the
particles, their motion in the presence of electric field, and mutual
collisions. The lower or higher the pH is, the stronger the surface
potential that can be expected. Hence, we can expect more vigor-
ous motion and collisions between the individual particles. Higher
positive or negative charge of nanoparticles determines the
amount of deposition on the wire and electrodes.

The pH value of the nanoparticles determines not only the par-
ticle movement toward the wire when current is applied but also
their mutual interactions and formation of agglomeration and floc-
culation. In order to delineate the pH effect on maximum heat
flux, the silica nanofluid was mixed with acidic buffer solution.
When silica nanoparticles are added to the pH 3 buffer solution,
alkaline solutions contain hydroxide ions and the buffer solution
removes them in the following manner. The salt, CH;COOH,
present in the acidic buffer solution can combine with the OH™
group to form a water molecule. CH;COOH dissociates into
CH;COO™ and H*. Then, the released H* ions combine with the
OH™ ions in the solution. Thus, the excess OH™ ions from the
nanosilica solution are neutralized to maintain a constant pH of 3.

For 10 nm and pH 3.7 in the buffer solution, the saturation
regime extends beyond CHF for pure buffer solution at 3.0 (Fig.
5). Particle aggregation was measured; however, there was no
deposition on the wire, and 10 nm silica in acidic buffer provides
better performance than pure water.

In Fig. 5, a very interesting trend in the natural convection
regime is observed due to the change in pH. Comparing this figure
with Fig. 4(a), silica nanofluid at its original acidity (higher pH)
exhibits a prolonged natural convection regime. Acidic silica
nanofluid enters the nucleate boiling regime earlier compared to
the basic silica nanofluid, as shown in Figs. 4(a) and 5. Due to the
highly basic nature of nanosilica solution, even with a buffer so-
lution of pH 3, the dilution of the nanosilica solution at a concen-
tration of 0.5% can only be maintained at pH 3.7. The presence of
free ions is substantiated by the inability to maintain the nanofluid
at lower than pH 3.7 even though a buffer solution of pH 3 was
originally used to make the nanofluid. The excess free ions, which
are not neutralized by the buffer solution, may be the reason why
nucleation begins earlier on the wire.
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Comparing Figs. 4(a) and 5 near burnout, the burnout heat flux
for silica pH 3.7 is lower than for pH 10.2 where silica is stable.
Both exhibit CHF; however, for low pH, the CHF regime is pro-
nounced and occurs at about 300—400°C superheat. As in the
case of pure water, the sudden jump in temperature in the CHF
regime is usually associated with the glowing of the wire for both
high and low pH. It is important to note that the CHF is enhanced
for nanofluids over that for pure DI water or buffer solution even
when they are not maintained at their original acidity. The differ-
ence in the boiling behavior can be attributed to particle charge
and particle deposition on the wire as discussed later. The range of
superheat is distinct at CHF for the low pH case, and barely
noticeable for high pH.

The burnout heat flux and the CHF can vary solely because of
the chemical solution the nanoparticles are mixed in. Figure 6
shows the differences in the pool boiling curves between two
cases for very nearly the same pH for 10 nm nanosilica, prepared
with hydrochloric acid and buffer solution. Acidic buffer solution
was added to silica 10 nm at pH 10.2 to make a solution of pH
3.7. In the case of silica+HCI, the burnout heat flux is
4400 kW/m? compared to 2200 kW/m?. To understand the dif-
ferences in burnout, it is important to first understand the basic
differences in the types of nanosolutions used, and the particle
zeta potential associated with particle size.

There are three types of solutions used in this study: (a) lyo-
philic, (b) lyophobic, and (c) lyophilic+buffer. Lyophilic disper-
sion is one that acquires stability by hydration of the wetting silica
surface. Lyophilic (hydrophilic in the case of an aqueous solution)
dispersions are less sensitive to salt content. These solutions are
made by merely adding high pH silica particles to DI water. The
burnout heat flux of 4100 kW/m? obtained in Fig. 4 is for lyo-
philic dispersion. Second, particles that are electrostatically stabi-
lized by ions (by adding HCI) are termed lyophobic dispersions.
In this case, less coagulation (formation of permanent aggregates)
takes place. The burnout heat flux of 4400 kW/m? obtained ear-
lier is for lyophobic dispersion. A possible reason for the delayed
burnout in this case is the presence of dissociated ions, which
carry part of the supplied power, diverting them from the wire.
The last type of solution is a lyophilic solution but with salts
(buffer). This electrolytic solution results in significant
coagulation.

In aqueous solution, the ions are separated due to the steric
repulsion barriers of water molecules around them. In DI water,
the hydrate shell around the ions is usually thick enough so that
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when oppositely charged ions come to close proximity, the forces
due to the kinetic energy is greater than the attractive forces. As a
result, those ions bounce on each other upon collision instead of
recombining and neutralizing [17]. The addition of hydrochloric
acid to the solution ensures the presence of dissociated H* and CI~
ions. Those ions as well as the negatively charged silica nanopar-
ticles acquire hydration layers, which prevent chemical interaction
and neutralization when ions approach the particle surface. This is
the reason the solution is lyophobic when HCI is added to the
nanofluid. However, these ions stay near the surface due to elec-
trical attraction and form the so called diffuse double layer. The
overall free ion-nanoparticle system is electrostatically neutral.
The concentration of ions near the surface is high and decreases
with distance. The zeta potential (Fig. 7(a)) for this case is
—0.79 mV, which is representative of the fact that the negatively
charged silica nanoparticles are balanced with counterions, i.e.,
there exists an EDL. The particle size (Fig. 7(b)) is 23.6 nm,
which could be due to surface accumulated ions. Theoretically,
EDLs can extend to tens of nanometers depending on the ionic
concentration. Since silica was brought to pH 2.9, which is close
to its PZC, it is reasonable to expect a zeta potential close to zero.

Wire burnout not only depends on lyophilic and lyophobic so-
lutions but also on the amount of deposition of the particles on the
wire. To understand whether the increase in the heat transfer is
due to the changed morphology of the wire or solely due to the
dispersed nanoparticles, burnout heat flux is plotted in Fig. 8 only
for those cases where there is no or minimal deposition on the
wire. This figure shows that when there is no wire deposition, for
the seven cases ranging in pH in lyophilic or lyophobic or in
buffer for 10 nm and 20 nm particles, the CHF is still increased to
~2200-2300 kW/m?, an increase of about 50%. This near uni-
form increase in CHF regardless of the size and chemical charac-
teristics of the particles is a significant finding.

Figures 7 and 8 represent the zeta potential and particle size,
and burnout heat flux measurements for seven cases. In all these
cases, there was no wire deposition. Five of these cases were
measurements taken in buffer solution; hence, some particle ag-
glomeration was seen. These cases were plotted against increasing
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Fig. 8 Burnout heat flux for silica 10 nm and silica 20 nm

pH. Two of the cases are provided on the right portion of the
figure, and they represent one lyophilic solution and one lyopho-
bic solution.

The particle size in Fig. 7(b) shows that the 10 nm silica more
than doubled its average size to 22—23 nm (pH 3 and 4 buffer)
due to aggregation since the potential is low and there is no elec-
trostatic repulsion (buffer solution does not have free ions). This
aggregation of particles is inferred from the zeta potential mea-
surement (~0 mV) of silica nanoparticles for all the buffer solu-
tions. This result is in concert with the pH value for the PZC. The
lack of particle charge hinders their motion toward the wire and
electrodes. Therefore, no deposition or significant change of sur-
face roughness was found on the wire for any of the silica buffer
solutions.

The surface potential of the nanoparticles determines their
movement toward the electrodes and the wire as current flows
through the uncoated NiCr wire, which results in the collapse of
particles on the surface and the formation of coating. In the case
of silica nanofluid with pH 10.2, a large amount of oxide coating
was found on the wire, whereas for pH 9.2 (20 nm) nanofluid,
there is no deposition since oxidation of Nichrome seems to have
been prevented. Although from a materials point of view, the for-
mation of thick deposition and oxidation of the Nichrome material
are detrimental, surface roughness can maintain saturated boiling
at higher heat fluxes. This is a result of trapped vapor in the
cavities from which numerous bubbles can grow, since nucleation
site density is larger for a porous surface compared to a smooth
one. In the case of pH 9.2 in DI water, there appears to be no
agglomeration as the particle size stays constant at 20 nm (Fig.
7(b)) and the zeta potential is high at —18 mV. In both cases of
lyophilic and lyophobic solutions, the 20 nm particles are
charged, do not agglomerate, and burn out at about
2000-2200 kW/m?. This is in contrast with the 10 nm particles
in DI water at high pH, and in the presence of HCI at low pH,
which agglomerated to approximately 20—25 nm particles and in-
creased the burnout heat flux almost threefold. When we eliminate
the change in surface roughness and deposition on the wire, the
enhancement in burnout heat flux over DI water is uniformly
50%. Hence, the higher heat fluxes are attributed solely
to the nanoparticles and not to change in wire thickness and
morphology.

Conclusions

In pool boiling of nanofluids, silica particles suspended in water
go through different interactions with one another and the wire,
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and exhibit very different heat transfer behavior due to their crys-
tal structure. Based on the detailed experiments in silica suspen-
sions in the presence of an immersed heated Nichrome wire, the
following conclusions may be drawn.

e Silica particles in lyophilic, lyophobic, and in the buffer
solution enhance the CHF. When there is no deposition on
wire, burnout heat flux is increased by about 50%. This near
uniform increase in CHF regardless of the particle size and
surface morphology is significant.

e A smaller particle size of silica (10 nm) suspended in solu-
tion results in the best CHF performance at high or low pH.
The Nichrome wire encountered the maximum deposition of
silica in the case of 10 nm particle suspension. This suggests
that the porosity due to silica deposition and oxidation of the
Nichrome material is responsible for the greatest increase in
CHEF. An enhancement of over 150-200% in burnout heat
flux in 10 nm silica solution is consistent with what has
been measured in the literature by several researchers.
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Carbon Nanotubes, Synthesis,
Growth and Orientation Control in
Opposed Flow Diffusion Flames

The combustion synthesis of carbon nanotubes is reviewed, examining their formation
and control in diffusion flames. Much of the initial work in this area employed coflow
diffusion flames and provided insight into carbon nanotube (CNT) formation. However,
the inherent multidimensional nature of such coflow flames made the critical spatial
location difficult to maintain. Among this early work, our UIC group demonstrated the
superiority of the opposed flow diffusion flame configuration due to its uniform radial
distribution that reduces such flow to a one-dimensional process. While a summary of the
early coflow flame work is presented, the use of the opposed flow diffusion flame will be
the focus of this review. The production of carbon nanostructures in the absence of a
catalyst is discussed together with the range of morphology of nanostructures generated
when a catalyst is employed. The important aspect of control of the growth and orienta-
tion of CNTs and generation of CNT arrays through the use of electric fields is examined
as is the use of anodized aluminum oxide templates. Fruitful areas for further research
such as the functional coating of CNTs with polymers and the application of these op-
posed flow flames to synthesis of other materials are discussed.
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Introduction

In 1991 [1], lijama’s discovery of microtubules of graphitic
carbon and the subsequent discovery of single-walled carbon
nanotubes (CNTs) in 1993 has led to intensive worldwide experi-
mental and theoretical efforts devoted to the investigation of their
generation and applications. CNTs possess unique mechanical and
electrical properties. Recently, vertically aligned CNT arrays have
received much attention due to their potential applications as elec-
trocatalyst supports for use in fuel cells, field emission devices,
anodes in lithium-ion batteries, nanoelectronics, biological probes,
capacitors, etc.

Until the past few years, three techniques were principally em-
ployed to produce CNTs. These are arc discharges [2,3], pulsed
laser vaporization (PLV) [4], and chemical vapor deposition
(CVD) [5]. All these techniques require the introduction of a cata-
lytic precursor such as cobalt, iron, or nickel for the generation of
nanotubes. Arc discharges are a good medium for the production
of both multiwalled carbon nanotubes (MWNTs) and single-
walled carbon nanotubes (SWNTs) and can yield high quantities
of CNTs but with large amounts of undesirable carbonaceous by-
products. The growth conditions can be controlled by chamber
pressure and arc current. CVD heats a catalyst material to high
temperatures and a hydrocarbon gas is introduced as a carbon
source. Growth is controlled by the specific hydrocarbon feed-
stock and the particular catalytic material employed. While CNT
synthesis has been dominated by CVD, it contains large amounts
of undesirable carbonaceous by-products and requires complex
and costly purification. PLV processes evaporate a target carbon
composite that is catalytically doped. Its advantage includes high
quality CNTs and high accuracy in diameter control. Disadvan-
tages include small production rates and the presence of contami-
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nants such as soot and catalytic metals. All of these methods are
subatmospheric processes and have limited abilities for their size
to be scaled upwards.

Since 2001-2002, several investigators have shown that flames
are an alternate good carbon source and can be employed as a
very efficient method for growing multiwalled and single-walled
CNTs. Saito and co-workers [6—8] employed coflow methane-air
and ethylene-air diffusion flames with the introduction of solid
supports for the growth of CNTs. Kennedy’s group used opposed
flow, flat diffusion flames to generate CNTs with and without
catalysts [9,10]. They also demonstrated the effective use of ap-
plied electric fields to control their growth and orientation [11].
Vander Wal and co-workers [12] employed coflow diffusion
flames using metallocene doped acetylene as fuel to synthesize
SWNTs. They have also produced MWNTs with a metal catalyst
on TiO, [13] and demonstrated that catalytic particle shape, par-
ticle elemental composition, and fuel type influences the growth
and structure of CNTs and nanofibers [14]. They also report that
CNTs can be synthesized in premixed coflow flames [15,16].
Height and co-workers [17] reported the synthesis of CNT as a
function of flame position and air-to-fuel ratio. Recently, several
authors have successfully reported the application of electric field
to control the growth of nanotubes in CVD and in plasma
[18-20]. Hurt [21] proposed a three step mechanism for CNT
growth in coflow methane flames: (1) methane is pyrolized in the
preheat zone to yield hydrocarbon species as a carbon source; (2)
catalyst particles form on substrate surface; (3) at appropriate tem-
peratures, catalyst particles absorb the carbon source to produce
CNTs.

There is a strong interest in obtaining arrays of CNTs for a
variety of applications and such arrays of CNTs have been grown
mostly using templates. Typical templates involve aluminum ox-
ide films and mesoporous silicon with catalyst particles embedded
in the micropores. The most widely used methods for growing the
arrays include metal (Fe, Co, and/or Ni) alumina templates in a
microwave plasma, nickel-based layers on glass substrates em-
ploying CVD, coating a glass surface with a nickel using a
plasma-enhanced hot-filament CVD, etc. Arrays of vertically
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aligned CNTs have been grown in flames employing a substrate
composed of a high number of pore arrays in an anodized alumi-
num oxide film wherein cobalt catalytic particle are chemical in-
serted in the pores. This technique yield CNTs in the array with an
average outer diameter of 35 nm and nanotube lengths of a few
microns. Unfortunately, the small flame volume in coflow flames
plus strong flame-substrate interactions make the controlling pa-
rameters difficult to delineate. Also, these processes are usually
complex and composed of time intensive multistep processes.
Saito et al. [22] have recently exploited the opposed flow diffusion
flame to provide a larger flame volume, more controlled condi-
tions, and improve sampling to enhance the generation of CNT
arrays. Conversely, the formation of CNT arrays using an opposed
flow diffusion flame together with electric field control techniques
does not require preformed substrates. Therefore, it is a one step
process resulting in a simple and inexpensive method for the
growth of CNT arrays.

This paper will provide a review of combustion synthesis of
CNTs employing opposed flow flames and the control of their
growth rates and morphology through the use of electric fields.
This paper will also discuss future areas of fruitful research in-
cluding functionalizing CNTs through coating with polymers and
the synthesis of nanostructures of noncarbon materials. Most of
this discussion will center on work from our laboratory

Experimental Apparatus

Most early work in the combustion synthesis of CNTs utilized
coflowing diffusion flames as noted in the Introduction. One ma-
jor difficulty with such coflowing approaches is the existence of
strong gradients of temperature, species, and velocity in both the
radial and axial directions. An alternative configuration is the
counterflow diffusion burner, which eliminates the radial gradients
resulting in a quasiuniform, one-dimensional flame that funda-
mentally reduces the spatial complexity associated with sampling.
Further, such a configuration is much more susceptible to model-
ing using such standard codes as “OPPDIFF.” [23]

A schematic of such a counterflow burner and associated ex-
perimental setup is shown in Fig. 1. The counterflow diffusion
flame forms from two opposing streams of gases; the fuel is sup-
plied from the top nozzle, and the oxidizer (O,/N, mixture) is
introduced from the bottom nozzle and permits low strain rate
oxyfuel operation at atmospheric pressure. The fuel and oxidizer
nozzles have inside diameters of 52 mm. Coflowing nitrogen is
introduced through a cylindrical annular duct around the outer
edge of the oxidizer nozzle, extinguishing the flame near the outer
jacket and preventing dissipation into the environment. This cre-
ates a test volume separated from the surroundings with no solid
boundary. The nitrogen annular duct has inner and outer diameters
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of 60 mm and 108 mm, respectively. The fuel, oxidizer, and ni-
trogen flows are initially introduced into chambers in the respec-
tive top/bottom sections of the burner. Beds of 3 mm diameter
glass beads are used to distribute the flows uniformly across the
nozzles. Finally, sets of stainless steel screens are used to stabilize
fuel and oxidizer flows directly at the nozzle exits, while a hon-
eycomb plate is used to stabilize the nitrogen flow. The fuel and
oxidizer flows impinge against each other to form a stable stag-
nation plane, with a diffusion flame established from the oxidized
side. Technical purity methane (98%, AGA Gas) was used as a
fuel. Additional experiments were performed with the addition of
8 carbon percent of acetylene to the methane stream. Mixing
flows of oxygen with laboratory dry air controlled the oxygen
content in the oxidizer stream. The flows were metered with elec-
tronic mass flow controllers providing accuracy within 1.5%. For
a more comprehensive discussion of the experimental apparatus,
see Ref. [24].

Thermophoretic sampling was used to capture particulates from
the flame zone without the presence of a catalyst. The sampler is
mounted on a tilted platform, which minimizes flame exposure of
the grid and permitted the simultaneous sampling from the fuel to
oxidizer sides of the flame. The grid’s residence time inside the
flame was approximately 30 ms. The grids were copper grids with
a thin film of pure carbon deposited on one side. The thickness of
the grid was 30 nm with a diameter of approximately 3 mm. Ad-
ditionally, silicon oxide coated copper grids were utilized to con-
firm the presence of nanotubes on the carbon free coatings.

Synthesis of Nanostructures Without a Catalyst

Results were the first to demonstrate the formation of CNTs in
the absence of a catalysis. Initially a single CNT surrounded by
soot aggregate particles was captured in the flame (Fig. 2); its
diameter and length are, respectively, approximately 20 and
320 nm. Figure 3 presents a transmission electron microscopy
(TEM) image of captured nanoparticles and nanotubes. Here the
tubes have diameters and lengths of approximately 20 and
120 nm, respectively, and the captured nanoparticles have an ap-
proximate average diameter of 30 nm. Also, it should be noted
that evaluation of the nanotubes and nanopartcles from a large
number of TEM images showed that the distribution of the species
in these samples is essentially bimodal, e.g., numerous small
nanoparticles and lengthy nanotubes but very few intermediate
lengths. This bimodal distribution implies that nanoparticles and
nanotubes probably are derived from the same seeds. If this is
true, then once the nanotube reaches a critical length (several
diameters of the nanoparticles), it does not close very easily until
there is a large fluctuation in the flame. If the tubes are derived
from the same seed as the nanoparticles, it may be able to control
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Fig. 2 TEM of single CNT

their production. A phenomenological explanation can be made
for the mechanism of CNT formation. Since the CNTs were only
observed for oxygen enrichment of greater than 50% and from a
region slightly on the fuel rich side of the narrow diffusion flame,
the nanotubes may be synthesized through a pyrolysis of the hy-
drocarbons resulting from an increase of radicals due to oxygen
enrichment. Temperature also plays a significant role although de-
lineating its influence in the narrow thickness of the reaction zone
will be a challenge. These experiments demonstrated for the first
time that CNTs could be formed in counterflow diffusion flames at
atmospheric pressure without the introduction of a catalyst. How-
ever, a threshold oxygen concentration of approximately 52% ap-
pears to be required to synthesize CNTs through the pyrolysis of
hydrocarbons resulting from the increase of radicals in oxygen
enriched flames and opens the possibility that CNTs can be grown

Fig. 3 TEM of captured nanotubes and nanopartcles
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Fig. 4 Schematic of the experimental setup

in simple oxyfuel flames without a catalyst. These flames also
exhibit an unusually large concentrations of fullerene [25].
Samples of condensable material from opposed flow diffusion
flames and oxygen enriched air at atmospheric pressure were col-
lected and analyzed by high-pressure liquid chromatography
(HPLC) to determine the fullerene yield. High-resolution TEM
studies revealed the strong presence of fullerenes. The molar ratio
of Cgy and Cy is nearly constant along the flame axis and close to
3. The existence of fullerenes may provide the needed nucleation
sites for CNT formation.

Synthesis of Nanostructures Using Catalysts

To explore the influence of a catalyst on the generation of car-
bon nanostructures, the counterflow burner was modified to per-
mit a 40 mm long catalytic probe to be introduced radially
through the flame-protecting nitrogen gas shield to the yellow
soot-containing region of the flame Fig 4. The central part of the
probe (~25 mm) was used to study the structure of deposited
materials. The 0.64 mm diameter probe was fabricated from Ni-
based alloy with a composition 73%Ni+17% Cu+10%Fe. The
axial position of the probe was controlled by a micron accurate
positioning system.

The initial optical surface scans of the catalyst probe were per-
formed by a scanning electron microscopy (SEM) with a cold
field emission source. The SEM images collected from the loca-
tion ~8.5 mm from the fuel nozzle show abundance of tubular
nanostructures grown on the catalytic substrate (Fig. 5). Most of
the formed nanofibers have inhomogeneous shapes containing fre-
quent bends, kinks, and curved segments. The observed diameters
vary from 20 nm to 100 nm. Some of the filaments are straight
and uniform indicating the presence of regular internal graphitic
structure. High densities of formed nanofibers and CNTs com-
pletely cover the catalyst surface.

The TEM images of characteristic nanostructures are shown in
Figs. 6 and 7. Figure 6 shows carbon nanofibers of tubular struc-
ture with varying diameter and wall thickness. Straight sections of
uniform diameter are clearly observed. Detailed TEM studies of
the multiple tubular fibers reveal the presence of catalytic pearlike
particles on the tip of the growing nanofibers, clearly indicating
their catalyst-aided mechanism of formation. High-resolution
TEM studies show the occurrence of nested carbon layers. Bundle
of CNTs (Fig. 7) is another typical configuration observed. The
CNTs and nanofibers with diameters from 10 nm to 70 nm form a
well-oriented structure with dense tubular packing. Relative sta-
bility of the structure allows us to suggest that it forms by simul-
taneous parallel growth of tightly packed nanotubes. Formation of
well-aligned structures of CNTs were reported by Yuan et al. [6]
in coflow flames. However, significant separation of the tubes was
observed in Yuan’s experiments.
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Fig.5 SEM image showing the catalyst substrate covered with
high-density layer of carbon nanofibers and CNTs

It is generally accepted [26] that the growth of carbon tubules
and nanofibers occurs by the extrusion of carbon dissolved in a
metallic catalyst particle and/or an active catalytic site on the
metal surface. The carbon constantly precipitates on one side of
the particle resulting in a carbon over saturation and diffusion
through the particle. As a result, graphene sheets are deposited on
the other side of the particle forming a tubule with a diameter
close to the particle size. The distinction between “tip growth” and
“base growth” mechanisms does not appear to be essential; the
dominant mechanism is often defined by the transport of the car-
bon to the active catalytic site. Puri [27] has developed a model to
estimate the precipitation rates of carbon in the growth of CNTs.

The particle geometry and precipitation rate of the carbon on its
surface are the main factors controlling the shape and growth rate
of produced nanomaterials. In fact, a number of experiments have
demonstrated that active particles can be produced by initial dis-
solving of the carbon in the surface layer of the metal catalyst and

Fig. 6 TEM image of CNTs transferred to the microscope grid
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Fig. 7 TEM micrograph of well-aligned MWNT

subsequent extraction of the particle with predetermined size and
geometry. Similarly, particles often change size and geometry dur-
ing the growth adjusting to the process parameters.

Samples collected closer to the flame front depict structural
changes of the formed nanotubular material. SEM images illus-
trate that spiral coil morphology in this region of the flame. Here
the temperature is approximately 950°C. The high concentration
of helically coiled carbon nanofibers in carbon lattice is hindered
by the essentially three-dimensional form of the studied object
(Fig. 8).

Carbon microcoils have also been observed and obtained in
CVD experiments. These CVD process studied catalyzed pyroly-
sis of acetylene as reported by several researches [28,29]. These
unique morphology structures are expected to have numerous ap-
plications including microsensors, nanomechanical devices, and
advanced composite materials. The regularly shaped nanotubular
coils are expected to provide excellent properties, combining
those of CNTs and solid carbon coils [30,31]. The mechanism of
nanotubular coil formation, proposed by the authors, is based on

Fig. 8 SEM image of regularly coiled spiral carbon nanofiber
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Fig. 9 TEM image of coiled carbon nanofiber. The nanofiber
has rectangular cross section with height of 300 nm and thick-
ness of 100 nm.

the variation of carbon deposition rates from adjacent planes of
catalytic nanocrystal particles. More general consideration quali-
tatively describes formation of spiral and helical nanotubes by
variation of deposition rates and hence, extrusion velocities along
the contact curve between the active catalytic particle and the
already formed tube. Detailed consideration shows that this can
produce a spiral-shaped tube in the case of a circular contact area
and a helix-shaped tube in the case of an elliptical contact area. It
is possible to suggest that sharp gradients of temperature and
chemical species in the vicinity of the flame zone induce sensible
variations of carbon deposition rates providing the condition for
the growth of helical structures.

Another distinctive coiled carbon structure revealed by TEM
analysis is shown in Fig. 9. These structures are found to be
present closer to the fuel nozzle (~8 mm from the fuel nozzle at
~550°C). The nanofiber has a distinctive ribbonlike appearance.
The rectangular cross section, measured from TEM images, nor-
mally exhibit a height of 300 nm and a thickness of 100 nm.
Infrequently, an aspect ratio of 5:1 was also observed. Large car-
bon deposits can be observed in the background. This image also
depicts several similar structures appearing like unwound ribbon
rolls, suggesting that formation of these structures occurs by cir-
cular growth of the carbon fiber. It was reported previously [32]
that growth of this rarely observed ribbonlike filaments could be
catalyzed by small iron-containing particles in an atmosphere con-
taining CO at 650—700°C. The numerical simulations performed
with the model developed by Beltrame et al. [33] shows that the
given flame location are indeed characterized by temperature
close to 700°C and the presence of carbon monoxide. Previous
studies revealed that stacking of carbon layers in similar objects is
not only very ordered but also aligned perpendicular to the ribbon
surface providing numerous edges of graphite layers useful for
development of catalysts and adsorbents.

In another low temperature region of the flame, long
(~0.2 mm) regular carbon nanofibers with diameters from
50 nm to 200 nm were observed (Fig. 10). Relatively low concen-
tration of other carbon deposits can be seen in the background.
Higher magnification reveals smooth uniform fiber surface with
practically constant diameter. The characteristic length of the fiber
suggests relatively high growth rates. High-resolution TEM im-
ages of these objects (Fig. 11) depict a texture of well-oriented
concentric graphitic cylinders with average interplanar spacing
close to 0.34 nm. The small hollow core inside the fiber is sur-
rounded by large numbers (~100) of axiparallel layers. The
somewhat similar structured carbon nanofibers, recently reported
by Endo et al. [34] were obtained by the pyrolysis of benzene/
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Fig. 10 SEM image of long (~0.2 mm) uniform diameter tubu-
lar carbon nanofiber

ferrocene feedstock in CVD experiments. Albeit the characteristic
diameters of the obtained nanofibers are relatively large, their in-
ternal structure is very similar to the structure of CNTs.

Even though all current experiments were conducted with fixed
flame parameters and by applying only a single catalyst material,
the synthesized forms of carbon nanomaterials change dramati-
cally. A change in flame position induces significant variations in
macromorphology and in the microstructure of the carbon nano-
materials formed. The modification of growth conditions is di-
rectly related to the variation of the flame environment pertinent
to the specific flame location and temperature. Temperature, radi-
cal, and hydrocarbon concentrations are strong functions of axial
position in the flame. The presence of specific hydrocarbons and

Fig. 11
form diameter tubular carbon nanofiber uniform-diameter car-
bon nanofiber shown in Fig. 10. Regular structure and orienta-
tion of the carbon layers parallel to the fiber axis is observed.

High-resolution TEM image of the wall of the long uni-
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radical species at a given local temperature condition alters the
growth mechanism leading to the selective production of various
forms of nanostructures.

The variety of the observed nanoforms leads to the conclusion
that flames are a very powerful and highly selective tool for gen-
eration of carbon structures with varying morphology and struc-
ture. The optimal conditions for production of distinctive nanoma-
terials of interest include optimization of both catalyst and flame
parameters. However, the obtained results suggest that even for a
given catalytic substrate, a specific nanomorphology can be effec-
tively grown by tailoring the flame environment and/or selective
sampling in specific regions of the flame.

Electric Field Control of Nanostructure Growth
and Alignment

If compared with CVD and plasma methods, a typical flame is
a reacting medium characterized by strong thermal and chemical
nonuniformities. It is not surprising that a number of flame studies
show a high morphological and growth rate sensitivity of formed
carbon nanomaterials to the flame location. For this reason, the
opposed flow diffusion flame is superior to the coflow flame since
the former is essentially a 1D process. Regardless an efficient
control method is required to improve uniformity and productivity
of flame based synthesis, utilization of electromagnetic fields as a
method of control is one of the promising approaches. The electric
field control was successfully tested in CVD and plasma synthesis
studies. The first use of electric fields applied to control the
growth of CNTs in flames was reported in Ref. [11] wherein the
carbon nanostructures formed on a catalytic probe were compara-
tively analyzed for various probe potentials.

The counterflow burner and 40 mm long catalytic probe in Fig.
4 was modified to establish a radial electric field. To generate
radial electric fields on the probe surface, the probe was supported
on Teflon® isolators while the burner nozzles were kept at ground
potential thus generating a floating potential. In general, this con-
figuration allows the generation of a variety of electric fields to
control the probe potential with the external electric source. Due
to the small size of the probe relative to size of the burner nozzles,
the electric field around the probe can be well approximated as
radial. Experiments were conducted with a residence time of
10 min with the probe grounded or at various potentials With a
grounded catalytic probe, carbon nanostructures similar to those
discussed in the previous section were found. With various float-
ing potentials applied, a significant change occurred. Instead of
multiple morphologies, only aligned multiwall CNTs were
formed.

Variation of structure and morphology of formed carbon nano-
materials is directly attributed to the strong variation of tempera-
ture and chemical composition in the studied flame region. The
distributions of several major hydrocarbons (CH,4, C,H,, CO, and
CeHg) that can contribute to the growth of carbon deposits are
shown in Fig. 12 along with the temperature profile [33]. All
components vary significantly in the flame region of interest.

Thus, concentration of CH,; and C,H, diminishes below
100 ppm for Z>10.5 mm; the concentration of CO grows with Z
reaching its maximum at this point; C4Hg is present in essential
quantities only from 8 nm to 10 mm, maximizing at 9.5 mm (T
~890°C). The catalytic probe was inserted at the axial flame
position of Z=8.5 mm (7=740°C) with a probe potential
—300 mV. The produced carbon deposits were analyzed with
SEM (Figs. 13 and 14). Figure 13 shows that controlled electric
field growth generates a coat of vertically aligned CNTs
(VACNTS).

Low magnification image shows that a layer of VACNT, uni-
formly coat the catalytic substrate. The generated nanotubes are
characterized by high purity and alignment, as shown in Fig. 14.
The absence of alternative nanomorphology observed without the
E field should be noted as well as the absence of soot. For this
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Fig. 12 Temperature and major chemical species in opposed
flow oxy-flame as a function of the distance from the fuel
nozzle (2), data of numerical model [24]

axial position, hundreds of nanotube diameters were measured.
The results for these multiwalled nanotubes show a very narrow
diameter distribution with a mean diameter close to 38 nm. Analy-
sis of SEM images on the synthesized carbon materials on
grounded and applied E field catalytic substrates suggests that
nanotube growth is greatly enhanced when the electric field is
present compared with the case when the probe is grounded and
produces only VACNTs. Other interesting aspects, displayed in
Figs. 13 and 14, include not only the presence of VACNTSs but
also the absence of contaminants such as soot or other nontubular
carbon structures that are often present in the flame synthesis of
CNTS. It should be noted that the samples analyzed in this study
were never purified by any kind of chemical and/or physical treat-
ment. With electric field stabilization, position in the flame re-
mains the important factor in controlling the thickness of the coat
layer of multiwalled nanotubes formed under a floating point po-
tential.

Fig. 13 SEM image of orderly VACNT layer covering the probe
surface; floating potential mode, Z=8.5 mm, T~740C. The layer
is partially removed revealing the bare catalytic surface.
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Fig. 14 High-resolution SEM of the wall edge of the layer
shown in Fig. 4 displays nanotube purity and alignment

Figures 15 and 16 show the variation of nanotube formation
along the burner axis. Figure 15 is a low resolution SEM image of
the catalytic substrate inserted in the floating potential mode
(FPM) at the axial distance of Z=9.5 mm (7=890°C). The well
defined layer formed here shows highly ordered CNT arrays, simi-
lar to those found in the previous position. The application of
high-resolution imaging in Fig. 15 reveals a highly dense bundle
of nanotubes attached to the tips of the undisturbed nanotube
layer, as shown in Fig. 16. High-resolution imaging and an energy
dispersive x-ray (EDX) elemental spectrum analysis shows that
these nanotube bundles are free of contaminants as well. It is
evident by comparing micrographs obtained at the axial position
of Z=8.5 mm to those obtained at Z=9.5 mm that the thickness of
the coating layer decreased when the substrate is inserted further
down from the edge of the fuel nozzle. Several SEM images were

Fig. 15 Low resolution SEM image shows the catalyst sub-
strate coated with a layer of carbon nanotubes (FPM) Z
=9.5 mm.

Journal of Heat Transfer

Fig. 16 Higher resolution SEM of a micro area in Fig. 6. The
CNT bundle mechanically removed from catalytic surface is re-
attached to the top of the originally uniform VACNT layer.

examined from various locations on the probe surface; an average
layer thickness of 9 um was measured for this flame location.
Another interesting aspect of these nanotube layers is the strong
van der Waals body attraction force existing between the tubes in
the self-formed macrobundles [25]. This aspect is unique since it
greatly simplifies their harvesting, e.g., micron size arrays of
VACNTs can be easily removed.

Figure 17 represents SEM images of arrays of orderly and high
purity nanotubes scanned at top, center, and bottom of the probe
surface, respectively. For all probe locations considered for micro-
scopic analysis, arrays of nanotubes covered the probe with ori-
entation perpendicular to the probe surface. By inspection of Fig.
18, it is evident that most of the formed material remains attached
to the surface. Higher resolution SEM on the walls of this material
showed that the bulk material is composed of arrays of nanotubes.
The separated material always tends to remains packed like

Fig. 17 Low- and high-resolution (inserts) SEM images of
scanned probe surface coating layer, showing uniformity of
VACNT
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Fig. 18 Coating of the flame generated CNT: (a) not treated CNTs; (b) CNT coated with polystyrene-fluid bubbles in inner
channels; (c) polystyrene coating

bundles of hay and always maintains its original length. In the
upper right corner of Fig. 17(b), a bundle of highly dense nano-
tubes is observed. This bundle has a cylindrical shape and a length
of approximately 40 um, which coincide with the length of nano-
tubes in the attached VACNT layer. The material remains packed
due to the strong van der Waals forces that exist between the tubes
in the bundles. The same sample probe was then rotated 180 deg
for further SEM scanning and again, layers of nanotubes were
present covering the catalytic substrate surface.

From a number of micrographs, the average diameter of the
cylindrical multishells was measured, a monodisperse diameter
distribution averaging 38 nm was obtained. The application of
high-resolution TEM imaging on these CNTs reveals a texture of
well-aligned and highly graphitized concentric graphitic cylinders.
The average interplanar distance of the concentric cylindrical
graphene sheets was measured to be 0.34 nm. The layer planes
appear to be perfectly parallel to the central tube axis.

The experimental results show the strong influence of the elec-
tric field on alignment, size distribution, internal structure, and
growth rate of carbon nanotubes. The mechanism of alignment is
widely discussed in the literature [35]. As an example, employing
a plasma discharge, Merkulov et al. [36] successfully demon-
strated that the direction of the electric field lines determines the
orientation of the carbon nanotubes and nanofibers; electric field
alignment of single-walled nanotubes was considered by Zhang et
al. [37].

Overall, the electric fields near the tips of growing nanotubes
can be extremely high. Even applied potentials as small as few
tens of millivolts can develop an electric field exceeding
1000 V/cm at the characteristic nanotube diameter. The experi-
mentally measured field enhancement factors are reaching 800 for
multiwalled nanotubes [37] and 3000 for single-walled nanotubes
[38]. The enhancement of the electric field at the tip of closed
conducting nanotube was calculated by Maiti et al. [39]; the re-
sulting force estimated from the axial stress is in good agreement
with Taylor’s solution for long rods in an E field.

The important aspect of the aligned growth is that the constant
orientation of catalytic particles at the tips of the growing nano-
tubes is preserved by the electric field. The nonsymmetric cata-
lytic particle is polarized in the electric field, and the induced
dipole moment tends to be aligned along the electric field lines.
The formation of helical and spiral nanotubes requires variation of
the particle orientation. As a result, the constant orientation of the
catalytic particle stabilizes the linear CNT structures. Finally, the
electric field can influence the transport of charged particles in
flames that include ions and charged soot particles. In this way,
soot entrapment in the growing layer can be controlled by the
electric field.
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As an alternate approach, Saito et al. [22] recently employed
the opposed flow flame configuration together with anodized alu-
minum oxide (AAO) templates to generate aligned CNTs. The
CNT diameters generated were the same as the pores and the
CNTs’ growth stopped at the AAO surface, which would yield the
same lengths for all the CNTs. These CNTs were extracted from
the template with a sonication treatment. They also varied the
strain rate and their results suggest that its effect was through the
carbon source available to diffuse across the stagnation surface
rather than the residence time. They also showed that there is a
common temperature region (1023-1073 K) for both CVD and
their process for synthesizing CNTs. This was the temperature
region that also existed in the MWNT synthesis employing elec-
tric field control.

Future Areas of Research

Functionalization of Carbon Nanotubes. Once CNTs’
growth, orientation, and properties can be controlled, the focus of
research efforts is shifted from synthesis to the processing of
CNTs for functionalization. This often involves coating and/or
filling of the CNTs. While the coating of the outer surface of
CNTs can be performed in aqueous and other organic solvents, the
inner surface modifications and deposit are challenging. Reported
CNT coating methods include coating of single- and multiwalled
nanotubes with SiO,, polymers, proteins, metals, and metal oxides
[40-43]. The development of polymer coating of carbon nano-
tubes is very desirable due to their potential application in com-
posites and electronic devices. A variety of methods are developed
for production of CNT composites in epoxy and SiO, matrices
[44,45]. One promising approach employs the use of supercritical
fluids. Various polymers can be dissolved in supercritical CO,. If
the supercritical CO, medium contains CNTs, a change in tem-
perature or pressure can result in specific polymers precipitating
out of the supercritical state and onto the surface of the CNT.
Early experiments coated individual MWNTSs using this process.
Preliminary results showed the following.

Different synthesis methods employed for preparation of pris-
tine CNTs had important influences on the coating quality. The
flame synthesized nanotubes had bamboo shapes and closed tips.
Due to the low reaction temperature of 40°C, it is difficult to
expect the penetration of supercritical CO, and monomer mix-
tures through the CNT walls. Indeed, inside nanotube cavities
were found to be free of any material. However, as shown in Fig.
18, very good and uniform coating was achieved. The thickness of
the coating was approximately 11 nm. After encapsulation and
single coating of the CNT, they were further processed to obtain a
second polymer coating. A grid with the previously polystryrene
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Fig. 19 Double coating of CNT

coated and encapsulated nanotubes was placed in solution of acry-
lonitrile and BPO and a second coating layer was achieved (Fig.
19). The polyacrylonitrile layer was uniform and had a thickness
of 5 nm, which was attributed to the different solubilities of sty-
rene and acrylonitrile in CO,. In order to ensure a solution, the

Fig. 20 Representative SEM images collected on the surface
of a Mo probe inserted at the flame height of 12 mm for 2 min:
(a) A low resolution SEM image collected on the Mo surface, (b)
Higher-resolution imaging analysis shows the presence of rect-
angular (1), square (2), and circular fiberlike structures (3,4) (¢)
Some tips of the circular and rectangular structures are open
showing the inner hollow cavities.

difference of the solubility parameters of two substances should
approach zero. The solubility parameter of CO, at 223 K is 8.9
compared to the solubility parameters of acrylonitrile and styrene
at 298 K of 10.5 and 9.3, respecively. This means that styrene is
much more soluble in CO, compared to acrylonitrile. This is ex-
pected to be a fruitful area of future study.

Other Nanomaterials. Flames have been also successfully em-
ployed for growth of a variety of other nanomaterials such as
carbides and oxides of various metals [46,47]. In recent years,
much effort has been devoted to the study of molybdenum oxides
and related materials. It has been shown that molybdenum oxides
possess unique catalytic and electronic properties and have poten-
tial applications in chemical synthesis, petroleum refining, record-
ing media, and sensors [48-51].

Figure 20 represents SEM images collected at different resolu-
tions on the surface of a 1 mm diameter molybdenum probe ex-
posed to the flame at a height of Z=12.0 mm (wire temperature
~1200°C) for a period of 2 min [52]. At this particular flame
position, the whiskers of rectangular and square cross section are
observed along with the circular ones (Fig. 20). The tips of rect-
angular structures exhibit small depressions of regular shape sug-
gesting their crystalline structure. The tips of the circular whiskers
have a dome-capped shape suggesting the presence of liquid mat-
ter during the synthesis (Fig. 20(b)). In several areas, SEM analy-
sis also revealed that some rectangular and circular whiskers have
open tips (Fig. 20(c)) exhibiting their hollow structure. Character-
istic sizes of rectangular and circular objects were determined
from several SEM images. The rectangular structures have side
dimensions ranging from 0.5 um to 4 wm. The circular structures
appear to be much smaller; their diameters are less than 1 um
with the average diameter close to 0.33 um. Some of the circular
whiskers have characteristic nanoscale dimensions. The domi-
nance of circular geometry at submicron and nanoscale range
could be related to the small relative surface area and, hence,
reduced surface energy. The tip structure also supports the vapor-
liquid-solid growth mechanism. Under the influence of the surface
tension, a liquid droplet formed on the tip of the growing whisker
acquires a semispherical shape that influences the formation of
cylindrical whisker body.

The repositioning of the 1 mm probe to the flame height of Z
=11.0 mm (wire temperature ~1150°C) led to the essential varia-
tion of the synthesized material structures. As in the previous case,
the probe was exposed to the flame for a period of 2 min. Per-
formed SEM analysis revealed that the surface of the probe is
covered with densely packed micron-size structures that have

Fig. 21
2 min: (a) SEM image shows the presence of channellike structures with rectangular and square morphologies, the structures
appear to be completely hollow, and their corners are well defined, with lengths slightly longer at one of the corners, as shown
by arrows; (b) High-resolution TEM image exhibiting the lattice structure on the edge of the channel with measured lattice
distance of 0.36 nm corresponding to 0_111p plane of a monoclinic MoO,; (c¢) EDX of elemental spectrum acquired using SEM.
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Representative SEM images collected on a Mo probe inserted at the flame height of 11.0 mm for sampling time of
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shape of hollow rectangular channels (Fig. 21(a)). It is observed
that the slender, prismatic, four face structures are completely hol-
low, and the inside cavities are very large and devoid of other
materials. The unique morphology with large cavities, nanosized
walls, sharp edges, and high specific surface gives the structure a
significant importance, for example, in medical applications. The
large cavities can also be useful for a variety of applications in-
cluding storage of liquids or nanoparticles, material reinforce-
ments, or as a significant component in the fabrication of micro-
electromechamical system (MEMS) devices, etc.

Summary

This review examined combustion synthesis processes useful
for the generation of carbon nanostructures. Results obtained us-
ing of coflow diffusion flames are summarized. The inherent ad-
vantages of alternately employing an opposed flow diffusion
flame, which includes their one dimensionality and greater flame
volume, are discussed. Employing oxygen enriched air in such
opposed flow flames, it was found that for the first time that car-
bon nanotubes and carbon nanoparticles could be synthesized
without the use of a catalyst when the oxygen enhancement ex-
ceeded 52%. When a catalyst was employed, multiple nanostruc-
tures (tubes, spirals, ribbons, fibers) were generated in different
temperature regions of this flame process. It suggests that a single
such flame could be exploited to yield different carbon nanomor-
phologies by simply harvesting from different regions of this op-
posed flow diffusion flame.

The application of E fields on the opposed flow diffusion flame
lead to a preferred single morphology, CNTs allowing control of
their orientation and growth rates. Such E-field application also
lead to the generation of vertically aligned arrays of CNTs in a
simple direct manner without the need for templates. A discussion
of the used of AAO templates in these types of flames is also
presented together suggestion for areas of future work.
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Latent Heat Fluxes Through Soft
Materials With Microtruss
Architectures

Microscale truss architectures provide high mechanical strength, light weight, and open
porosity in polymer sheets. Liquid evaporation and transport of the resulting vapor
through truss voids cool nearby surfaces. Thus, microtruss materials can simultaneously
prevent mechanical and thermal damage. Assessment of promise requires quantitative
understanding of vapor transport through microtruss pores for realistic heat loads and
latent heat carriers. Pore size may complicate exegesis owing to vapor rarefaction or
surface interactions. This paper quantifies the nonboiling evaporative cooling of a flat
surface by water vapor transport through two different hydrophobic polymer membranes,
112-119 pum (or 113—123 um) thick, with microtruss-like architectures, i.e., straight-
through pores of average diameter of 1.0—1.4 um (or 12.6—14.2 um) and average over-
all porosity of 7.6% (or 9.9%). The surface, heated at 1350 =20 W,/m? to mimic human
thermal load in a desert (daytime solar plus metabolic), was the bottom of a 3.1 cm
inside diameter, 24.9 cm® cylindrical aluminum chamber capped by the membrane.
Steady-state rates of water vapor transport through the membrane pores to ambient were
measured by continuously weighing the evaporation chamber. The water vapor concen-
tration at the membrane exit was maintained near zero by a cross flow of dry nitrogen
(velocity=2.8 m/s). Each truss material enabled 13—14°C evaporative cooling of the
surface, roughly 40% of the maximum evaporative cooling attainable, i.e., with an un-
capped chamber. Intrinsic pore diffusion coefficients for dilute water vapor
(<10.4 mole %) in air (P total ~112,000 Pa) were deduced from the measured vapor
fluxes by mathematically disaggregating the substantial mass transfer resistances of the
boundary layers (~50%) and correcting for radial variations in upstream water vapor
concentration. The diffusion coefficients for the 1.0-1.4 um pores (Knudsen number
~0.1) agree with literature for the water vapor-air mutual diffusion coefficient to within
+£20%, but for the nominally 12.6—14.2 um pores (Kn ~0.01), the diffusion coefficient
values were smaller, possibly because considerable pore area resides in noncircular, i.e.,
narrow, wedge-shaped cross sections that impede diffusion owing to enhanced rarefac-
tion. The present data, parameters, and mathematical models support the design and
analysis of microtruss materials for thermal or simultaneous thermal-and-mechanical
protection of microelectromechanical systems, nanoscale components, humans, and other
macrosystems. [DOI: 10.1115/1.2818760]

Keywords: microtruss, architecture, latent, heat transfer, mass transfer, pore, diffusion,
MEMS, nanotechnology, membrane, polymers, soft materials, evaporation, nonboiling,
evaporative cooling, phase change, surface, interface, thermal management, systems
integration

Introduction

Microtrusses, also known as microframes [1], are polymeric
sheetlike structures whose ordered networks of micro- to nanos-
cale rods, struts, cells, and channels mimic the high strength-to-
weight ratio of macroscale trusses used in the construction of
bridges, towers, and buildings. Microtrusses provide light weight,
high porosity, and extraordinary absorption of mechanical energy
without rupture in a single material [2]. Moreover, microtrusses
can manipulate heat transmission by modifying the transport of
latent heat-carrying vapors. Thus, microtruss architectures have
the potential to simultaneously protect humans and inanimate ob-
jects from mechanical and thermal damage. Assessment of viabil-
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ity requires that vapor transport within truss pores and the result-
ing latent heat transmission be quantified for practical thermal
loads and latent heat carriers, and be compared with thermal con-
duction across the truss. There is also a need to determine if
smaller pore widths affect vapor transport owing to vapor rarefac-
tion or surface interactions [3-5].

Mass transfer through porous structures has been studied ow-
ing, inter alia, to diverse practical applications [6], e.g., catalytic
reaction engineering [7], textile comfort [8], fluid permeation of
concrete [9], sintered metals and packed beds [10], and separation
processes, such as desalination [11] and gas purification [12-14].
Selected examples include measurements of rates of water evapo-
ration into air-filled pores of glass fiber and Teflon™ membranes
separating saline and fresh water [11] and studies of drying and
cooling with cotton [15]. Johnson et al. [16] studied the potential
of polypropylene membranes with 30—100 nm pores to act as
multifunctional protective barriers, i.e., to filter bacteria from wa-
ter and then cool indoor air by evaporating the resulting decon-
taminated liquid. Gibson et al. [17] studied transport in porous
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Table 1
in measurements of latent heat transmission

Operating parameters and structural properties of the various barrier materials used

Av. pore Av.  Av. Av. Mole %
Porosity ~ diameter Thickness T T, p>  H,0 vapor Am/ At
Overlay (%) (pm) (pm) K (K (kg/md) (%) (kg/s)
Nucrel®, Sample A 7.6+25 1.0+02 112+3 3027 316.1 0.059 8.531 5.07E-07
Nucrel®, Sample B 7.5+33 14+02 119x4 3019 3150 0.056 8.049 5.98E-07
Hytrel®, Sample A 112+3.1 142+1.6 113=3 302.1 3133 0.052 7.363 5.97E-07
Hytrel®, Sample B 8.6=27 12615 123+3 3058 3147 0.055 7.907 4.62E-07
Nonporous latex 0 N/A 141+3 3168 3344 0.127 19.292 0
No Membrane 100 N/A N/A N/A N/A NA N/A (1.26 £ 0.08)E-06

membranes fabricated from electrospun nylon 6,6 nanofibers to
integrate hazardous substance protection with improved human
thermal comfort by evaporation of sweat.

Complications may arise if length scales in a porous medium,
e.g., pore width, are comparable to or less than the mean free path,
de Broglie wavelength, etc. [18]. Physical transport of molecules
may be impacted by fluid rarefaction [3,5,19,20], surface curva-
ture [4,21], wetting [4], fluctuations in species concentration at
interfaces [22], or surface topography, as seen in superheat re-
quirements for boiling [23,24]. Such effects must be understood
because they can give rise to heat and mass transfer behaviors
dramatically different from those of macrosystems [18,25]. For
example, unprecedented increases in flux densities of liquids and
gases through channels with nanoscale widths have been mea-
sured [26,27]. The ability to sculpt and image highly reproducible
micron and nanometer scale geometric features in hard and soft
materials opens new opportunities for experiments to study effects
of tiny length scales on heat and mass transfer in well-defined
micro- and nanomedia. Progress in the theoretical understanding
of heat transfer [18] and mass transfer [7,18,25,28] in condensed
phase and micro-nanoscale flow systems over the last two decades
facilitates interpretation of the resulting observations.

The above and other prior studies are valuable contributions but
do not duplicate the present study of nonboiling latent heat trans-
mission through soft materials with well-defined microtruss archi-
tectures. In particular, this paper quantifies water vapor transport
rates through the pores of two different hydrophobic polymeric
membranes with microtruss features and the resulting evaporative
cooling of a nearby flat surface, heated at a flux density represen-
tative of the metabolic plus daytime desert solar load on a human.
Heat balances close to within *£12% and thermal conduction
across each microtruss were measured. To facilitate engineering
design, an intrinsic (apparatus-independent) coefficient for pore
diffusion of latent heat carrier was deduced for each microtruss
simulant.

Characterization of Microtruss Simulants and Other
Barrier Materials

Zero-porosity latex was the negative control barrier material.
Lacking actual microtrusses [29] of sufficient facial area, we stud-
ied two microtruss stand-ins prepared by the DuPont Company
using DuPont proprietary technology: 112-119 um (or
113-123 um) thick Nucrel® (or Hytrel®) hydrophobic mem-
branes with straight-through pores of equivalent average diameter
of 1.0-1.4 um (or 12.6—14.2 um) and average overall porosity
of 7.6% (or 9.9%). Nucrel® is a random copolymer of ethylene
and methacrylic acid (12 wt %). Hytrel® is a random polyether-
ester copolymer formed by the condensation of terephthalic acid,
tetramethylene glycol, and polytetramethylene glycol. Pore diam-
eters and total porosity (Table 1) were determined by image analy-
sis using an open source software (IMAGEJ from NIH) of 400-500
scanning electron micrographs (SEMs) (Fig. 1). Each microtruss
was cleaned before every imaging (or evaporation) run by flush-
ing each face for 30 s with clean, dry nitrogen gas. Each specimen

042403-2 / Vol. 130, APRIL 2008

was divided into a grid of ~500 equally spaced nodes. The
squares thus defined were systematically examined by tracking
left to right and then right to left along adjoining rows. By exam-
ining different numbers of randomly selected images, it was
shown that 400 micrographs is at least four times the number
required to obtain repeatable, statistically significant values for
pore diameter and total porosity. The Nucrel™ microtruss pores
were approximately circular in cross section (Fig. 1), and we de-
fined the equivalent average pore diameter as the arithmetic mean
of the diameters measured for 288,450 pores in 455 micrographs.
For the a%preciably distorted, i.e., noncircular, cross section (Fig.
1) Hytrel™ pores, we defined an average equivalent diameter by
approximating the pore area as circular, i.e., d,=[4A/7]*>. The
area A was the arithmetic mean measured for 167,937 pores in
480 micrographs. As discussed below, more explicit accounting
for Hytrel™ pore shape may explain the intrinsic pore diffusion
coefficients deduced for this truss. SEM images of edges exposed
by microtoming (Fig. 1) show that the pores run “straight-
through” and normal to the truss faces.

Experimental Apparatus and Performance Validation

The apparatus (Fig. 2) measures rates and extents of surface
cooling by liquid evaporation through porous coverings under
conditions that are practically relevant. The experiments are suf-
ficiently controlled to allow good closure of heat balances for
equipment this small (*+12%), deduction of quantitative data in-
cluding intrinsic pore diffusion coefficients, and differentiation of
heat transfer mechanisms, i.e., conduction and nonboiling evapo-
ration. The evaporation chamber was a 33.0 mm outside diameter
X33.0 mm deep aluminum cylinder with a 3 mm thick flat

Fig. 1
edges exposed by microtoming (bottom panels). Left hand side
panels: Nucrel®; right hand side panels: Hytrel®. Magnifica-
tions: top left panel, 4000X; top right panel, 500X.

SEMs of microtruss simulant surfaces (top panels) and
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Fig. 2 Schematic (not to scale) of apparatus for quantitative study of evaporative cooling of
surfaces by modulation of latent heat carrier flow using barrier materials with microtruss and
nanotruss architectures. Dotted BLs represent an average location because turbulence agi-

tates the fluid boundaries.

bottom—the evaporation surface. The outside wall of the cylinder
was thermally insulated with a packing foam and a Styrofoam
collar. The chamber was continuously weighed using a Mettler-
Toledo 8001 series electronic balance (stated sensitivity of
+0.1 g). The temperatures of the evaporation surface (7) and the
entrance (upstream, T,) and exit (downstream, T3) faces of the
barrier material were each measured using Omega 5SC-TT-T-
40-36 T-type thermocouples (0.076 mm bead outside diameter)
connected to Omega HH2001LTC thermocouple readers. A con-
tinuous flow of dry nitrogen gas at 30°C temperature was directed
over the top of the apparatus (Fig. 2) from a tube at an average
exit velocity of 2.8=0.25 m/s (measured using a VWR Enviro-
Meter digital anemometer) to match the sweep gas rate of the
ASTM upright cup method for determining vapor transmission
rates through textiles [30]. The bottom face of the aluminum sur-
face was heated by direct contact with an 85.55 mm outside di-
ameter ProvoCraft® Candlsense™ electrical hot plate (stated
maximum heat flux density of 3600 W,/m?).

In a typical experiment, T, T,, and T3 (Fig. 2) and the weight
of liquid in the chamber were measured at approximately 2 min
intervals for a known input heat load. Thermocouple 7 was sol-
dered to the center of the inside bottom wall of the evaporation
chamber with generic rosin core (electrical) solder to provide
good thermal contact. The beads of thermocouples 7, and 75 were
attached to the upstream and downstream faces of the microtruss
with a high-thermal-conductivity epoxy cement, OmegaBond
101. Calibration experiments [31] showed that this method of
bonding a tiny metal thermocouple sensor to soft (polymeric) ma-
terials gives reliable steady-state temperature measurements. All
three thermocouples were approximately 14 mm from the cham-
ber inside wall. We performed four negative control runs by cap-
ping the chamber with a nonporous latex membrane, four positive
control runs (maximum water vapor transport rates) by leaving the
chamber uncapped, and two runs each with replicate samples of
the Nucrel® and Hytrel® microtruss.

Journal of Heat Transfer

Water vapor mass concentrations at the entrance and exit faces
of the barriers were calculated from corresponding truss surface
temperatures using the ideal gas law, the literature data on the
saturation pressure of steam [32], and the assumption of 100%
relative humidity (RH) and 0% absolute humidity (AH), respec-
tively at the upstream and downstream faces of the barrier. The
RH of the sweep gas at the nozzle exit measured with a Kestrel
4000 portable data-logging weather station (stated accuracy
+3.0% RH with a specified range of 5.0-95.0% RH) was 1.4—
4.6%, which justifies the assumption of 0% AH owing to the very
low water vapor content in the sweep gas. The assumption of a
100% RH at the upstream face of the microtruss simulant is rea-
sonable because 7, was intentionally kept below the temperature
of the liquid water-air interface (i.e., the evaporation front). Con-
sequently, some condensation of liquid water was observed on the
entrance face of the polymer barrier. The inside walls of the
evaporation chamber between the evaporation front and the mi-
crotruss entrance were kept above the temperature of the liquid
water-air interface to prevent liquid water from condensing pre-
maturely. Table 1 summarizes experimental conditions for runs
with the various barrier materials.

A transient heat balance on the entire apparatus gives

d(C,MT))

Ah(T
dt Qm ( 1=

amb) - mAHZ-ZO (1)
The overall thermal mass of the apparatus, C,M, was obtained
from the slope of the early stage heat-up curve (Fig. 3) for closed
chamber (latex membrane) runs where evaporative transport is
prevented (m=0), and it is a reasonable approximation to neglect
convective cooling owing to the relatively low values of T,
—Tymp- Using this C,M value, the overall convective heat transfer
coefficient 4 was determined by fitting a lumped Newtonian cool-
ing model to the cool-down curve for closed chamber runs (Fig.

3), recognizing that Q;,,=0 (heater off). The resulting &
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Fig. 3 Typical temperature-time histories (corrected for ambient temperature) for evaporative
cooling of an aluminum surface using a closed chamber (negative control), an open chamber
(positive control), or microtruss simulant materials. The absolute latent and fractional accom-
plished cooling (defined in the text) are also shown.

(192+25 W/m?K) and C,M (131=19 J/K) determinations
showed good repeatability for the four closed chamber runs. The
mean i value was within a typical range for forced convective
heat transfer with air, i.e., 30-300 W/m? K [33], and the mean
C,M result was within 15% of a value estimated from known
masses and tabulated heat capacities of apparatus components
[34]. Using these experimentally derived parameters in a steady-
state, closed chamber heat balance (i.e., d(MT;)/dt=0 and
mAH}*20=0 in Eq. (1)), the first two terms on the right hand side
of Eq. (1) accounted for all thermal flows within +8.6% to —0.2%.
For a steady-state heat balance with these C,M and & values for
the barrier runs (latent heat transfer from the chamber enabled),
the three terms on the right hand side of Eq. (1) accounted for all
thermal flows within +12.4% to +3.3%. These heat balance clo-
sures are good considering the small apparatus size and the use of
lumped thermal physical parameters derived from transient
heat-up and cool-down stages of the experiments.

Thermal buoyancy in the liquid water, conduction through the
liquid water, and conduction along the aluminum walls were cal-
culated to respectively account for 69.3%, 3.8%, and 26.7% of the
axial heat flow in the evaporation chamber. Neglecting radial heat
transfer, this implies that up to 73% of the heat input flowed
through the water and, in principle, could have escaped the cham-
ber via the latent heat carrier. In the present experiments, the
maximum net latent heat transfer from the chamber, which oc-
curred with an open, i.e., uncapped chamber, was 37.7% of the
total heat input.

Procedure for Evaporative Cooling Experiments

To thermally equilibrate it with ambient temperature, de-
ionized water was stored overnight in a covered graduated cylin-
der on the laboratory bench. The evaporation chamber was
weighed, charged to a depth of about 11 mm with equilibrated
water (~7 gm), and then reweighed to more precisely determine
the water weight by difference. The top of the evaporation cham-
ber was then completely covered with a barrier material sealed
taut by folding it over and binding its edges to the chamber out-
side the wall with an elastic band. Positive control runs (open

042403-4 / Vol. 130, APRIL 2008

chamber) omitted the barrier. The insulation collar was then
placed around the chamber, and the chamber bottom was placed
on the heater plate. A continuous flow of 30°C dry nitrogen gas
was directed over the top of the apparatus (Fig. 2) from a tube at
a linear velocity of 2.8 =0.25 m/s, measured at that temperature.
The chamber bottom was then heated at 135020 W,/m? by
manually adjusting a 110 V input variable transformer (Variac™)
to a predetermined point. The chamber weight and temperatures
of the chamber bottom and the membrane sample entrance and
exit faces, Ty, T, and T3, respectively, (Fig. 2) were each mea-
sured at 2 min intervals. Upon reaching steady state, these mea-
surements were continued for approximately 150 min at the stated
constant heat input. Steady state was defined as the condition in
which measured values of 7' and the rates of water removal from
the chamber (the slopes of the curves in Fig. 4) were constant to
within *10%. Temperature-time histories of the aluminum sur-
face throughout cool-down (Fig. 3), initiated by turning off the
heater, were measured in all runs, providing data on evaporative
cooling under transient conditions (not analyzed in this paper).

Experimental Results

Figure 3 displays typical temperature-time histories for the
Hytrel® and Nucrel® microtruss simulants and the closed chamber
and open chamber control runs. To compare the evaporative cool-
ing potency of different materials, Fig. 3 shows the absolute cool-
ing owing to the latent heat transfer in °C and a corresponding
nondimensional, fractional accomplished cooling ®, defined in
Eq. (3). To correct for variations in room temperature from run to
run, absolute latent cooling was defined as the difference, for the
negative control, between the average steady-state temperature of
the aluminum surface, T (the plateau in Fig. 3), and room tem-
perature T, (measured at the beginning of the steady-state pe-
riod), less this same difference when water vapor can exit the
chamber through an overlaid membrane sample,

Transactions of the ASME



6
5.5
5
4.5
- 4
g
8 35
&0
2 3
=
2 25
<
s 2
1.5
1
0.5 &
0 ML LI LIS LI LI IIILI LI LN L)
0 25 50 75 100 125 150
Time [minutes]
Open ® Nucrel® ® Nucrel® Hytrel® Hytrel® Latex
Chamber Sample A Sample B Sample A Sample B Membrane

Fig. 4 Cumulative mass of water vapor transported from the
evaporation chamber as affected by time. The instantaneous
flux of coolant vapor through the microtruss simulant pores is
obtained from the first derivative of the curves shown.

Absolute latent cooling = (T ¢josed = Tamb.closed)

- (Tl,membrane - Tamb,membranc) (2)
We defined O, as the ratio of the absolute cooling with a truss on

the chamber to the maximum evaporative cooling at the same
heater power with the chamber uncovered,

@ _ (Tl,closed - Tamb,closed) - (Tl,membrane - Tamb,membrane) (3)

“ (Tl,closed - Tamb,closed) - (Tl,open - Tamb,open)
Thus, evaporative cooling approaches its maximum as ©®, ap-
proaches unity, and a small ®, implies vapor transport limitations
that strongly curtail latent heat removal from the chamber. Table 2
summarizes the average absolute cooling and corresponding ®,’s
and steady-state temperatures deduced for the 12 runs. The
Nucrel® and Hytrel® microtruss simulants respectively resulted in
14.0+2.0°C and 13.4*+2.4°C absolute latent cooling of the alu-
minum surface, corresponding to ®, values of about 0.4, i.e., a
substantial fraction of the maximum possible evaporative cooling.
Figure 4 shows cumulative weight loss of the evaporation
chamber, i.e., the aggregate weight of water evaporated from the
aluminum surface from the time its temperature first attained
steady state to time specified on the abscissa. The derivative of
each curve at any time denotes the instantaneous steady-state rate
of water mass transfer from the chamber at that time. Each curve
is essentially linear over the steady-state period, implying that the
corresponding mass flux of water vapor was constant. Accord-
ingly, we defined the average rate of water vapor mass transfer
from the apparatus n,, as the quotient of the cumulative steady-

Table 2 Steady state temperatures, fractional accomplished
cooling, and absolute latent cooling for evaporative cooling of
an aluminum surface using a closed chamber (negative con-
trol), an open chamber (positive control), or microtruss simu-
lant materials

Absolute
Fractional latent
Membrane Av. Typ Av. T, accomplished  cooling
{Number of runs} (°C) (°C) cooling (°C)
Closed chamber {4} 27.2+0.2 80.1%+0.7 0.00 N/A
Open chamber {4}  26.9+0.2 44.6+0.4 1.00 352+1.3
Nucrel® {2} 275+0.2 664*+1.0 040+0.06 14.0x2.0
Hytre]® {2} 275+0.2 67.0x14 038+0.07 134x24
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state weight loss and the cumulative time over which that weight
loss occurred, i.e., as the average slopes of the curves in Fig. 4.
Table 1 presents the measured #1,, values for each microtruss
simulant run and the average value for the four positive control
runs. The uncertainty in 7, (+1.72X 1078 kg/s, Table 1) was
estimated by propagating the experimental uncertainties in the
weight measurement +0.1 g (in ~5 g) owing to the sensitivity of
the balance and =0.1 g owing to the drift of 0.1 g in the balance
zero over a typical 9000 s run time and *20 s owing to the un-
certainty in the time measurement over the ~9000 s period, and
then multiplying the result by the largest measured value of n,,
(about 6.0 X 1077 kg/s). The constancy of s, and T, for 90 min
shows that the continuous depletion of liquid water did not under-
mine the stability of the experiment, e.g., because of reduced ther-
mal convection in the water as its depth decreased or of the
buildup of water droplets at the microtruss entrance.

Mathematical Modeling

Intrinsic coefficients for pore diffusion of water vapor can be
deduced from the present measurements (Fig. 4) by using a math-
ematical model to decouple the appreciable (~50%) contribu-
tions of the boundary layers (BLs) to the overall rate of water
vapor mass transfer from the chamber and by determining the
contributions of Stefan flow (convection caused by diffusion) and
Knudsen flow (molecule-wall versus molecule-molecule colli-
sions) to pore transport. Calculations show that Stefan flow con-
tributes less than 13.0% enhancement, and this transport mode
was ignored. For pores of circular cross section, Knudsen effects
can be estimated from an engineering correlation relating the
Knudsen impacted diffusion coefficient D for a pore of radius r,
(here in meters) to the coefficient for diffusion in a continuum
fluid (Kn<<0.01), D [34],

1 T(1 1
=\ nt = 4)
Dyt e,\D  97r NT/m

Here, T is in Kelvins, m is in g/(g mole), and the dimensionless
tortuosity 7 is an adjustable parameter to account for variability in
pore axis orientation and pore cross sectional area [35]. Our SEM
measurements found that the Nucrel™ pores have approximately
uniform circular cross sections and run straight through the mi-
crotruss with their axis essentially normal to the truss face (Fig.
1), making 7=1 a reasonable approximation. Using this value and
porosities (g,) from Table 1, Eq. (4) predicts that D¢ should be
10.5% less than D for Nucrel®. The Hytrel® pores also run
straight through, but have noncircular cross sections with consid-
erable variability in width from pore to pore (Fig. 1). Thus, with-
out detailed information on the tortuosity of these pores, the quan-
titative applicability of Eq. (4) for the Hytrel® is suspect.
Nevertheless, to allow a qualitative comparison with Nucrel ™, we
approximated the Hytrel® pores as circular in cross section and 7
as 1. Using g, from Table 1, Eq. (4) then predicts that Knudsen
effects reduce D¢, about 1.3% below D for the Hytrel® pores.

To assess the apparatus performance and determine the intrinsic
coefficient for diffusion of dilute water vapor (10.4 mole %) in
air at about 1 atm total pressure in the microtruss pores, we de-
rived (Appendix) and solved a predictive mathematical model for
the rates of water vapor mass transfer ni,, from the apparatus of
Fig. 1,

r=0 r=0
i = J 2ar f 1 |: Pchamber — P(")
av —
r, RBL,downstream + Rmem r, 5()’)1)(}’) RBL,upstream

p(r) ]
- dr = Pambient (dr (5)
Rmem + RBL,downstreum amblent

Equation (5) was developed by modeling effects of (1) BL mass
transfer and radial gradients of water vapor concentration at the
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microtruss entrance (impacting Rpy ypsieam and p(r)) and (2) BL
mass transfer at the truss exit (impacting Rpy gownstream) At the
truss exit, the flow of dry nitrogen creates low AH, sO pimpient
=~ () for all r. The mass transfer resistance of the microtruss itself,

R e, 18 obtained from

L

€ vD eff

R

mem = (6)
if Dy is known, e.g., from the literature. Alternatively, Eq. (5) can
be solved for R, using experimental values of ni,,, and D can
then be obtained from Eq. (6). Both approaches were used here.
Tracer measurements found that thermal-buoyancy-induced
convection in the chamber headspace caused a radial inward flow
of water vapor-air mixture. This creates a BL along the microtruss
entrance face, from which diffusion of water vapor through the
microtruss pores to the ambient (Fig. 5) causes a radial water
vapor concentration gradient at the microtruss entrance. Mass
continuity for a fluid element adjacent the microtruss gives

dp(r) B 1
dr 8P

The boundary condition for Eq. (7) is the mass concentration of
water vapor at the evaporation chamber wall (r=r,), which is
obtained from the temperature of the microtruss entrance face
(T,), the ideal gas law, and the properties of steam assuming satu-
ration. The radial inward velocity of the air-water vapor mixture
across the microtruss at the chamber wall was calculated from a
correlation in Deen [36] and was within about a factor of 2 of
experimental values of this velocity we obtained from tracer stud-
ies.

Tracer studies also revealed a laminar-to-turbulent transition in
the downstream BL ahead of the leading edge of the microtruss
face. However, the Reynolds number based on plate length at this
location was only about 12,000, which is far below the 300,000
threshold for the transition to turbulence expected for flat plate
flow. We believe that the observed turbulent flow is caused by
surface roughness. The “beads” on the Styrofoam collar protruded
about 1 mm above the collar surface in a roughly hexagonal pat-
tern, a substantial incursion into the roughly 3 mm thick laminar
sublayer (as calculated from Blasius’ solution for flow over a flat
plate). Since the membrane sample itself was smooth,
Rp1 downstream Was estimated from a correlation of the Sherwood
number for turbulent flow over a smooth horizontal flat plate [34].

p(r) ~ Pambient

Rmem + RBL,downstream

Pchamber — p(r) _

™)

RBL,upstream
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However, the use of the resulting Rp gownswream Values in Eq. (5)
badly underestimated the observed ni,, values, leading us to con-
clude that either the correlation considerably overestimated
Rp1, downstream O RBL downstream Was determined by the mass trans-
fer resistance of the viscous sublayer beneath the turbulent BL.
We assumed the latter and thus that the concentration envelope
where p(r) first decreases to ~0 is the outer edge of the viscous
sublayer. The thickness of this sublayer was estimated using
Prandtl’s “law of the wall” [37],

wx)=——=—"—"—=y"(x) (8)
u 14

The exit faces of the microtrusses were very smooth compared to
the surface of the Styrofoam collar. Thus, the friction velocity
u,(x) was determined from the sheer stress on the wall using a
correlation for skin friction from turbulent flow over a smooth
surface [38] that accounts for the presence of a viscous sublayer

0.0592 Re; '\
u(x)=U| —————
p

This correlation is valid for 10°<Re, < 107 but was used here for
Re,=1.2X 10* To find the average thickness of the viscous sub-
layer over the barrier, we averaged &(x) from Eq. (8) over the
sample diameter using Eq. (9) for u(x) and the fact that the di-
mensionless thickness of the viscous sublayer y* is roughly 5 [37],

9)

2r,

1 ¢ Sv d
=— x
2r, U(0.0592 Re;*/p)?

(10)
0

Dividing the resulting average viscous sublayer height by the dif-
fusion coefficient of water vapor in nitrogen gives the mass trans-
fer resistance for the downstream BL:

0 (1)

R -

BL,downstream DHZO,nitrogen
Using values of Rp| downstream from Eq. (11), we solved Eq. (5)
numerically for m,,. Values of p(r) were calculated by numeri-
cally integrating Eq. (7) using measured values of 7, and values
of Riper calculated from Eq. (6) using literature data for Dy o uir
[34]. Figure 6 shows that the n1,, predictions became increasingly
close to the experimental data, as the model was steadily im-
proved to more realistically capture the mass transport details of
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Fig. 6 Comparison of experimental (light gray) rates of water vapor mass transport from the
evaporation chamber for the four experiments with microtruss stimulant barriers, with rates
predicted by increasingly refined mass transfer models (various fills)

the apparatus of Fig. 1, i.e., from simple 1D continuum diffusion
to correcting for (1) slight rarefaction (Knudsen effects) on the
pore diffusion coefficient, (2) radial gradients in water vapor con-
centration at the microtruss entrance, (3) upstream BL mass trans-
fer resistance, and (4) downstream BL mass transfer resistance.
The inclusion of all four refinements gave ni,, predictions that
agree with experiment to within +14% to —21%, building confi-
dence in the reliability of the apparatus and in the physical as-
sumptions of the modeling.

To compare the latent heat transmission capabilities of different
microtruss simulants on a consistent basis, and thus provide a
reliable foundation for engineering design, we deduced an intrin-
sic, i.e., apparatus-independent, pore diffusion coefficient D for
(dilute) water vapor in atmospheric pressure air for each truss
sample. The approach was to numerically solve Egs. (5) and (7)
simultaneously for p(r) and R, using MATLAB. The resulting
Rem values were then used in Eq. (6) to calculate Dy The re-
sults (Table 3) agree to within 35% of the experimental bulk dif-
fusion value, 2.59 X 10> m?/s, reported by Deen [36], for con-

tinuum regime diffusion of water vapor in molecular nitrogen
(N,) at 308 K.

Discussion

Despite low total porosity (<12%, Table 1), barrier materials
with microtruss architectures (Fig. 1) provide substantial evapora-
tive cooling of strongly heated surfaces (Fig. 3, Table 2) by trans-
port of latent heat-carrying vapor through the truss voids. Up to
25% of input heat energy was carried away by latent heat transfer
through porous membranes, and the ratio of conductive to latent
heat transport across the porous membranes ranged between 3:1
and 5:1. Water vaporization and transport through two different
polymer sheets with microtruss features cooled a surface heated at
~1.4 kW/m? by about 13°C, about 40% of the maximum evapo-
rative cooling attainable with water for the same heat load with
the evaporation chamber uncapped (Table 2, Fig. 3). Because mi-
crotruss architectures show promise to provide high mechanical
strength, light weight, and breatheability in soft materials, docu-

Table 3 Comparison of intrinsic (i.e., apparatus-independent) coefficients for diffusion of di-
lute water vapor in air (total pressure, 1 atm) through the microtruss pores with values pre-
dicted for mutual diffusion of water vapor in air for continuum conditions and with correction
for the onset of fluid rarefaction (Eq. (4) in the text)

Rarified Apparatus-independent % Difference
theory experimental rarified versus
Knudsen Dy,0.4ir D experiment

Overlay number (m?/s) (m?/s) (%)
Nucrel®, Sample A 0.099 2.12E-05 1.95E-05 -9
Nucrel®, Sample B 0.071 2.18E-05 2.68E-05 19
Hytrel®, Sample A 0.007 2.33E-05 1.68E-05 -38
Hytrel®, Sample B 0.008 2.36E-05 1.68E—-05 —40
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mentation of latent heat flux densities this high under practically
realistic conditions supports the idea that microtruss materials can
protect humans and inanimate objects from mechanical and ther-
mal damage simultaneously.

Further assessing this proposition requires latent heat transmis-
sion information unencumbered by the idiosyncrasies of apparatus
or experimental conditions. BLs at the microtruss entrance and
exit accounted for roughly half of the total resistance to cooling
vapor mass transfer from the present evaporation chamber (Fig.
2). Mathematical modeling (described above) allowed the
apparatus-independent mass transfer resistance for the microtruss,
Ruem=L/[Degre,] and the intrinsic diffusion coefficient D to be
disaggregated from the measured rates of water vapor transport
from the chamber. The resulting D g values (Table 3) for the
Nucrel® and Hytrel microtruss simulants are in reasonable agree-
ment with predictions for mutual diffusion of dilute water vapor in
air in the continuum regime (Kn<<0.01) and with literature values
for mutual diffusion of dilute water vapor in N, gas under con-
tinuum conditions [36]. The differences in the experimentally de-
rived D values for the two microtruss simulants are discussed
below.

For engineering designs incorporating other microtrusses with
straight-through pores, comparable pore widths and geometries,
and known thickness, the present D values allow an initial esti-
mate of the water vapor/air diffusion resistance in the truss pores.
The steady state latent heat flux density through the microtruss
can then be estimated for various operating conditions by formu-
lating the total mass transfer resistance of the system as a series
combination of the mass transfer resistances intrinsic for the truss
itself and for the upstream and downstream BLs, then calculating
m,, from Eq. (5), or its equivalent, for the particular evaporator,
and then multiplying m1,, by the average latent heat of vaporiza-
tion of water for the temperature regime of interest.

To further benchmark the efficacy of the microtruss simulants
for latent heat transmission, it is instructive to estimate what level
of convective cooling would be needed to provide equivalent rates
of heat removal from the surface. One approach is to assume a
constant driving temperature gradient, AT, for convection and to
calculate the required magnitude of the heat transfer coefficient,
h.. Alternatively, one could assume a constant value for /. and
calculate the required AT. Here, we do the former by taking AT as
the difference between the evaporation chamber surface tempera-
ture at steady state, 7, and a reasonable lower temperature, T,

, temperature at standard conditions: 298.2 K. Two cases of
1nterest are (1) the convective heat transfer coefficient /1, cor-
responding to the rate of latent heat removal experimentally mea-

sured with the present apparatus and operating conditions, QL,app
and (2) an upper bound convective heat transfer coefficient /.. e,

corresponding to the idealized case of latent heat removal, Q'L,mem,
which would be possible at the same operating conditions if the
only mass transfer resistance to water vapor removal from the
chamber were the intrinsic resistance of the microtruss pores.
Thus,

_ QL,aQB
AT,

QL,mem

dh =
o A(Tl - Ta)

_ Ta) c,mem (12)

where QL,mem=mmemAHv(1;)7 mmem=Deff8v(pi_p0)/Lv and Po and
p; for this case are respectively taken as zero and at the vapor
pressure of water at 7';. The magnitudes of the resulting convec-
tive heat transfer coefficients (Table 4) are comparable to those
typical of forced convection heat transfer with air near ambient
temperatures (298.2 K) [33].

Assuming pores of circular cross section, Eq. (4) predicted that
rarefaction (Knudsen) effects reduce the continuum regime diffu-
sion coefficient for the Hytrel™ and Nucrel™ pores by 1.3% and
10.5%, respectively (Table 3) owmg to the smaller average width
and thus larger Kn of the Nucrel® (~1.2 pm, Kn~0.1) versus the
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Table 4 Apparent average and intrinsic convective heat trans-
fer coefficients that would give rates of heat removal from sur-
faces equal to those obtained by NBEC (1) as measured with
the present apparatus and (2) as would be possible if the only
mass transfer resistance to water vapor removal from the
evaporation chamber arose from the membrane pores. See Eq.
(12) and accompanying narrative in the text.

(Tl _Ta)a hc,a D hc,mem
Overlay (K) (w/m?K) (w/m?K)
Nucrel®, Sample A 39.8 39 61
Nucrel Sample B 43.0 43 68
Hytrel Sample A 425 42 62
Hytrel Sample B 41.3 35 48

“Assumed driving force for thermal convection.

Hytrel® pores (~13 pm, Kn~0.01). However, the D values
derived for the Hytrel pore from the experlmental data were
about 27% smaller than those for the Nucrel® pores (Table 3,
column 5). A possible explanation is Knudsen inhibited diffusion
in the significant fraction of the Hytrel pore volume that is not
present in a circular cross section but rather in pinched down
shapes that approximate narrow rectangles or isosceles triangles
of small apex angle (Fig. 1). In qualitative support of this pro-
posal, we calculated that if 40% of the Hytrel pore volume was
sufficiently distorted to reduce the continuum dlffuswn coefficient
tenfold, then the D values derived from the Hytrel Jneasure-
ments would be about 35% lower than those for Nucrel®. A more
in-depth assessment of pore shape effects would require reliable
measurements of the tortuosity of the Hytrel pores and/or a large
number of SEM measurements to quantify the distortions in pore
cross section, ideally as affected by pore depth. Such studies are
beyond the scope of the present work.

Despite differences in their pore width and geometry, we ob-
served no significant dlfference in the fractlonal accomplished
cooling ®, between Nucrel® and Hytrel (Fig. 3, Table 2), puta-
tively because (1) the effect of variations in intratruss mass trans-
fer resistance is tempered by the sizable (~50% of the total) con-
tribution from the upstream and downstream BLs; (2) the intrinsic
diffusion coefficients for the two microtruss simulants are not that
different (1.7 X 107> versus 2.7X 10~ m2/s in the worst case,
Table 3); and (3) the D determinations reflect experimental un-
certainty of =6.6%.

The present apparatus and operating procedures are useful tools
for a quantitative characterization of the latent heat transfer capa-
bilities of various porous media including materials with mi-
crotruss architectures. The equipment provides steady state heat
balance closures to within =12% for practically realistic heat
loads, temperatures, and working fluid (water). The method of
continuously weighing the entire evaporation chamber requires
some care, but enables direct measurement of the mass fluxes of
latent heat carrier responsible for latent heat transmission. More-
over, intrinsic, i.e., free of apparatus artifacts, coefficients for the
diffusion of latent heat carrier through the microtruss voids can be
deduced from these mass fluxes by mathematical modeling to dis-
aggregate BL and other mass transfer resistances dictated by the
apparatus geometry and operating conditions. Design and opera-
tion to sustain thermal buoyancy in the coolant liquid and the
coolant vapor headspace simplify this mathematical modeling.

Conclusions

Latent Heat Transfer. Thin (~120 wum) sheets of soft materi-
als with microtruss architectures, including pore widths of
~1-15 um, enable substantial evaporative cooling of surfaces,
without boiling. At appreciable surface heat flux densities
(1.4 kW,/m?) and despite their low overall porosity (7.5-11.2%),
the present microtruss structures provided evaporative cooling of
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13—14°C (about 40% of the maximum attainable, i.e., with an
uncovered evaporation chamber). The cooling mechanism is latent
heat transfer enabled by diffusion of evaporated coolant through
the microtruss voids (pores). Thus, the efficacy of microtrusses for
evaporative cooling of a nearby surface can be quantified in terms
of a pore diffusion coefficient, microtruss thickness, and coolant
heat of vaporization. The present rates of latent heat lift can be
benchmarked by estimating the equivalent thermal convection that
would be needed to provide identical surface cooling rates. For
example, equivalent convective heat transfer coefficients as high
as 43 W/m? K, i.e., comparable to those typical of forced convec-
tive cooling with air, were calculated for the Nucrel® microtruss
simulant by assuming a AT equal to the difference between the
surface temperature and standard temperature (298.2 K).

Pore Width and Shape. Effects of width and shape of mi-
crotruss pores must be understood to interpret experimental obser-
vations and design reliable evaporative cooling systems. Here,
apparent average pore width was varied from about 15 um (Kn
~0.01) to 1 um (Kn~0.1), and no impact on measured cooling
was observed. This result is consistent with small estimated ef-
fects of rarefaction in this range of Knudsen numbers (<10%
reduction for the smaller pores), together with similar overall po-
rosities and substantial (~50%) contributions from the BLs on
either microtruss external face. However, intrinsic coefficients for
mutual diffusion of dilute water vapor in air deduced for the mi-
crotruss pores exhibited a contrarian variation, i.e., smaller values
for the pores of larger width. This may be caused by rarefaction-
impeded diffusion owing to the distortion of pore cross section,
considerably reducing the effective pore width. Further testing of
this hypothesis by measurements of tortuosity and characteriza-
tion of pore shapes and sections was beyond the scope of this
work.

Apparatus Performance and Utility. The present apparatus
design and operating procedures simultaneously quantify the la-
tent heat transmission, thermal conduction, and coolant vapor
mass transfer characteristics of materials with microtruss architec-
tures under practical heat loads with good reliability. Heat bal-
ances close to within =12% and intrinsic pore diffusion coeffi-
cients deduced from measured water vapor mass flow rates are in
satisfying agreement with the literature. Thus, the present experi-
mental approach and mathematical modeling show promise for
quantifying pore mass transfer, latent heat transfer (evaporative
cooling and condensation heating), and thermal conduction char-
acteristics of other microtruss materials, and indeed other porous
materials and media more generally, for diverse practical working
fluids, surfaces, heat loads, and temperature differences.

Applications. Soft materials with microtruss (and nanotruss,
i.e., pore widths of 10—1000 nm) architectures show promise for
providing high mechanical strength and light weight in sheetlike
structures. The present results support the proposition that mi-
crotrusses can simultaneously protect against mechanical and ther-
mal damage. More generally, microtrusses have the potential to
integrate mechanical protection, breathability and cooling in
shapeable, and barrier materials to protect, inter alia, humans, mi-
croelectromechanical systems (MEMS), nanocomponents (e.g.,
electronics), and larger structures such as turbine blades and space
vehicle heat shields. This paper provides latent heat and mass
transfer data, pore diffusion coefficients, and mathematical mod-
eling methods for the design, operation, and performance assess-
ment of materials and devices that exploit microtruss architectures
for thermal management, mechanical protection, vapor separa-
tions, and combinations thereof. One application is nonboiling
evaporative cooling (NBEC), which is of interest when boiling
temperatures at the prevailing pressure would be intolerable, e.g.,
cooling humans, sensitive electronics, biological specimens, ar-
cheological samples, etc. NBEC provides reasonably high heat
flux densities at lower temperatures. Integration with microfluidic
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channel networks can enable controlled delivery of latent heat
carriers to tiny or difficult-to-access components.
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Nomenclature
A = area
C, = specific heat at constant pressure

D = continuum diffusion coefficient

d, = equivalent diameter

D¢ = Knudsen impacted diffusion coefficient
Dﬂzo,air = continuum diffusion coefficient of water vapor
in air
h convection coefficient
e app experimentally measured latent heat transfer
coefficient
I mem upper bound convective heat transfer
coefficient
M mass
m = molecular mass
m mass transfer rate
Mmem intrinsic mass transfer rate across the
microtruss
gy average water vapor mass transfer rate from
the apparatus
0;, = heat input
Q'L,app = rate of latent heat removal experimentally mea-
sured with the apparatus
QL,mem idealized latent heat removal rate for the mi-
crotruss only
r radial coordinate

RBL,downstream

RBL,upstream

downstream membrane mass transport resis-
tance owing to a BL

upstream membrane mass transport resistance
owing to a BL

Re, Reynolds number at coordinate x along a flat
plate
Rem = mass transport resistance of the membrane
r, outer radius of the evaporation chamber
T temperature
T, evaporation chamber bottom surface
temperature
T, = upstream membrane surface temperature
T; downstream membrane surface temperature
T, temperature at standard conditions (298.2 K,
1 atm)
T.mp = ambient temperature
U = free stream velocity
u*(x) dimensionless velocity
u, = friction velocity
v(r) = velocity
W, watts, thermal
y*(x) = dimensionless BL thickness
S (x or r) = BL thickness at coordinate x or r
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6 = average viscous sublayer thickness
AH;{ZO = latent heat of vaporization
ET = driving temperature gradient
g, = void fraction (porosity)
®, = fractional accomplished cooling
v = kinematic viscosity
p(r) = mass concentration
Pambient = Mass concentration in the ambient environment
Pchamber — Mass concentration in the evaporation chamber
T = tortuosity

Appendix

Here, we derive Egs. (5) and (7) from a mass continuity balance
on a fluid element in the vicinity of the upstream microtruss face
(Fig. 5). The element is a cylindrical shell of radius r, width Ar,
and height &(r), approximated as the BL thickness. The top sur-
face of the element is the upstream truss face, and the element
follows the fluid flow from the outer radius of the evaporation
chamber, r,, toward the chamber center, r=0 through incremental
reductions in its radius by Ar (Fig. 5). By mass continuity, the
water vapor contained within the element must equal the mass
entering minus the mass leaving the element,

dp(r)

dmy, d
LA () 8(r) = T o
dr

- 13
dt dt (13)
By expanding the left hand side of Eq. (13) in a Taylor series and
canceling like terms,

d dmy, . d
P\ raa () () = Min g — Plou

== 14
dr di di (14

To put the fluid element in a Lagrangian reference frame, a sub-
stitution is made for At to give

dp(r) _
r ArdA(r)8(r) = &t o)

dmin ﬂ dmout ﬂ

dt v(r) (15)

Recognizing that the mass flows in and out of the fluid element
are governed respectively by diffusion (in) through the BL on the
upstream barrier face and diffusion (out) through the barrier and
downstream BL, the following substitutions are made:

- Pchamber ~ P(V) dA(}’)

dt RBL,upstream

dmin
— and

P(”) ~ Pambient

dt Rmem + RBL,downslream

dmyy _

dA(r) (16)

where pynplent=0 due to a cross flow of dry nitrogen. Finally,
substituting the expressions of Eq. (16) into Eq. (15) and cancel-
ling like terms, the desired result Eq. (7) is obtained,

dp(r) 1
dr ~ 8rv(r)

P(r) — Pambient

Rmem + RBL,downstream
(7)

Both BL resistances are calculated in the main text, and Eq. (7) is
combined with Eq. (17), an integral representation of Fick’s law
for diffusion, to create the complete apparatus transport model
(Eq. (5)),

Pchamber — P(’”) _

RBL,upstream

2ar

r=0
mav = f
r, RBL,downslream + Rmembrane

[P(V) - pambiem]dr (17)
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r=0 r=0
. f 2ar f 1
Myy =
r, RBL,downstream + Rmem ry 5(r)v(r)

% |: Pchamber — P(”) _ P(r)

RBL,upslream Rmem + RBL,downslream

:|dr—pambiem dr

(5"
which was solved numerically via MATLAB for the unique combi-
nation of R, and p(r) that satisfies the boundary condition.
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Effect of Rarefaction, Dissipation,
and Accommodation Coefficients
on Heat Transfer in
Microcylindrical Couette Flow

This paper examines the effects of rarefaction, dissipation, curvature, and accommoda-
tion coefficients on flow and heat transfer characteristics in rotating microdevices. The
problem is modeled as a cylindrical Couette flow with a rotating shaft and stationary
housing. The housing is maintained at uniform temperature while the rotating shaft is
insulated. Thus, heat transfer is due to viscous dissipation only. An analytic solution is
obtained for the temperature distribution in the gas filled concentric clearance between
the rotating shaft and its stationary housing. The solution is valid in the slip flow and
temperature jump domain defined by the Knudsen number range of 0.001 <Kn<0.1. The
important effect of the momentum accommodation coefficient on velocity reversal and its
impact on heat transfer is determined. The Nusselt number was found to depend on four
parameters: the momentum accommodation coefficient of the stationary surface o,
Knudsen number Kn, ratio of housing to shaft radius r,/r;, and the dimensionless group
[v/(y+1)](20,,—1)/(0,,Pr). Results indicate that curvature, Knudsen number, and the
accommodation coefficients have significant effects on temperature distribution, heat

transfer, and Nusselt number. [DOI: 10.1115/1.2818763]

Keywords: heat transfer, microchannels, momentum, and energy accommodation

coefficients

1 Introduction

Temperature distribution and heat transfer in the clearance of
rotating microdevices such as microturbines, pumps, and micro-
bearings have not been investigated. The effect of velocity slip,
temperature jump, curvature, and viscous dissipation on heat
transfer characteristics is unknown. Although extensive work on
the related problem of convection in straight microchannels and
tubes has been carried out, few studies examined the effect of
viscous dissipation on heat transfer. Tunc and Bayazitoglu [1]
obtained analytic solutions to heat transfer characteristics of gas
flow in the entrance and fully developed regions of tubes at uni-
form surface temperature and uniform surface heat flux. They ex-
amined the effects of Knudsen number and Brinkman number on
heat transfer and Nusselt number. Temperature jump was found to
increase with Knudsen number while the Nusselt number in-
creases with increasing Brinkman number. Hadjiconstantinou [2]
analytically examined Poiseuille gas flow between parallel plates
at uniform surface flux. Attention was focused on the effect of
boundary shear work on the Nusselt number. In an earlier study,
Zhang and Bogy [3] obtained analytical solutions to Couette and
Poiseuille flow between parallel plates taking into consideration
dissipation, velocity slip, and temperature jump. They used a con-
tinuum model to solve the simplified Navier—Stokes equations and
energy equation.

Aside from the effects of rarefaction, temperature jump, and
dissipation, the clearance between a rotating shaft and its housing
in microdevices may not be small compared to shaft radius. Thus,
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curvature effect is important and consequently hydrodynamic and
heat transfer analysis of such devices cannot be modeled as Cou-
ette flow between parallel plates.

Studies on rotating flows in cylindrical microchannels are lim-
ited to hydrodynamic effects in the clearance of gas lubricated
microbearings. Maureau et al. [4] obtained an exact flow field
solution for incompressible gas flow in the clearance of micro-
bearings taking into consideration eccentricity and velocity slip.
They also presented the solution to the limiting case of flow in the
clearance between concentric cylinders. Lee et al. [5] examined
the effect of slip velocity on gas lubricated journal bearings. Their
analysis showed that slip flow effects become more significant as
gas temperature is increased. The general case of rotating concen-
tric inner and outer cylinders was investigated by Yuhong et al.
[6]. They focused attention on the effect of the momentum accom-
modation coefficients on the velocity distribution. Their solution
shows that at low values of the accommodation coefficient, a ve-
locity inversion takes place.

In this paper, we consider the case of a microshaft rotating
concentrically inside stationary housing. Specifically, we examine
temperature distribution and heat transfer in the gas filled gap. The
analysis takes into consideration rarefaction, temperature jump,
viscous dissipation, and curvature effects. Particular attention is
given to the effect of the momentum and energy accommodation
coefficients on temperature distribution, heat transfer, and Nusselt
number.

2 Analysis

Figure 1 shows a shaft of radius r; concentrically positioned
inside a stationary housing of radius r,. The shaft rotates with
angular velocity w and the housing is maintained at uniform tem-
perature 7. We assume steady state and neglect axial variation.
Since all angular derivatives vanish due to concentricity and sur-
face uniformity conditions, the problem simplifies to one-
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Fig. 1 Cylindrical Couette flow

dimensional flow and heat transfer. We limit the analysis to con-
tinuum, gaseous slip flow domain, defined in terms of the
Knudsen number Kn as [7]

0.001 <Kn<0.1 (1)
where Kn is the dimensionless mean free path N defined as
N

Fo=Ti

Kn=

Expecting r,/r; to be one of the governing parameters, the above
definition is rewritten as

Nr;

=1 @

Kn
2.1 Previous Results: Velocity Distribution. Because fluid
velocity is central to temperature distribution, and because of the
velocity anomalies associated with slip and curvature, the flow
field solution detailed in Ref. [6] is summarized here.
Assuming constant properties, the Navier—Stokes equation in
the tangential direction simplifies to

du ldu

—+-—-

dr®  rdr
where u is the tangential velocity. Using the Maxwell slip model,

the velocity boundary condition at the moving surface r=r; is
given by [6]

=0 (3)

Yol =

T(r) =T, B (riz/r(%) - (rl-z/rz) =21In(rifr,)(rl/r) = [4vy/(y+ D2 = 0,/ 7, (1 = (ri/ro))((rf/ri) — 1)Kn/Pr

2
u(r) = wr; +

2, - r[)Kn[—d”("') - M] ©)

Oy dr T
where o, is the tangential momentum accommodation coefficient
of the inner surface. Similarly, at the stationary surface r=r,, the
boundary condition is

u(ro) == ﬂ(rn - ri)Kn|:

Ouo

du(r,) u(r,) ] )

dr r,
where g, is the tangential momentum accommodation coefficient
of the outer surface.

Integration of Eq. (3) and using Egs. (4) and (5) gives the
solution to the velocity

2 3 -1
Mz{l_Q+2Kn(ﬁ_l)|:2_0-ui+Z_Uuor_g:|}
wr; T O Ty T,

2.2 Temperature Field

2.2.1 Governing Equation, Boundary Conditions, and
Solution. Taking into consideration viscous dissipation, the energy
equation reduces to

kd| dr| = ldu u z 0 o
Sl [l it
rdr| dr K dr r

where T is the temperature, k is the thermal conductivity, and u is

the viscosity. Since the moving surface is thermally insulated, the
boundary condition at r=r; is

dT("i)
dr

Accounting for temperature jump, the fluid temperature at the
stationary surface r=r, is [7]

=0 (8)

-0 2y Kndllr)

1+y Pr dr

where Pr is the Prandtl number, vy is the specific heat ratio, and o,
is the energy accommodation coefficient of the outer surface. The
coefficients o,;, 0,,, and o, are empirical factors that reflect the
interaction between gas molecules and a surface. They depend on
the gas as well as the geometry and surface nature. Their values
range from zero (perfectly smooth) to unity. Although they are
difficult to determine, there is general agreement that their values
for various gases flowing over several surfaces are close to unity
[8].

Substituting flow field solution (6) into energy equation (7),
integrating, and using boundary conditions (8) and (9) give the
temperature distribution

T(ro) = TO - (9)

to

,u,wzrf/k -

2.2.2 Nusselt Number. Examination of energy equation (7)
shows that it does not include convective terms. This is traced to
the assumption of concentricity and circumferential uniformity of
surface conditions. Thus, despite the dependence of temperature

042404-2 / Vol. 130, APRIL 2008

{1 - (rlz/rz) + ZKI’I((VO/VI-) - 1)[[(2 - O-u)/o-m’] + [(2 - O-uo)/o-uo](r?/ri)]}z

(10)

on velocity distribution, the mechanism for heat transfer is con-
duction. Nevertheless, it is useful to determine the Nusselt number
for this case to provide a limiting value for more general problems
involving eccentricity and surface nonuniformity. The Nusselt
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number for this configuration is defined as
2(}" 0T l)h
Tk

where 2(r,—r;) is the equivalent diameter of the clearance and 4 is
the heat transfer coefficient obtained by equating Newton’s law of
cooling and Fourier’s conduction law

dT(r,)/dr

Nu (11)

h=—k 12
T -1, (12)
Here, T, is the mean channel temperature given by
f uTdr
T,=—— (13)
f udr
Ti
Combining Egs. (11) and (12) gives
dT(r,)/dr
Nu=-2(r,—r)———— 14
u=-20,-r) (14)

The integrals in Eq. (13) are evaluated using Egs. (6) and (10) to
determine the mean temperature 7,,. Substituting 7,, and Eq. (10)
into Eq. (14) gives the Nusselt number

8

N[ picr "

where

~

T ri 2-0, T 1 ”1‘2
C={1-—]|5-1 Kn——1-— |-~ |{1-5
7, . Tuo T, 2 r

+In(r,/r)

and

8y 2-0,K
p- 87 2-0,Kn 19)
v+1 o, Pr

The Nusselt number for the corresponding macrocase is obtained
by letting Kn—0 in Eq. (15)

1/2(1 - (r,-/rn))((ri/r?) - 1)[(1’,-2/}%) —1+2In(r/r)]
1+ (rl-z/r(z)) - 2(r3/rl.2) +61In(r,/r)+ 2(r(2)/rl-2)(ln (r,/ry))?
(20)

Nupaero =

2.2.3  Fluid Temperature Rise. T(r;)—T(r,). Application of so-
lution (10) at the inner and outer radii gives fluid temperature rise
due to dissipation

3 Results

7(r) - T(r,) (ri/r2) +21n (r,/r;) - 1 1)
IueriZ/k - {] - (’",'2/'%) + 2Kn((r()/ri) - 1)[[(2 - Uui)/a-zti] + [(2 - O'W,)/O'm,](}"?/}’z)]}z
2.2.4  Surface Heat Flux. Heat flux at the outer surface is obtained by substituting Eq. (10) into Fourier’s law to give
q" ) (rifr,) - (r?/ri 22)
palr; {1 = () + 2Kn((r,/r) = DI[2 = 0,)/ 0] + [(2 = 0, 0, )(ri 7)1
[
11+ 0 | 11 -l
M+ — | <0,<2|l+———
3.1 Velocity Distribution. Since temperature distribution and 2Kn 1= (rilr,) Kn1-(rifr,)
heat transfer characteristics depend on the flow field, it is helpful (24)
to examine the effect of various parameters on the velocity distri- . . i
bution. Although the tangential velocity in the macroscale cylin- The no inversion case holds i
drical Couette flow decreases monotonically with distance from 1 -1
the rotating inner surface, this is not always the case under rar- O >2 1+ ——— (25)
Knl—(rir,)

efied conditions [6]. It is instructive to determine how this anoma-
lous velocity behavior affects temperature distribution and Nusselt
number. Depending on the value of the momentum accommoda-
tion coefficient, a velocity inversion can occur. Yuhong et al. [6]
identify three cases: a fully inverted profile in which the velocity
increases monotonically with radial distance, a partially inverted
profile where the velocity decreases and then increases, and no
inversion where the velocity decreases monotonically. Full inver-
sion occurs if

2, 2y -1
1 1+(r/r‘)] (23)

<2|14——0oh
Tuo [ 2Kn 1 - (r/r,)

The condition for partial inversion is
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According to Eq. (23), in the slip flow domain defined by Eq. (1),
full velocity inversion takes place at very small values of o,,,. For
example, at Kn=0.1 and r,/r;=1.5, full inversion occurs at values
of 0,, smaller than 0.04. Figure 2 gives the velocity distribution
for various values of the Knudsen number for ¢,,=0,,=0.03 and
r,/r;=1.5. Equation (23) is satisfied at Kn=0.1 giving a fully
inverted profile. At Kn=0.05, Eq. (24) is satisfied and thus the
profile is partially inverted. According to Eq. (25), the velocity
decreases monotonically for Kn=<0.0457, as indicated in Fig. 2.
Partial inversion is also shown in Fig. 3 for o,,=0,,=0.1, r,/1;
=3, and Kn=0.1. Velocity profiles corresponding to other combi-
nations of o, and o,, are shown in Figs. 4(a)-4(c) for r,/r;
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Fig. 2 Velocity distribution showing partial inversion at Kn
=0.05 and total inversion at Kn=0.1

=1.5. These graphs illustrate the significant impact of o,; and o,
on velocity. As might be expected, o,; and o, affect slip veloci-
ties at their respective surfaces. Decreasing values of the accom-
modation coefficients result in increasing the slip velocity and a
general flattening of the velocity profiles. Increasing the Knudsen
number has the same effect on the profiles, progressing toward
uniform velocity distribution, as shown in Figs. 2—4. Examination
of these results shows that solutions for all values of the Knudsen
number intersect at a common location "/ r;. This location can be
determined analytically for all values of r,/r;, o, and o,, by
differentiating Eq. (6) with respect to Kn, setting the result equal
to zero and solving for r /r; to obtain

1 _ (ri/r?) + {[(Tui(z - (Tu())]/[o-zm(z - o-ui)]} 1
N { (1) + L0020, W02~ 0,)] } (26

For the special case of o,;=0,,=0, Eq. (26a) simplifies to
l ] T 1 Li
Fo/¥i=3
Giz= 0.1
081 Kn—0 Guo = 0.1
0.002
04| 0.006 -
air) 0.01
{ory
04 .
0.2 b
L 05
0]
L 1 L
? 1 1.5 2 1.5 3
riy

Fig. 3 Velocity distribution showing partial inversion at Kn
=0.1
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Fig. 4 Effect of o,; and o, on the intersection point of veloc-
ity profiles
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This special case is presented in Ref. [6]. However, according to
Eq. (26a), the family of velocity profiles intersect at a common
location regardless of the values o,; and o, and for all values of

ui uo»
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Fig. 5 Full, partial, and no velocity inversion effect on tem-
perature distribution

the Knudsen numbers. This location shifts as values of the accom-
modation coefficients are changed, as shown in Figs. 2—4. Refer-
ence [6] compares analytical predictions of the tangential velocity
with the DSME data of Ref. [9] for Kn=0.5. Although this value
of the Knudsen number is outside the validity of the continuum
model, results show that the two solutions exhibit similar
behavior.

It is important to note that the effect of Knudsen number on
velocity reverses direction for r/r; >r "/ r;. Changes in the values
of o,; and o, shift the location of r *) r; between the two surfaces.
This is evident in Figs. 4(a)-4(c) where three combinations of o,;
and o, are used. These results show that a decrease in o,; or o,
shifts the intersection location away from their re@pectlve sur-
faces. In Fig. 4(a), the intersection location is r" /r;=1.323 for
o,;=0,,=1.0. Decreasing o,, from 1.0 to 0.1 shifts the intersec-
tion point close to the inner surface to r /r =1.045, as shown in
Fig. 4(b). Consequently, the velocity increases with increasing
Knudsen number throughout much of the channel. In addition,
velocity slip diminishes at the inner surface and increases at the
outer surface. On the other hand, decreasing o,; to 0.1 has the
opposite effect. For thls case, the intersection point moves close to
the outer surface to r /r =1.486, as indicated in Fig. 4(c). Here,
the velocity decreases with increasing Knudsen number for 1.0
<r/r;<1.486. Furthermore, comparing Fig. 4(a) with Fig. 4(c)
shows that velocity slip diminishes at the outer surface and in-
creases at the inner surface with increased Knudsen number. This
holds for all values of Kn examined.

3.2 Temperature Distribution. Of particular interest is the
influence of velocity distribution on temperature and heat transfer
characteristics. Examination of solution (10) shows that tempera-
ture distribution depends on Kn, ¢,;, 0, 0., 1,/ 1;, and gas prop-
erties. Figure 5 gives the temperature distribution for air corre-
sponding to the velocity profiles of Fig. 2. Full velocity inversion
at Kn=0.1 results in very low, and nearly uniform, temperature
throughout the channel. For partial inversion at Kn=0.05, tem-
perature level increases but remains nearly uniform. In the no
inversion range, Kn<0.0457, the temperature continues to in-
crease with decreasing Kn, departing progressively from uniform
distribution. Temperature jump at the outer surface is negligible
due to the high energy accommodation coefficient and low Kn, as
indicated in boundary condition (9).

Figure 6 shows the temperature distribution for the three cases
of Fig. 4 for o,,=1. Temperature profiles for o,;=0,,=1.0, shown
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Fig. 6 Effect of Knudsen number, o, and o, on temperature
distribution in air, y=1.4, Pr=0.7

in Fig. 6(a), follow their corresponding velocity profiles in Fig.
4(a). However, unlike the velocity case, temperature profiles for
various values of Kn do not intersect at a common location. Nev-
ertheless, in some cases, they appear to intersect over a narrow
range of r/r;. This has important implications since, as with the
velocity case, the effect of Knudsen number on temperature re-
verses direction as this region is traversed. Decreasing o,; or o,

to 0.1 shifts the intersection region toward the outer surface and
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Fig. 7 Inversion of Knudsen number effect as o, is reduced
from 1.0 (Fig. 6(c)) to 0.5 for air, y=1.4, Pr=0.7

significantly lowers fluid temperature at the inner surface, as
shown in Figs. 6(b) and 6(c). In contrast, the effect of o, on
velocity is more pronounced at the outer surface.

The role of energy accommodation coefficient,o,, is examined
in Figs. 6-8 for the special case of r,/r;=1.5. Comparing Fig. 6
with Fig. 7 shows that important changes in temperature distribu-
tion occur as oy, is reduced from 1.0 to 0.5. First, constant Knud-
sen number curves do not intersect in Fig. 7. In fact, gradually
decreasing o, from unity shifts the intersection region toward the
inner surface and vanishes for 0,,=0.5. Second, an increase in
Knudsen number is accompanied by an increase in temperature
throughout the channel. This is not the case in Fig. 6. Third,
significant increase in temperature follows a reduction in o, from
1.0 to 0.5. For example, at r/r;=1.25 for 0,,=0,,=1.0 and Kn
=0.1, the dimensionless temperature increases by 53%, and tem-
perature jump at the outer surface increases by 200%. To further
evaluate the effect of the energy coefficient on temperature, results
were obtained for various values of o,,. Figure 8 examines the
case of o,=0,,=1.0, r,/r;=1.5, and Kn=0.1 with o,, varied

uo
from 0.25 to 1.0. This result shows that temperature increases
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Fig. 8 Effect of the energy accommodation coefficient on tem-
perature distribution in air, y=1.4, Pr=0.7
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Fig. 9 Effect of o, and curvature on Nusselt number for Kn
=0.1 in air, y=1.4, Pr=0.7

monotonically with decreasing o, throughout the channel. Fur-
thermore, temperature gradient at a given location is independent
of a,,, as indicated in solution (10).

3.3 Nusselt Number. According to solution (15), the Nusselt
number depends on Kn, o,,. 0y, 7,/r;, and gas properties. How-
ever, it is independent of ;. This follows from the definition of
Nu in Eq. (14) where both numerator and denominator are directly
proportional to ;. Figure 9 examines the effects of o,,,0,,, and
curvature on the Nusselt number for air at Kn=0.1. For o,
=0.03, the velocity profile is fully inverted, as shown in Fig. 2. As
o, 1s increased, velocity profiles move progressively to no inver-
sion. This trend results in a decrease in the Nusselt number for a
given r,/r;. For example, at r,/r;=1.5 and Kn=0.1, the Nusselt
number decreases by 17% as o, is increased from 0.03 to 1.0. To
explain this behavior, we return to the definition of the Nusselt
number in Eq. (14). According to boundary condition (5), velocity
slip at the outer surface decreases as o, is increased. This results
in an increase in dissipation, surface flux, and 7,,— 7. Although
both numerator and denominator in Eq. (14) increase, the net ef-
fect is a drop in Nusselt number.

Turning to the energy accommodation coefficient, Fig. 9 shows
that reducing o, results in a significant decrease in the Nusselt
number. For example, at 0,,,=1, r,/r;=1.5, and Kn=0.1, the Nus-
selt number decreases by 32% as o, is reduced from 1.0 to 0.5.
To explain this, we note that since properties are assumed con-
stant, a change in g,, does not affect the flow field. Thus, dissi-
pation, surface heat flux, and flow rate are independent of o,
However, a decrease in oy, is accompanied by an increase in
temperature jump. This leads to an increase in 7,,— 7| and conse-
quently a decrease in Nusselt number.

The Nusselt number for Kn— 0, Nuy,.0, 1S shown in Fig. 9.
For the parameters considered in this figure, the effect of rarefac-
tion is to decrease the Nusselt number. This is consistent with
results observed in microchannels such as parallel plates and tubes
[10-12]. However, departure from the Nuy,,,, diminishes as r,/r;
increases. In Fig. 10, curvature is extended to r,/r;=3. The be-
havior of the Nusselt number with regard to o, and o, is similar
to Fig. 9. However, in Fig. 10, values of the Nusselt number begin
to rise about Nuy,,., as 7,/ 7; is increased. This is due to the effects
of velocity slip and temperature jump, which tend to flatten the
Nusselt number curves.

In Fig. 11, the Knudsen number is reduced to 0.01 with o,
=0.5 and r,/r;=3. Comparing Fig. 10 with Fig. 11 shows that the

Transactions of the ASME



[\ Kn=o01
45>, Op=10__
.\._ Cp= 05 .

Fig. 10 Effect of o,, 0o, and curvature on Nusselt number for
Kn=0.1 in air, y=1.4, Pr=0.7

Nusselt number decreases with increasing Knudsen number. For
example, for o,,=1, 0,,=0.5, and r,/r;=1.5, the Nusselt number
decreases by 42% as the Knudsen number is increased from 0.01
to 0.1.

3.4 Curvature. Solutions (6), (10), and (15), show that veloc-
ity, temperature, and Nusselt number depend on the curvature pa-
rameter r,/r;. The limiting case of r,/r;— 1 represents parallel
plates. Figures 9-11 show the effect of curvature on the Nusselt
number. Increasing the curvature results in a decrease in the Nus-
selt number for various combinations of the parameters Kn, o,
and o,,. In interpreting curvature influence in Figs. 9-11, special
attention should be given to the definition of the Knudsen number
in Eq. (2) and the Nusselt number in Eq. (14). Equation (2) shows
that Kn depends on r,/r;. Thus, for constant A and Kn, an increase
in r,/r; must be accompanied by a decrease in both r; and r, such

roiri

Fig. 11 Effect of o,, and curvature on Nusselt number for
Kn=0.01 in air, y=1.4, Pr=0.7
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Fig. 12 Surface heat flux variation with o,; and o,

that r,—r; remains constant. It follows that a constant Kn curve
defines concentric cylinders having a fixed gap, r,—r;. The defi-
nition of Kn in Eq. (2) and the parameter r,/r; specify the radii r;
and r, as

A ,
r=————— r,=r—
" Knl[ rJr)-11 % 'r

The reduction in Nusselt number with increasing r,/r; can be
explained by examining the effect of r,/r; on dT(r,)/dr and T,,
—Ty in Eq. (14). An increase in r,/r; is accompanied by a reduc-
tion in r;, r,, u, and T, and an increase in velocity slip at r;. This
results in a decrease in dissipation and heat flux at the outer sur-
face. The effect on 7,,— T is evaluated using the definition of 7,
in Eq. (13). Since both u and T decrease, their effect on T,,— T
cannot be predicted qualitatively. For the values of o,,, 0, and
Kn used in this example, the net effect is a decrease in the Nusselt
number. Figure 11 examines the effect of o,, and r,/r; on the
Nusselt number for Kn=0.01 and o,,=0.5. It shows a decrease in
the Nusselt number as o, is increased for a given r,/r;. To ex-
plain this behavior, we return to the definition of the Nusselt num-
ber in Eq. (14). According to boundary condition (5), velocity slip
at the outer surface decreases as o, is increased. This results in
an increase in dissipation, surface flux, and 7,,— 7. Although both
numerator and denominator in Eq. (14) increase, the net effect is a
drop in Nusselt number.

27)

3.5 Surface Heat Transfer. Under steady state conditions,
dissipated frictional energy leaves the channel through the outer
surface. Based on solution (22), surface heat flux is a function of
Kn, o, 0,, and r,/r;, However, it is independent of the energy
accommodation coefficient o;,. Examination of the temperature
distribution (10) shows that o, affects the temperature level uni-
formly throughout the channel. Figure 12 gives the variation of
heat flux with o,; and o, for r,/r;=1.5, and Kn=0.01 and 0.1.
Since dissipation is inversely proportional to velocity slip, it fol-
lows that surface flux increases as o, and o,, are increased.
Changes in o,; and o, near the highest value of unity have con-
siderably less impact on surface flux than changes at low values.
Since values o,; and o, for gas flow over several surfaces are
close to unity [8], uncertainty in o,; and o,, does not result in
large errors in determining surface heat flux. Since velocity slip is
also proportional to Kn, Fig. 12 shows an increase in heat flux as
Kn is decreased from 0.1 to 0.01.

3.6 Examples. To examine the magnitude of temperature rise
due to dissipation, solution (21) is applied to the following cases.
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Case I: Air at 20°C, r;=10 um, r,=20 um, Kn=0.0063,
=10° rpm, and o,=0,,=1.0. Equation (21) gives T(r;)—T(r,)
=8.5X 107*°C. This temperature rise is indeed insignificant. The
tangential velocity of the inner cylinder for this case is 1.05 m/s.
Thus, dissipation at this low velocity is negligible and conse-
quently fluid temperature rise is very small.

Case 2: Air at 20°C, r;=1000 um, r,=1010 um, Kn=0.0065,
0,i=0,,=1.0, and w=10% rpm. Equation (21) gives T(r,)-T(r,)
=3.84°C. The tangential velocity of the inner cylinder is
105 m/s.

4 Conclusions

In this investigation, the microcylindrical Couette flow and heat
transfer problem is solved analytically. The solution is used to
carry out a parametric study of the effects of rarefaction, dissipa-
tion, curvature, and momentum and energy accommodation coef-
ficients on flow and heat transfer characteristics. Key findings are
the following.

(1) Velocity profiles for all Knudsen numbers intersect at a
common location,  /r;, regardless of the values of o,; and
o,,- This location is predicted analytically. It shifts between
the inner and outer surfaces as the values of o,; and o, are
changed.

(2) The momentum and energy accommodation coefficients
have major impact on temperature distribution, heat trans-
fer, and Nusselt number. Under certain conditions, but not
always, temperature profiles for all values of Knudsen
number intersect over a narrow range of r/r;. Knudsen
number effect on temperature reverses direction as this re-
gion is traversed. For all cases, fluid temperature rise across
the channel, T(r;)—T(r,), decreases as the Knudsen number
increases. However, it is independent of the energy accom-
modation coefficient o,

(3) Decreasing o,; and/or o, increases velocity slip, leading to
a reduction in dissipation, temperature, and surface heat
flux.

(4) The Nusselt number decreases with increasing Knudsen
number, the momentum accommodation coefficient of the
outer surface, and curvature. However, the energy accom-
modation coefficient has the opposite effect and the mo-
mentum accommodation coefficient of the inner surface,
o,i» plays no role.

(5) Curvature, as measured by r,/r;, affects velocity, tempera-
ture, surface heat flux, and Nusselt number. For the special
case of r,/r;— 1, the cylindrical geometry approaches par-
allel plate Couette flow. Depending on the value of r,/r;,
using parallel plates to model cylindrical Couette flow can
result in large errors.

(6) Surface flux is independent of the energy accommodation
coefficient.
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Nomenclature
h = heat transfer coefficient, W/m?°C
k = thermal conductivity, W/m°C
Kn = Knudsen number
Nu = Nusselt number
Pr = Prandtl number
surface heat flux, W/m?
r = radial coordinate, m
r* = intersection location of velocity profiles, m
T = temperature, °C

T,, = mean temperature, °C
Greek
y = specific heat ratio
N = mean free path, m
M = viscosity, kg/m s
o, = energy accommodation coefficient
o, = momentum accommodation coefficient
o = angular velocity, rad/s
Subscripts

i = inner surface
macro = corresponding to Kn—0
outer surface
t = temperature
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Introduction

Phase change materials (PCMs) are materials that undergo a
phase transformation, typically the solid-liquid phase transforma-
tion, at a temperature within the operating range of the thermal
application. The latent heat absorption inherent in the phase
change process results in the maintenance of a constant operating
temperature during the melt process. In transient applications,
PCMs can thus be used to absorb heat and maintain operation at a
specified temperature. PCMs have been shown to be effective in
transient thermal abatement by slowing the rate of temperature
increase during transient operation [1].

While basic PCM systems have proven to be effective in low
volume applications [2-12], in larger volumes, the low thermal
conductivity of the PCM (for example, 0.2 W/m K for tricosane)
impedes the thermal performance. The low thermal conductivity
creates a high conductive thermal resistance and leads to the iso-
lation of the melt process near the heat source. Pal and Joshi [13]
numerically analyzed the melting of PCM using a uniformly dis-
sipating flush mounted heat source in a rectangular enclosure and
established that for low thermal conductivity PCMs, melting is
localized near the heat source, whereas for higher conductivity,
heat is more effectively distributed throughout the mass. Krishnan
et al. [14] studied a hybrid heat sink/paraffin combination for use
in electronics cooling applications, finding that paraffin alone is
unsuitable for transient heating applications due to its low thermal
diffusivity. Therefore, for high power applications the design must
be adapted to facilitate more effective heat flow into the PCM.

The PCM is typically contained within a sealed container (mod-
ule) located adjacent to the heat source. The PCM can melt as it
absorbs heat and then resolidify at the end of a power cycle within
this container module. In some cases, embedded finned heat sinks
[15-19] or metallic foams [20-22] have been used to facilitate the
heat penetration from the module walls into the contained PCM
by providing a heat flow path to the module center and thus en-
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3 W and 7 W (1160-2710 W/m?). It was found that the maximum system temperature

decreased as graphite fiber loading levels increased and that the results were fiber-
structure dependent. [DOI: 10.1115/1.2818764]

thermal

suring effective heat absorption through an even melt process.
However, the use of embedded heat sinks and metallic foams has
several significant disadvantages, including added weight, dis-
placed PCM, and the difficulty of manufacturing foams in thick
enough layers for larger modules. This project investigates the use
of graphite nanofibers suspended within the PCM to increase ther-
mal performance without significantly increasing module weight
or size.

One of the most commonly studied PCMs is paraffin wax. Par-
affin waxes in general are inexpensive, thermally and chemically
stable, and have a low vapor pressure in the melt [23]. In this
project, graphite nanofibers are mixed uniformly into a paraffin
wax blend with a melt temperature of 56°C and the thermal per-
formance of the system is quantified.

Graphite nanofibers (GNFs) generally have diameters of
2—100 nm and lengths of up to 100 um [24]. The advantage of
using GNF as the conductivity enhancer is that they exhibit high
surface area [25] and possess thermal properties, which are of the
same order of magnitude of carbon nanotubes [24], but with a
significantly easier and less expensive production process [25].
The suspension of graphite nanofibers in the PCM is expected to
improve the thermal diffusivity and thus the thermal performance
by reducing the bottlenecking of heat flux at the source. The em-
bedding of graphite nanofibers will accomplish this through in-
creased conductivity of the composite material and possibly
through an additional nanofluid-type enhancement effect through
Brownian motion of the particles when suspended in the liquid
phase. This will be accomplished with low fiber loading levels,
thus preserving a maximum volume for PCM and maximizing the
possible heat absorption and duration of melt process.

The GNFs used in this study are grown through the catalytic
deposition of hydrocarbons and/or carbon monoxide over metal
catalysts in a reducing atmosphere using a process previously de-
scribed [25], which will be thus only covered in summary here.
The carbon precipitates as graphite, which initially encapsulates
the metal particle. The catalyst particle is “squeezed” through,
leaving a perfectly formed graphite plane. As each graphite plane
is formed, the fiber grows longer along an axis extending out-
wards from the metal catalyst particle. Through precise manage-
ment of the deposition process, the resulting orientation of these

APRIL 2008, Vol. 130 / 042405-1



a b C

Fig. 1 Styles of graphite nanofibers (a) ribbon, (b) platelet,
and (c) herringbone [25]

graphite planes can be controlled. The standard forms, which are
accurately created in our laboratory, include the ribbon, platelet,
and herringbone styles depicted in Fig. 1. As seen in Fig. 1, the
orientation of the graphitic basal plane is distinctly different in
each case, which may lead to differences in their thermal perfor-
mance. This will be investigated as part of this study. The solid
particles shown in the middle of each fiber in Fig. 1 are the me-
tallic catalysts upon which the fibers were grown. It is possible to
strip the catalyst particle from the fiber after it is grown, but this
was not done for this study. During the growth process, the her-
ringbone fibers exhibit a strong tendency to interlink, often creat-
ing a spongy agglomeration of particles. This characteristic may
be particularly effective in creating a network of linked fibers thus
creating a percolation network to effectively spread the heat
throughout the PCM. This is the first study, which investigates the
use of GNFs with controlled orientation graphite layers to im-
prove PCM performance for application in transient thermal man-
agement.

The closest previous studies include that of Py [26], which
explored the use of amorphously shaped graphite powders embed-
ded in PCMs in which with high carbon loading in the solid
graphite-PCM matrix achieved the same thermal conductivity of
the sole graphite matrix and that of Lafdi et al. [27], which ex-
plored the response of PCMs embedded with carbon nanofibers of
unreported orientation and surface area during the solidification
process only. To the best knowledge of the authors, to date no
studies have been performed on the use of GNFs with precisely
controlled graphite plane orientation to enhance the thermal per-
formance of PCMs during the melting phase.

In this study, the thermal performance of unique PCM/GNF
mixtures created using each of the three types of graphite nanofi-
bers shown in Fig. 1 is quantified as a function of fiber loading
levels for power loads of 3—7 W in transient operation. The per-
formance of the PCM/GNF mixture in both the solid and liquid
phases as well as the interaction of the moving boundary between
the two phases is examined to understand the heat transfer funda-
mentals of this nanoenhanced material
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Fig. 2 PCM module illustrating thermocouple hole spacing.
The spacing is in centimeters.

Experimental Equipment

The PCM module is a cube with an internal sidewall dimension
of 5.08 cm and a total internal volume of 131 cm?. The cube
sidewalls are fabricated from 4.76 mm thick Kydex T Acrylic/
PVC with a thermal conductivity of 0.15 W/m K. The bottom of
the cube is fabricated from 1.58 mm thick copper 110 alloy with a
thermal conductivity of 391 W/m K.

A constant flux is applied to the bottom surface using a 5.08
X 5.08 cm? Kapton resistance heater secured with high tempera-
ture metallic tape and centered directly below the internal volume
of the cube. The top surface of the cube is an isothermal cold plate
maintained at 5°C using a 50/50 mixture of water and antifreeze
supplied from a constant temperature bath. The entire cube is
insulated from the environment using fiberglass insulation. This
cold plate temperature will remain unchanged throughout the heat
absorption process (presented in this paper) and the resolidifica-
tion process (with the heater turned off). In the situation studied
here, it is desired to minimize the recharge time and the soldifi-
cation occurs faster with the cold plate in place. The choice of
cold plate temperature is lower than ambient for this reason, but
the choice of cold plate temperature will not affect the fundamen-
tal behavior of the nanoenhanced PCM.

Five Type T thermocouples (1/16 in OD, stainless steal
sheathed) extend into the PCM module through one sidewall to
record the transient temperature response of the PCM at several
locations and depths (Fig. 2). These thermocouples were held se-
curely in place using external clamps and did not move during the
test run. Thermocouple “bottom™ was 1.27 cm from the bottom
surface and 2.54 cm from either side, along the centerline of the
module. Thermocouple “top” was 3.81 cm from the bottom sur-
face and also along the centerline of the module. Three “middle”
thermocouples were placed 2.54 cm from the bottom surface, with
one on the centerline of the module, one 1.27 cm from the left
side, and the third 1.27 cm from the right side. An additional
surface mount Type T thermocouple was located between the
heater and the bottom surface of the PCM module to record base
temperature. Heat losses from the thermocouples were quantified
[1] and were less than 2%.

The PCM module was designed to establish heat flow from the
bottom heater to the top surface to best analyze the effects of the
embedded nanofibers on the PCM in a controlled environment. As
a zero flux boundary along the sidewalls is not physically achiev-
able, the walls were fabricated from low conductivity material and
further insulated to minimize sidewall heat losses. The applied
temperature difference from top to bottom forces most of the heat
flux to travel vertically from bottom to top of the container and
not out through the sidewalls. Using the thermocouple measure-
ments, it is observed that large temperature differences are found
from bottom to top, while the measurements along the same hori-
zontal plane consistently measured within 1-2°C of each other,
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confirming that heat conduction in the vertical direction is the
dominant path while losses out the insulated sides are small in
comparison. However, as the PCM changes phase, under certain
circumstances, the critical Rayleigh number of the problem is ex-
ceeded and convection currents are initiated within the module,
creating a more complex heat flow field.

It is noted that as the sidewall conductivity (0.15 W/m K) is of
the same order as the base PCM conductivity (0.25 W/m K), a
small proportion of applied power is conducted directly along the
wall height to the cold plate. This proportion decreases as the
PCM conductivity increases with the embedded nanofibers creat-
ing a lower thermal resistance through the GNF/PCM than
through the walls.

Experimental Procedures

The PCM module must be filled with the PCM in its liquid
phase. This is because the density is larger in the solid phase so as
the PCM solidifies it contracts leaving an ullage space at the top
of the module. To completely fill the module, 105 g of solid par-
affin wax is melted completely at 56°C and carefully transferred
to the module for pure PCM baseline testing. In the solid phase,
the base PCM material has a thermal conductivity of
0.25 W/m K, a heat capacity of 2.1 kJ/kg K, and a latent heat of
fusion of 34 kJ/kg.

For the GNF/PCM blends, 105 g of paraffin wax is melted and
an appropriate weight of the selected style of graphite nanofiber is
carefully added to the liquid paraffin wax to create the proper
weight percentage (wt %). The graphite nanofibers are added to
the PCM to create weight percentages (wt %) of 0.25%, 0.5%,
1.0%, and 5% for each of the selected types: ribbon, platelet, and
herringbone (see Fig. 1). The graphite nanofibers were manufac-
tured by the catalytic decomposition of various hydrocarbons as
discussed in the Introduction and as well described in a previous
paper [25]. Representative samples of nanofibers were measured
by transmission electron microscopy and ranged in diameter from
4 nm to 10 nm with nominal lengths of 1 um.

The liquid PCM/GNF mixture is then sonicated for 4 h using a
SONICS VC505 Ultrasonic Processor with a 0.635 cm stepped
microtip to ensure thorough mixing and even distribution of the
GNF throughout the PCM. Following sonication, the liquid mix-
ture is poured gently into the module with the thermocouples al-
ready in place, completely filling it. The sonication results in the
random and uniform dispersion of fibers within the PCM. How-
ever, as they are suspended, and not anchored in any way to the
PCM, the fibers will move randomly. They stay uniformly distrib-
uted during this time. When left in the liquid phase to observe any
settling effects, the GNF remained uniformly distributed for the
duration of each test, which lasted a minimum of 24 h. The mix-
ture is cooled completely to room temperature before the testing
takes place so that each test begins with the PCM in the solid
phase with a consistent initial condition of 7;,;;,=22°C. A vol-
ume decrease takes place upon phase transition from liquid to
solid, creating a concave ullage space at the top of the module.

After each experiment the PCM/GNF mixture is resonicated if
the test is to be repeated. If resonficiation is not completed, sig-
nificant settling of the GNF is observed by the third melting/
solidification cycle. It appears to be the volume expansion/
contraction, which drives the settling process. Additives, which
can prevent fiber settling, are being investigated, but those are not
addressed in this paper.

The heat capacity and thermal conductivity of the PCM/GNF
blends in the solid phase were measured experimentally and re-
sults are presented in Table 1. Heat capacity was measured by a
differential scanning calorimeter (TA Instruments, model DSC
2010). The thermal conductivity of the fiber-PCM matrix was
measured for the solid phase using a 100 cm?® sample. The sample
was prepared by filling the 131 cm® PCM module with the liquid
GNF/PCM mixture. This mixture was allowed to cool and so-
lidify, contracting in volume with the phase change. The resulting
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Table 1 Thermal properties (C,=heat capacity, k=thermal
conductivity, and a=thermal diffusivity) of PCM and PCM/GNF
composites

C, k a’'10°
Material (kJ/kgK)  (W/mK) (m?/s)
Base PCM 2.1 0.25 0.14
PCM/0.25 wt % Herringbone GNF 2.1 3.5 1.9
PCM/0.25 wt % Platelet GNF 2.2 29 1.5
PCM/0.25 wt % Ribbon GNF 2.1 2.1 1.1
PCM/5 wt % Herringbone GNF 1.9 17.2 10.0
PCM/5 wt % Platelet GNF 2.0 25.3 139
PCM/5 wt % Ribbon GNF 2.1 29.8 15.6

solid with a concave ullage space was removed from the module
and cut into a perfect 100 cm?® sample. This sample was insulated
with fiberglass insulation and instrumented with thermocouples at
precisely known locations along its height (along the centerline).
A known amount of low power was applied using resistance heat-
ing placed in the exact center of the cube and the system was
allowed to reach steady state. The power load was selected to
allow the cube to always stay below the melt temperature. With
the known power load and separation distance of the thermo-
couples, the thermal conductivity of the solid could be calculated
using Fourier’s law. It can bee seen that the addition of the GNF
has a strong influence on thermal conductivity, increasing it two
orders of magnitude, while not adversely affecting the heat capac-
ity.

At the start of each test run, the sample solid in the module is at
a consistent initial condition of 22°C. In order to avoid dealing
with two transient conditions simultaneously, the cooling water
flow is first initiated to the cold plate and the module temperatures
are allowed to stabilize before power is supplied to the heater.
This develops a known temperature profile in the solid matrix.
The heater is then turned on and the transient response of the
PCM blend is recorded using the five embedded thermocouples
and the base thermocouple. The thermocouple responses are re-
corded every 5 s to properly capture the nature of the transient
response over the 10 h it takes to establish steady-state conditions.
However, the shear volume of data over this duration necessitates
that for clarity the temperature response be reported only every
20 min on the graphical representation of the data in this paper.
The full data set has been analyzed and no discontinuities are seen
between presented data points. The applied power is varied from
3 Wto7 W.3 W allows the study of the thermal response of the
material without a complete phase transition, while 7 W is enough
power to trigger the phase transformation.

Results and Discussion

This project investigates the use of suspended graphite nanofi-
bers to improve the transient thermal response of PCM systems.
The thermal performance of paraffin PCM/GNF mixtures created
using each of the three types of graphite nanofibers shown in Fig.
1 is quantified as a function of fiber loading level for weight
percentages (wt %) of 0.25%, 0.5%, 1.0%, and 5% and power
loads of 3—7 W in transient operation. The performance of the
PCM/GNF mixture in both the solid and liquid phase as well as
the interaction of the moving boundary between the two phases is
examined.

Figure 3 shows the transient response of the pure paraffin PCM
with 7 W of applied power. The primary temperature difference is
seen to be from bottom to top with a temperate gradient of
10-35°C. The primary heat flow path is designed to be from
bottom to top and consistent with this design; the three middle
thermocouples were found to consistently record temperatures
within 1-2°C of each other. Thus for clarity of the graphs, the
average value of the three middle thermocouples is presented.
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Fig. 3 Transient thermal response of pure paraffin PCM mod-
ule with 7 W applied power

Additionally, although data were collected every 5 s, for clarity
over the long time scale of the experiment the temperature re-
sponse is reported only every 20 min. The full data set has been
analyzed and no discontinuities are seen between presented data
points. The graphical representation of the data begins at the time
the heater is turned on. At this point, the cold plate has already
been initiated and the initial condition of ambient temperature
throughout the PCM has been affected by the cold plate, estab-
lishing the temperature profile shown at time represented as =0
on Fig. 3.

The difference in the transient response of the thermocouples at
the different distances from the heat source is clearly evident,
indicating a strong effect of the low thermal conductivity of the
PCM material. The bottom thermocouple, which in the PCM is
closest to the heater, closely follows the transient temperature
trend of the base heater. This location does exhibit a slight tem-
perature overshoot of about 4°C before settling to steady state,
which is attributed to the stratification of temperatures occurring
before the establishment of Rayleigh—-Benard convection currents
even out the temperature distribution in the liquid.

A significant temperature differential between the top and bot-
tom thermocouples is established and reaches as high as 35°C
about 90 min into the test. At this point, the module features a
heated liquid layer at the bottom with solid PCM toward the top.
The bottom thermocouple records the heating of the liquid layer
while the top thermocouple remains firmly embedded in the solid
layer until the melt front reaches the top of the module. Once the
entire volume is in the liquid state, the internal Rayleigh—-Benard
convection currents act to mix the volume and lead to a tempera-
ture equilibration, which occurs 8°C above the melting tempera-
ture of the PCM. The thermal response, as expected, creates a
Stefan problem with the melt front progressing until the entire
mass transitions from solid to liquid.

It can be seen in Fig. 3 that there is no point at which the
temperature remains steady at the melt temperature for an ex-
tended period of time. This is due to the nature of the heating
process and the measurement techniques used in this low conduc-
tivity solid. As the PCM is heated, as seen in Fig. 3, a significant
temperature difference develops between the bottom and top of
the module. As discussed, this leads to a heated liquid layer at the
bottom with a solid layer of PCM floating above. As the melt front
slowly progresses from bottom to top, each embedded thermo-
couple transitions in turn from being embedded in solid PCM to
being exposed to the heated liquid layer. The entire mass of PCM
did not heat up uniformly to the melt temperature and maintain
operation at this point for an extended period, as is often desired
in phase change thermal management systems. Instead, we see a
variation on the Stefan problem with a slow progression of the
melt front through the module from bottom to top.
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The top thermocouple reached steady state and bulk of the
PCM was entirely melted 1.3 h after the bottom thermocouple
first reaches the steady-state temperature and this temporal lag
between two thermocouples located only 2.54 cm apart is related
to the reduced ability of the heat to penetrate the PCM mass. It is
clear that the low thermal conductivity and thermal diffusivity of
the PCM (see Table 1) limit the effectiveness of the PCM. If a
system is exposed to a discrete thermal load as is the case here,
the low-conductivity PCM may not be able to absorb and suppress
the transient heat loads quickly enough. Instead, the response will
be isolated near the heat source and the volume of PCM farthest
away will not respond to the applied heat load or contribute to the
thermal management. This may limit the effectiveness of this
technique for high power and fast transient heat loads. The re-
mainder of this paper explores the use of GNFs as additives to the
PCM to enhance the thermal response. This can be done using
small fiber loadings, displacing very little of the PCM in the mod-
ule and thus maximizing the available thermal storage. By im-
proving the thermal diffusivity and thus the response time to an
applied heat load, the effectiveness of the PCM as a transient
thermal abatement technique is improved.

Under ideal conditions, the PCM with embedded GNFs will
heat quickly and all locations within the module will reach the
melt temperature without significant temporal delays, avoiding
thermal bottlenecks at the heat source. Once the melt temperature
is reached, it would be desirable for the GNF/PCM mixture to
remain at this temperature for a long transient as the PCM melts
before finally obtaining a low steady-state temperature. The
steady-state temperature of the PCM and heat source must always
be maintained below the design temperature limit of the source. If
the final steady-state temperature falls below the melt tempera-
ture, the PCM will remain in the solid phase. In this case, the
PCM acts simply as a heat spreader. Although this would accom-
plish the ultimate goal of maintaining a heat source below a de-
sired operating temperature, this arrangement would not take full
advantage of the natural heat storage capabilities of the PCM. In
the case where the PCM remains solid, it will be possible to
provide more power to the device while still remaining below
desired operating temperature. Typically a PCM module would be
designed for a particular application to provide a long transient
period of effectiveness during which the PCM melts completely at
which time the source is turned off and the PCM allowed to re-
solidify.

The transient response of GNF/PCM mixtures in various wt %
for each of the fiber types is analyzed. The thermal situations,
which occur in these tests, are extremely complex and involve
physical interaction between several distinct states. Initially, the
entire mass is in the solid phase. As the heat penetrates the mass,
the melt temperature is reached first at the bottom of the module
and the progression of the melt front can be observed through the
module. During this time, the module features first a stable liquid
layer with a solid layer above, and conduction is the dominant
heat transfer mechanism in each phase. However, as the tempera-
ture in the liquid layer continues to rise, Rayleigh-Benard convec-
tion currents are induced in the liquid, while the solid phase re-
mains stable above this convective environment, leading to
convection-conduction interaction at the melt front. Finally, once
the entire mass has melted, the module contains a fully liquid
phase with convection and the steady-state temperature is ob-
tained with minimal thermal gradients throughout the module.
This behavior is made more complex by the addition of the GNF,
which increase the viscosity of the mixture at high wt % and thus
influence and even suppress the development of Rayleigh—Benard
convection in the liquid phase.

The thermal responses of 0.25 wt % mixtures of each GNF
style with 7 W of applied power are shown in Figs. 4—6. It is seen
that there is a significant difference in the thermal response be-
tween the pure PCM (Fig. 3) and the response of each of the
0.25% GNF/PCM mixtures (Figs. 4—6). The pure PCM module
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Fig. 4 Transient thermal response of 0.25% herringbone GNF/
PCM mixture with 7 W applied power

featured complete melting of the PCM mass and establishment of
Rayleigh—Benard convection currents, which equalized the tem-
perature throughout the module at steady state. However, with the
addition of 0.25 wt % GNF, only the mixture using ribbon style
fibers exhibited complete melting. A significant delay to steady
state is seen when compared to the pure PCM case. It took 10 h
for the melt front to reach the top thermocouple in the 0.25 wt %
ribbon GNF/PCM mixture as compared to 2.5 h for the pure
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Fig. 5 Transient thermal response of 0.25% platelet GNF/PCM
mixture with 7 W applied power
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Fig. 6 Transient thermal response of 0.25% ribbon GNF/PCM
mixture with 7 W applied power
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Fig. 7 Transient response of the bottom thermocouple for the
0.25% PCM/GNF module with 7 W applied power compared to
the pure PCM module

PCM. The temperature response in Fig. 5 indicates that the move-
ment of the melt front stalls between the middle and top thermo-
couple locations for the 0.25% platelet GNF/PCM mixture, while
Fig. 4 shows that the melt front remains isolated below the mid-
plane of the module for the 0.25% herringbone GNF/PCM mix-
ture.

Although the thermal response is distinctly different for each
fiber style, even at this low weight percentage, none of the fiber
styles was able to significantly impact the thermal diffusivity
enough to effect a change in the temperature stratification between
thermocouples during the progression of the melt front. With both
the herringbone and platelet fibers, large temperature differences
persisted throughout the module both during the transient and at
steady states, since complete melting was not achieved. Figure 6
shows that the GNF/PCM mixture with ribbon fibers most effec-
tively conducted the heat throughout the PCM module and com-
plete melting was achieved, the ribbon GNF/PCM mixture did not
exhibit a significantly lower overall steady-state temperature when
compared to the pure PCM. However, the delay to steady state is
advantageous, leading to a longer transient effectiveness of the
PCM module without significant reduction in the available latent
heat of fusion for thermal energy storage.

Comparisons of the thermal response at the top and bottom
thermocouples for each mixture are shown in Figs. 7 and 8. The
thermal diffusivity of the ribbon and platelet GNF/PCM mixtures
was improved when compared to that of the pure PCM when in
the solid phase, due to enhanced effective thermal conductivity
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Fig. 9 Transient response of the bottom thermocouple for the
0.25% PCM/GNF module with 3 W applied power compared to
the pure PCM module

(see Table 1). However, as the mixture approaches the melting
point, the thermal response of the mixture slows as exhibited by
the change in slope. Once the melting temperature is reached and
Rayleigh—Bernard convection currents develop in the liquid phase
the GNF acts to spread the heat effectively through the liquid and
at the melt front. This thermal response is desirable, as it is desir-
able for the PCM to conduct heat effectively in the solid phase to
reduce high thermal resistances and then upon melting, continue
to effectively transfer heat at the melt front into the solid phase
above.

The herringbone fibers had the lowest operating temperatures at
this loading level, indicating better heat conduction throughout the
module and leading to the observation that this GNF/PCM mix-
ture could handle the dissipation of much higher heat loads. The
thermal response of the herringbone GNF/PCM mixture was sig-
nificantly different from that of the platelet or ribbon mixtures and
may be rated to the different physical characteristics of the fiber
styles. The herringbone fibers exhibit greater clumping and ag-
glomeration than either of the other two fiber types and this
clumping leads to greater fiber-fiber interaction, enhancing heat
conduction along fiber-fiber paths.

To more closely examine the influence of the GNFs on heat
conduction in solid PCM, the same modules were exposed to 3 W
applied power. For this power loading, all mixtures remained in
the solid phase throughout the duration of the test. The thermal
response of the bottom thermocouple is shown in Fig. 9. The
ribbon fiber mixture reached the highest temperature with a
steady-state temperature of 7°C above that of the pure PCM. The
herringbone GNF/PCM mixture has a lower temperature than the
pure PCM while the platelet fibers exhibit minimal effect. These
results show that the herringbone fibers are more effective at
transferring heat from the heat source throughout the solid PCM/
GNF composite at a loading of 0.25% than the other two types of
fibers. The herringbone’s effectiveness is perhaps due to the
greater fiber linkage, leading to a lower temperature at the bottom
thermocouple. This translates into improved thermal conductivity
and thermal diffusivity of the herringbone fiber matrix at this fiber
loading level when compared to the other types (see Table 1).

The change in thermal response with an increase in wt % to
0.5% is seen in Figs. 10 and 11 for the same power level as before
(7 W). The response is similar to that seen for the 0.25 wt % in
Figs. 7 and 8. The primary change is that now the ribbon and the
platelet GNF/PCM mixtures exhibit more complete melting. Both
the platelet and ribbon fiber mixtures exhibit melting at the top
thermocouple at roughly 325 min and both delay steady state as
compared to the pure PCM. The ribbon fibers show an overshoot
in the final steady-state temperature of the top thermocouple,
which is corrected once complete mixing occurs. The heat is seen
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Fig. 10 Transient response of the bottom thermocouple for
the 0.5% PCM/GNF module with 7 W applied power compared
to the pure PCM module

to conduct more efficiently with the slightly higher wt %. The
thermal response of the herringbone GNF/PCM mixture is very
similar to that seen with the 0.25 wt % loading albeit with a
slightly reduced steady-state temperature and a longer time to
steady state due to more efficient heat conduction. Once again,
although complete melting was not achieved, the herringbone fi-
bers again spread the heat most effectively in the sold phase,
reducing the temperature gradients throughout the module.

The change in thermal response with a further increase in wt %
to 1.0% is seen in Figs. 12 and 13 for the same power level as
before (7 W). The primary change in the physical response is seen
in Fig. 13 where it is clear that all of the 1% GNF/PCM mixtures
feature both melting of the entire mass, a delay to steady state and
a slightly reduced steady-state temperature when compared to the
pure PCM. The herringbone and platelet GNF/PCM mixtures de-
layed time to steady state by about 100 min and the ribbon mix-
ture by about 350 min. The 1% ribbon GNF/PCM mixture de-
layed steady state by 350 min, slightly longer than with 0.5%
loading, but only achieved a 4°C reduction in the steady-state
temperature at the top thermocouple, while the 0.5% loading fea-
tured a 9°C reduction. These results are related to the complex
interactions of fiber loading, viscosity in the liquid phase, and the
establishment of Rayleigh—Benard convection. It appears that the
increased viscosity due to the higher fiber loadings acts to sup-
press the motion of the liquid and the establishment of Rayleigh—
Benard convection. This is particularly seen at this loading level
with the ribbon fibers. The thermal response of the bottom ther-

80
TW
70 1 |top
Gt *4900e00000ee '::I AMAAAAAAAALAAL
60 - o asd®begy 4
. Ae® 1

w
(=]
L
L

Temperature (°C)
s
(=3

30 1
20 ¢ PCM only

u 0.5w1% Herringbone
10 4 0.5wt% Platelet

® 0.5wt% Ribbon

0 T T T T T T T T T T T
0 50 100 150 200 250 300 350 400 450 500 550 600
Time (min)

Fig. 11 Transient response of the top thermocouple for the
0.5% PCM/GNF module with 7 W applied power

Transactions of the ASME



80
TW
70 { |bottom
] .‘i ¢
60 o
~ o,
O 501 s
g 50 LIRS
Saen
E 40 oaon
o gt
| 8=
S 30 z.
208 * PCM only
® 1.0wt% Herringbone
10 4 4 1.0wt% Platelet
® 1.0wt% Ribbon
0 T T T T T T T T T T T
0 50 100 150 200 250 300 350 400 450 500 550 600

Time (min)

Fig. 12 Transient response of the bottom thermocouple for
the 1.0% GNF/PCM module with 7 W applied power

mocouple (Fig. 12) shows that the ribbon GNF/CM mixture heats
up much faster in both the solid and liquid phases than the pure
PCM. This is different than the results seen for the 0.25% and
0.5%, which showed a change in slope as the material transitioned
to liquid. In this case, convection is suppressed, the heat transfer
to the solid layer above is reduced, and the more viscous mixture
continues to heat up rapidly at the module bottom. With the sup-
pression of convection in the liquid layer below, the solid layer
above now heats up more slowly, as seen in Fig. 13 for the ribbon
fibers.

With an even further increase in fiber loading levels to 5 wt %,
the effects of suppressed convection become more significant and
expand to the platelet mixture. The bottom thermocouple’s re-
sponse to 7 W of power is shown in Fig. 14 while the top ther-
mocouple’s response is shown in Fig. 15. The ribbon and platelet
GNF/PCM mixtures now exhibit temperatures higher than that of
even the pure PCM with a steady-state temperature 12°C above
that of the pure PCM. However, the herringbone GNF/PCM mix-
ture has the most uniform temperature gradient throughout the
module of any case examined to date.

The high fiber loading levels improved conduction in the solid
phase and the viscous liquid phase, leading to overheating of the
bottom liquid layer for the platelet and ribbon cases. However,
because Rayleigh—Benard convection was not established, the
built-up heat in the viscous liquid layer failed to penetrate as
effectively as before into the solid PCM above. Therefore, the
module exhibits the highest temperatures of any case near the
bottom and the lowest near the top, leading to the highest tem-
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perature gradients and least effective thermal performance. These
results indicate that there may be a fiber loading level that will
allow for optimized performance, which would feature improved
thermal spreading throughout the PCM, a delay to steady state,
complete melting of the PCM, a reduced base temperature, and a
reduction in overall module steady-state temperature.

To examine the possibility of an optimal fiber loading point, the
herringbone GNF/PCM was examined with increasing weight per-
centages. The herringbone fiber style was selected because of its
strong performance in reducing thermal gradients in the previous
studies. Starting with the 1% mixture, herringbone fibers were
added to increase the weight percentage in increments of 0.25%. It
was found that a 3.75% herringbone GNF/PCM mixture improved
heat penetration throughout the PCM, delayed the onset of steady
state of the module, and reduced the overall steady-state tempera-
ture of the module (Fig. 16). The steady-state temperature in this
case occurred at the melting point of the PCM. Steady state at the
melt points leads to increased temporal effectiveness of the PCM
as it remains in thermal equilibrium at the melting/solidifcation
interface. This finding shows that GNF can be used to effectively
enhance PCMs and improve their transient thermal abatement
characteristics, but that their effect is complex and higher fiber
loading levels do not necessarily lead to improved thermal char-
acteristics.

Conclusions

The low thermal conductivity of PCMs limits their effective-
ness in the transient thermal management of larger volume sys-
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Fig. 16 Transient response of the pure PCM and a 3.75% her-
ringbone GNF/PCM mixture with 7 W applied power

tems by creating large thermal differences throughout the PCM.
To improve the performance of a paraffin PCM, GNFs were em-
bedded into the PCM. Under the properly selected conditions, the
GNFs were able to delay steady state, reduce thermal differences
throughout the PCM, improve the thermal response close to the
heat source, and lower the source temperature.

Even at low fiber loading levels, the GNF/PCM mixtures were
able to more effectively conduct heat and delay steady state, but a
significant portion of the PCM did not undergo phase change and
hence the large latent heat of melting available in the PCM for
transient thermal management was not fully utilized.

Thermal performance was found to be fiber style dependent. As
the GNF weight percentage increased, initially the thermal re-
sponse improved, but at significantly high GNF loadings,
Rayleigh-Benard convection is suppressed and the PCM becomes
overheated near the heat source. An optimal fiber loading level
was found to prevent overheating, delay steady state, and reduce
steady-state temperature.
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Effect of Brownian Motion on
Thermal Conductivity of
Nanofluids

Nanofluids, i.e., liquids containing nanometer sized metallic or nonmetallic solid par-
ticles, show an increase in thermal conductivity compared to that of the pure liquid. In
this paper, a simple model for predicting thermal conductivity of nanofluids based on
Brownian motion of nanoparticles in the liquid is developed. A general expression for the
effective thermal conductivity of a colloidal suspension is derived by using ensemble
averaging under the assumption of small departures from equilibrium and the presence of
pairwise additive interaction potential between the nanoparticles. The resulting expres-
sion for thermal conductivity enhancement is applied to the nanofluids with a polar base
fluid, such as water or ethylene glycol, by assuming an effective double layer repulsive
potential between pairs of nanoparticles. It is shown that the model predicts a particle
size and temperature dependent thermal conductivity enhancement. The results of the
calculation are compared with the experimental data for various nanofluids containing
metallic and nonmetallic nanoparticles. [DOI: 10.1115/1.2818768]

Keywords: nanofluid, Brownian motion, thermal conductivity

1 Introduction

Nanofluids are liquids which contain nanometer sized metallic
or nonmetallic particles suspended in them. Compared to ordinary
fluids containing microsized particles, nanofluids are more stable,
do not clog flow channels, and also show a considerable increase
in thermal conductivity for very small volume fraction of solid
particles [ 1-8]. Due to their improved heat transfer characteristics,
nanofluids have potential application in many heat transfer areas.
Conventional theories employing continuum models underpredict
the relative increase in thermal conductivity obtained by addition
of nanoparticles. This failure has been attributed to the lack of
particle size as a parameter in the continuum models and as a
consequence, other possible mechanisms, namely, Brownian mo-
tion, clustering of nanoparticles liquid layering close to nanopar-
ticles, and nature of heat transport in nanoparticles, have been
suggested [9-11]. Recent experiments [6,7] have established the
importance of Brownian motion as the dominant mechanism be-
hind the enhanced thermal conductivity of nanofluids. It has been
found that smaller nanoparticles contribute more to thermal con-
ductivity at elevated temperatures.

Various models focusing on either Brownian motion or liquid
layering as the dominant mechanism have been proposed in the
literature. Jang and Choi [12] analyzed Brownian motion of nano-
particles as a possible mechanism for explanation of high thermal
conductivity of nanofluids and developed a model based on the
assumption that ordered layers of liquid atoms close to the nano-
particle surface act as a hydrodynamic boundary layer. Unlike
conventional Hamilton—Crosser model [13], their model was able
to predict a particle size and temperature dependent thermal con-
ductivity of nanofluids. However, their assumption of this hydro-
dynamic boundary layer being 3 atomic diameters thick seems
highly unrealistic. Bhattacharya et al. [ 14] used Brownian dynam-
ics simulation to calculate the thermal conductivity of nanofluids.
Two unknown parameters in the potential function between two
nanoparticles were chosen to reproduce two experimental data
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points for thermal conductivity of a given nanofluid system. Using
this empirical potential, good agreement was reported between
calculated and experimental values of thermal conductivity. Xuan
et al. [15] developed a theoretical model for predicting thermal
conductivity of nanofluids by taking into account physical prop-
erties of both fluid and solid nanoparticle and the structure of
nanoparticle clusters. Xue [16] developed a theoretical model
based on Maxwell and average polarization theory for predicting
thermal conductivities of nanofluids by taking into account the
presence of a thin liquid layer around nanoparticles. The thermal
conductivity of the liquid layer was assumed to be higher than the
thermal conductivity of the bulk liquid. Good agreement with the
experimental data was reported for nanotube/oil and alumina/
water mixtures; however, the choice of thickness and thermal con-
ductivity of the liquid layer remained empirical. Xue et al. [17]
used molecular dynamics simulations to analyze the effect of lig-
uid layering on thermal conductivity of a thin liquid film confined
between solid walls. Wang et al. [18] developed a theoretical
model for estimating thermal conductivity of nanofluids based on
effective medium approximation and fractal theory for the de-
scription of a nanoparticle cluster and its radial distribution. Ku-
mar et al. [19] developed a model based on kinetic theory, which
assumes an unrealistic mean free path of 0.01 m for nanoparticles
in liquid. Prasher et al. [20,21] modeled the effect of Brownian
motion through a convective heat transfer coefficient for flow
around a sphere. However, use of such an approach involving
macrorelations at length scales of 10—20 nm is difficult to justify.
Recently, Wang et al. [22] emphasized the role played by inter-
particle potential in the enhanced heat transfer in nanofluids. Va-
dasz [23] suggested transient heat conduction process as one of
the possible reasons behind the experimentally observed increased
thermal conductivity of nanofluids. Xuan and Li [24] reported an
increase in the convective heat transfer coefficient of copper/water
nanofluid suspension when compared to that of water at the same
Reynolds number. The importance of Brownian diffusion and
thermophoresis as the primary slip mechanisms in nanofluids was
highlighted in Ref. 25 through a detailed analysis of the convec-
tive heat transfer coefficient enhancement.

In the past, a significant research effort has gone into analyzing
the effect of Brownian motion on viscosity and diffusion coeffi-
cient of a suspension (see Refs. 26 and 27). In comparison, how-
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Fig. 1 Schematic showing coordinate system for N identical
spheres in a volume V

ever, there is limited work on the study of thermal conductivity of
colloidal nanofluid suspensions. Our objective in this work is to
deduce macroscale thermal conductivity from the nanofluid sus-
pension microstructure and to accomplish this, we employ appro-
priate averaging techniques and determine the suspension thermal
conductivity as a function of nanoparticle characteristics (size,
volume fraction, interparticle potential) and liquid properties (vis-
cosity, temperature).

This paper is organized as follows. The details of the model
along with elaborate theoretical analysis of the effect of Brownian
motion on thermal conductivity of nanofluids using a microscopic
approach similar to Refs. 28 and 29 for motion of particles in the
presence of temperature gradients are described in Secs. 2 and 3.
In Sec. 4, an expression for the effective thermal conductivity
enhancement of a nanofluid is derived in terms of various particle
characteristics and fluid properties. Detailed comparison between
theoretical predictions and the available experimental data is made
in Sec. 5. Conclusions and future work are then discussed.

2 Model

In the model, we assume a nanofluid to be comprised of mono-
dispersed spherical nanoparticles of radius a and thermal conduc-
tivity N, suspended in a liquid of thermal conductivity As. The
liquid medium is assumed to be of infinite extent with a mean
temperature 7(r), where r denotes position in the medium, and an
average temperature gradient G, which is given by

(1)

| fVT(r)dr

G = lim —f VIdV="———
S|

dr

Voo
The volume V is assumed to be a very large volume consisting of
N nanoparticles, which are determined by their positions r; and
velocities u; with i=1,...,N, as shown in Fig. 1. The volume
fraction of the nanoparticles ¢ is related to the number density n
through their radius a as ¢=§7Tna3, where n=N/V. The resulting
average heat flux F in the system due to the presence of tempera-
ture gradient is given by
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1
F = lim —f Jav (2)
\%4

Vo

where J(r) is the heat flux at position r. This expression is con-
verted into an integral over the volume occupied by spherical
nanoparticles V,, and the remaining liquid volume V-V, [30,31]

as
1
F=lim —(f dev+f J;dV) (3)
V—oo 1% Vp V—Vp

For the heat flux in the liquid J;, we use regular Fourier’s law to
obtain

Jf(r) =— AV T(r) 4)

The expression for the heat flux inside the spherical nanoparticle
is modified in order to account for both conduction through the
solid, which is modeled using Fourier’s law, and a Brownian mo-
tion contribution. Thus, we have the following expression [32,33]:

J,(r) ==X\, VTI(r) + U(r)u(r) (5)

The first term in the above expression corresponds to the contri-
bution due to the intrinsic thermal conductivity of nanoparticles,
whereas the second accounts for the contribution from their mo-
tion. The contribution from the Brownian motion of the nanopar-
ticle stationed at r and having energy U(r) and velocity u(r) is
specified through the flux of energy density, U(r)u(r), convected
by it. With the above expressions for local heat flux, we obtain the
following for the average heat flux in the system:

V—o V—o

1 1
F=-\G + lim ‘—J (\;=\,) V TdV + lim —f UudV
VI’ V[’

(6)
In the above expression, the first two terms represent macroscopic
contribution to the average heat flux simply due to the presence of
higher thermal conductivity nanoparticles, whereas the third term
represents the contribution due to Brownian motion of nanopar-
ticles. In the present work, we are concerned with dilute nanofluid
suspensions so that the volume fraction of nanoparticles ¢<<1 and
contributions of O(¢?) or higher to thermal conductivity are ig-
nored. Various models have been developed in the literature for
calculation of macroscopic contribution and we choose Hamilton—
Crosser model [13] due to its wide range of applicability with
which the expression for the average heat flux becomes

F=F,+F,

. )\{xp+2>\f+2¢(x,,—>\,-)}
METUN # 20— B0, - )

1

Fzp=1lim — | UudV (7)
V—oo V %

where F,, represents macroscopic contribution (given by

Hamilton—Crosser model) and Fp represents contribution from

Brownian motion.

3 Brownian Motion in Presence of Temperature Gra-
dient

Before we can make further progress in identifying the heat flux
due to Brownian motion Fp, we need to find an expression relat-
ing u(r) to the local temperature gradient V7(r). Dhont [28,29]
presented a general framework for theoretical analysis of motion
of a Brownian particle in the presence of small temperature gra-
dients using a statistical and microscopic approach, respectively.
In the present work, we use the same approach and assume that
the particles interact with each other through a direct pair poten-
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tial, W(r;;|T), and through hydrodynamic interactions, which are
assumed to be given by the Stokes flow response of the solvent
fluid to the motion of the suspended nanoparticles in the limit of
zero inertia. Note that the dependence of the interparticle potential
on temperature, which is usually observed in studies on colloids
[26], is also accounted for in the model. The microstructure of the
nanofluid suspension is specified by the function Pl(\],v)(rN), which
gives the probability of finding spheres centered simultaneously at
r¥=(r,,....ry). The translational velocity u, of the nanoparticle i
is then related to the forces ff that the fluid exerts on the spheres
j as
N

oS M ®)

_
6mua’Z

M;; in the above expression represents elements of the generalized
friction tensor, which determines the force on the nanoparticle i at
r; due to nanoparticle j centered at r;. Thus, the fact that a moving
sphere induces a flow field in the solvent which in turn affects the
motion of other particles is accounted for. In the present analysis,
we assume that the nanoparticles are well separated and move
independently so that the hydrodynamic interactions amongst par-
ticles are negligible. With this assumption, there is no coupling
between u; and fj-l for i# j, and Stokes law holds for each nano-
particle

£ = - 6muau; ©)

A force balance on each spherical nanoparticle implies an equilib-
rium between the hydrodynamic force f?, interaction force f; from
the potential between nanoparticles, and the Brownian force f?
which when combined with Eq. (9) yields

1
6mua

u=- = (f +£9) (10)

6mpa

Following Ref. [29], we assume small temperature gradients so
that the local temperature can be expanded as

T( : ; rl) =T(r) + %rij -ViI(r) (1)

Assuming small local deviations 8T(r)=T(r)—T from the mean
temperature 7, the interaction force is given by

f/=-V, > V(r,|T)
JFi

== 2 VU(r|1) - E{mr vrm} —V(r|7)
J#Fi J#Fi

(12)
where \If(r,-j|T) is the interparticle potential assumed to be pair-

wise additive. In a similar way, it follows that, to leading order in
deviations of temperature 87(r), the Brownian force is given by

£ = — kpT(r)V; In{P{" (x") T(r)} (13)

Substitution of Eqgs. (12) and (13) into Eq. (10) gives the expres-
sion for velocity of nanoparticle i in the presence of temperature
gradient as

u’:_%/ 2 Viq,(rji|T)+ E (éT(ri)

J#i J#i
r/,--V,-T(r,-)> — VU (r;|T) + kgT(r)V, In(PY (M) T(r,)

(14)

where y=6mua. More detailed derivation of these results can be
found in Ref. [29], where analytical expressions for the diffusion
and thermodiffusion coefficient have also been derived.
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4 Effective Thermal Conductivity of a Nanofluid Sus-
pension

It follows from Eq. (14) that the velocity of the nanoparticle, in
the presence of small temperature gradient, comprises of a hydro-

dynamic part and a potential interaction term. From Eq. (7), the
Brownian contribution to the average heat flux is given by

1
Fjy=lim —f Uudv——E
v \%4
P

Ve Via Jy,

UudV (15)

where V; denotes the volume of a nanoparticle with center at r;.
Assuming ergodicity, the summation in Eq. (15) over a large num-
ber of identical particles in volume V is equivalent to N times an
average of Uu over all configurations of the surrounding particles.
Thus, we have

N
——Z UudV: f (E u,»ui)P%V)(rN)drN (16)

i=1

for the Brownian contribution to the average heat flux. In a similar
way, the expression for average temperature gradient in the sys-
tem, given by Eq. (1), is transformed into an integral over con-
figuration r" as

= f V1) PN () drY (17)

The energy carried by the particle for a particular configuration r"
is given by the sum of its kinetic, internal, and potential energies
as

N

E;= Z/{V——m\u|2+CT(r)+£ > Wyl
JFij=1

(18)

where C denotes the heat capacity of a single nanoparticle of mass
m. Therefore, the expression for Fy reduces to

N N
1 1 N
Fp=— f 2 Em|ui‘2ui + CZ T(r)u,

14 i=1 i=1

_E 2 \I,(rlj‘T)u P(N

Ll/l}#t

(19)

Next, we split the net heat flux due to Brownian motion into a
kinetic (hydrodynamic, when the generalized friction tensor M;;
accounts for the hydrodynamic interactions) part and an interac-
tion part using Eq. (14) as shown below

A N
kpC
2= AT )V, In(T(r) P P drY

Fjj=-
! Vy J S

F;:— E{T( )( kT ( )v1 (T(r)P<N>))}p<NN)drN

N

> > V(g TP, far

i=1 j#i

i (20)

Note that the contribution of the kinetic energy term in Eq. (19) is
neglected since it gives rise to terms that are of the order of
O(V,T)3. In order to make further analytical progress, we evaluate
the above expressions under the assumption that the nanoparticles
are uniformly distributed in the liquid so that their number density
is independent of the position in the liquid. This results in the
following relationship:
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v

Note that the inclusion of nanoparticle density variations within
the liquid in the above analysis would yield Dufour coefficient.
However, in the present work, we ignore density variations and
obtain the following expression for the kinetic contribution to the
heat flux:

N
> T(r) VAT () P

i=1

kC
| e

vy (22)

Evaluation of this expression to a first order in temperature gradi-
ent VT(r) yields

NkzCT nCkyT
Fl=- G=- G
? Vy y

(23)

We note that the expression for thermal conductivity of an ideal
gas derived using Boltzmann transport equation in the relaxation
time approximation [34] is given by

SnkpTr,

(24)

ideal =

where 7, is the relaxation time. Our final expression for kinetic
contribution to the thermal conductivity enhancement, applicable
in the limit of a very dilute noninteracting suspension of “colloidal
gas,” also has the same final form with a characteristic time 7.
=m/ 7y and particle specific heat capacity equal to kp.

Next, we evaluate the contribution of the interaction terms to
the average heat flux by taking into account all the binary particle
pair interactions. The details of the calculations are presented in
Appendix A and here, we only report the final expression

2 o0
k
_ 'k f 2
Y 0

. ﬂnZé‘T(f 5 o4 )&Z\If(r|T) )
Y 0

,n s
+ ik C(f r3g°q(r)\lf(rT)Mdr) G (25
o ar

=
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Hence, the expression for the average heat flux in the nanofluid
suspension reduces to

nkBéT
Y

N Ay + 2N+ 2N, = \)) .
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+ i kB(f rzgeq(r)‘P(r|T)dr>
Y 0
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From Eq. (26), we obtain the expression for the effective thermal
conductivity enhancement of nanofluid as

dr) G (20)
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The function g®(r) in the above expressions represents the local
equilibrium pair distribution function, which determines the dis-
tribution of the neighboring nanoparticles surrounding a tagged
nanoparticle. For large distances from a tagged nanoparticle or for
very dilute suspension of nanoparticles, gI(r) has a value close to
1. We also note that repulsive long range potentials give a positive
contribution to the net effective thermal conductivity, whereas an
attractive potential will actually lead to a negative contribution
from interparticle potential term. Previous research [26,35] has
revealed that the presence of repulsive potential stabilizes a col-
loidal suspension by preventing agglomeration. Hence, our cur-
rent findings are consistent with this observation in the sense that
stable nanofluid suspensions actually do show enhanced thermal
conductivity.

mn*C

dr) (27)

5 Comparison With Experiments

An evaluation of the effective thermal conductivity enhance-
ment in the nanofluid given by Eq. (27) requires prior knowledge
of the interparticle potential between various nanoparticles. Un-
fortunately, to the best of our knowledge, the experiments con-
cerning nanofluids have focused solely on the thermal conductiv-
ity measurements and not on the measurements of the interparticle
potential. Nevertheless, previous investigations in colloidal sci-
ence (see Refs. [26,35,36]) have established that the existence of a
repulsive interparticle potential, electrostatic or steric, is essential
in preventing flocculation and eventual gravitational settling in a
colloidal suspension. In fact, an interface immersed in a polar
solvent with high dielectric constant always gains some charge
depending on the surface potential. The various charging mecha-
nisms (such as specific ion adsorption, ionization of surface
groups, etc.) are well described in Refs. [26,35,36]. The fact that
alumina (corundum) particles do acquire positive charge in a neu-
tral aqueous solution at pH 7 (with H* and OH™ as the potential
determining ions) has been observed in the streaming potential
measurements reported in Ref. [37]. The presence of a repulsive
electrostatic potential between two alumina surfaces immersed in
an aqueous solution was observed in Ref. [38]. Experimental stud-
ies on gold in aqueous solution, conducted in Ref. [39], revealed
the role played by H* and OH™ ions in determining the interaction
potential. Ionization of surface hydroxyl groups was identified as
the primary mechanism behind the surface charge development in
this study. Streaming potential measurements on gold films [40]
provide additional support to the fact that pH controls the electric
charge on a gold surface immersed in an aqueous solution. In
addition to these studies, there is experimental evidence suggest-
ing that the chemical and surface properties of liquids and nano-
particles play an important role in the thermal conductivity en-
hancement of nanofluids [3,7]. Bearing these facts in mind, we
assume that the nanofluid is an electrostatically stabilized suspen-
sion in which the interparticle forces between various nanopar-
ticles are sufficiently well described by the repulsive part of the
Derjaguin, Landau, Verwey, and Overbeek (DLVO) potential [26].
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This choice of potential prevents us from making meaningful
comparisons with the experiments utilizing organic or oil based
nanofluids, such as the gold/toluene nanofluid in Ref. [7]. Never-
theless, this is not a serious concern since majority of the experi-
mental studies have focused on nanofluids with water and ethyl-
ene glycol as base liquids, which are both polar.

In order to model the interparticle interaction between various
nanoparticles, we choose a specific form of the repulsive DLVO
potential, which accounts for the electrostatic repulsion between
charged spherical nanoparticles when the distance between centers
of the spherical particles is comparable to the range of the poten-
tial. The potential is given by the following expression [26]:

W(r|T) = %eag[lf In{1 + exp(~ kp(r—2a))} r>2a (28)

where i is the surface potential, € is the permittivity of the liquid,
and K,_)l is the Debye length, which determines the range of the
potential. The surface potential ¢ is related to the net effective
charge on the nanoparticle surface through the following relation-
ship:

Ze

- ela+a’kp) 29)

b
The overall charge electroneutrality condition leads to the follow-
ing expression for the inverse Debye length [26]:

(47713(pi +nZ) ) 172
D -6

where p; is the number density of ionic charge in the bulk liquid
and nZ accounts for the contribution of charged nanoparticles
through the number of counterions. The Bjerrum length /p is de-
fined as Iz=e?/(4mekyT). For water at room temperature, I
=7 A. The factor (1 —¢) accounts for the reduced volume of the
liquid due to the presence of nanoparticles. As evident from Eq.
(30), the nondimensional inverse Debye length axj depends on
both the nanoparticle charge Ze and the nanoparticle number den-
sity n (or equivalently volume fraction ¢).

The nanoparticle charge Ze is a critical parameter in the deter-
mination of the effective strength of the repulsive potential given
by Eq. (28). The use of the potential given by Eq. (28) involves a
priori assumption of small enough surface potential t; and low
ionic strengths so that the linearized Poisson—-Boltzmann theory
can be applied. In the case of highly charged nanoparticles, strong
accumulation of counterions in the vicinity of nanoparticle surface
leads to a significant reduction in the net effective charge on the
nanoparticle. In such cases, it is postulated that the interparticle
potential given by Eq. (28) can still be used provided the effective
charge Ze is renormalized appropriately [41,42]. The basic
premise behind this approach is that the combined system of
nanoparticle and surrounding counterions can be effectively sepa-
rated into two distinct zones: a spherical region encompassing the
nanoparticle and strongly adsorbed counterions where nonlinear
effects cannot be ignored, and a diffuse layer away from this
spherical region where the linearized Poisson—-Boltzmann theory
can still be applied. The effective charge is generally an adjustable
parameter in a fit of experimental data with analytical or compu-
tational models and cannot always be determined theoretically. In
the following, we shall assume that Ze is an effective charge that
is determined from a fit of the thermal conductivity data for nano-
fluids.

An estimation of the thermal conductivity enhancement of
nanofluid through Eq. (27) requires knowledge of the equilibrium
pair distribution function g®(r). Following previous investiga-
tions [26,27,32], in our present work, we consider a simple ap-
proximation of g®U(r)=H(r—2a), where H represents the Heavi-
side step function, applicable in the limit of infinitely dilute
colloidal systems. As demonstrated through the molecular dynam-
ics simulations of a typical nanofluid, presented later in this sec-

(30)
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tion, this approximation is fairly reasonable in the present context
of a dilute colloidal suspension. The approximation is especially
attractive since it allows us to compute an explicit analytical ex-
pression for the net thermal conductivity enhancement in terms of
other relevant parameters. We note that since moderate amount of
clustering is observed in a nanofluid suspension, such an approxi-
mation will lead to a conservative estimate for the final thermal
conductivity enhancement.

We use Eq. (27), along with the approximation g®I(r)=H(r
—2a), to obtain the effective thermal conductivity of the nanofluid

suspension as
N, + 2N+ 2N, = \ CkyT KT
)\effz)\f{ » f 45(, f)}+¢lp B +{” B }
N, + 20— (N, = \)) y y
3.29(akp)? +3.6laky, +1.89

(1-¢)Z
8(1 + (p/nZ)) akp(1 +akp)?

pCkyT (1-$)Z
+¢’{ Y }{16(1+(p,—/nZ))}

9.87(akp)? +21.64axp + 17.05 pChkyT
akp(1 +akp)? y
y { (1- 27
48(1 + (p/nZ))*
X{ 1.92(akp)* + 1.80(axp)® + 1.05(akp) + 0.29LZKD}
(1 +axp)*

(31

where p and C denote the density and specific heat capacity of the
solid, which makes up the nanoparticle, respectively. The heat
capacity of a single nanoparticle is related to its specific heat

capacity as nC=¢pC. The first term in Eq. (31) represents contri-
bution due to macroscopic Hamilton-Crosser model [13], the sec-
ond, the contribution from the kinetic part of the Brownian mo-
tion, and the remaining three terms represent contributions from
the two-body interactions between various nanoparticles. The par-
ticle size and temperature dependence of the effective thermal
conductivity are accounted for in the model explicitly through the
parameters y and kg7 and implicitly through akp. Since the vis-
cosity of the liquids used in the thermal conductivity experiments
decreases with rising temperature, in the range of interest, the
model predicts an increased contribution of the Brownian motion
to the net thermal conductivity enhancement with rising liquid
temperature and decreasing particle size.

In order to get an estimate on the individual contribution of
each of the last four terms corresponding to the Brownian motion
in Eq. (31), we consider a typical nanofluid system containing
10 nm sized nanoparticles at a volume fraction of ¢=0.01 in wa-
ter at a temperature of 300 K. Assuming that the solid which
makes up the nanoparticles has pC~3 X 10° J/m? K, we obtain
the following:

CkyT nk:T
PEEBY 132 % 10 and B- =145 x 10713
y

¢ (32)

These numerical values clearly demonstrate that the kinetic con-
tribution to the effective thermal conductivity remains negligible
for practical nanofluids (\,=0.611 W/m K for water at 300 K).
This result is consistent with the previous study of Ref. [9] where
a dimensional analysis revealed that a noninteracting nanoparticle,
acted on by Brownian forces alone, moves much slower than heat.
However, the last two terms in Eq. (31) can give significant con-
tributions to the effective thermal conductivity when 10?<|Z]|
< 10%; these values of effective charge are typically observed in
experimental studies of charge stabilized colloidal systems
[43-46].
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Having successfully made reasonable qualitative comparisons
with some general observations from the experiments concerning
nanofluids, we now proceed to make quantitative comparisons
with the available data in the literature. Note that the value of the
solid nanoparticle thermal conductivity N, appearing in Eq. (31)
should be chosen such that it accounts for the reduced size effects
that are important when the size of the nanoparticle is of the order
of the phonon mean free path length in the solid. In addition, the
expression for contribution from macroscopic part should also ac-
count for the finite interfacial thermal resistance between solid
nanoparticle surface and the liquid, which, in general, will be a
function of bonding between the nanoparticle surface and the lig-
uid molecules [47-49]. In the presence of an interface thermal
resistance, the expression for thermal conductivity enhancement
resulting from the macroscopic theory takes the following modi-
fied form [50] (when compared with Eq. (7)):

Neir __ Fy

_ () + ) + 2lagy) +24((UN) = (N = (Vaa))
((1\)) + (2I\)) + (2acgp)) — H((1N)) - (1\,) - (1/ac,))
(33)

where )\gf represents macroscopic contribution to the effective
thermal conductivity and o, denotes the interfacial conductance at
the nanoparticle-liquid boundary. If we further assume N\, >\, the
above expression simplifies to the following:

)\LA/T{f _ (agy,+2N\) +2¢(ag), — \))
N, (aoy+2N) - dlag, =\

(34)

The exact value of interface thermal resistance has been found to
be strongly dependent on the solid-liquid combination under con-
sideration. For example, in the case of gold-water interface, the
conductance values in Ref. [49] were found to decrease from o,
~100 MW m™2 K~! to 0,~50 MW m™2 K~! as the nature of the
interface changed from hydrophilic to hydrophobic. Similar mea-
surements conducted for aluminum-water interface yielded con-
ductance values of approximately 180 MW m=2K-! and
60 MW m™2 K~! for hydrophilic and hydrophobic interfaces, re-
spectively. In view of these studies, we next estimate the effect for
a typical nanoparticle suspended in water. For the case of a hy-
drophobic interface, if the conductance is set equal to a
50 MW m—2 K~!, we find that nanoparticles with radius a less
than 12 nm give a negative contribution to the effective thermal
conductivity. On the other hand, if the interface conductance value
is set equal to 100 MW m™2 K~! corresponding to a hydrophilic
interface, only nanoparticles with radius greater than 6 nm give a
positive contribution to the effective thermal conductivity. Thus,
we find that the contribution from the high thermal conductivity
particles is strongly counteracted by the presence of an interfacial
resistance. Since an exact value of o, which accounts for the
interfacial resistance, has not been reported in the experiments
concerning thermal conductivity measurements, we set A, =~ Ay in
all our future calculations. We note that such an approximation
gives us a lower estimate of thermal conductivity enhancement of
nanofluids and does not affect our results drastically, since the
volume fraction of nanoparticles added to the liquid is usually
quite low (<5%).

Additionally, for nanofluids based on water as base liquid, p; is
set equal to the value corresponding to a neutral aqueous solution
with pH=7 (p;=2 X 107'M =1.2044 X 10?° m~3 from the dissocia-
tion product of water at 300 K). The temperature dependence of
the thermal conductivity and the viscosity of the base liquid
(water/ethylene glycol) is taken into account for the calculation of
the effective thermal conductivity enhancement. The values of p
and C are taken to be the bulk values corresponding to the solid of
which the nanoparticle is composed.
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Fig. 2 (a) Comparison of the theoretical predictions with the
experimental data for alumina (a=19.2 nm)/water nanofluid, Z
=475. (b) Corresponding nondimensional inverse Debye length
used in the calculations.

Figures 2(a) and 3(a) show a comparison of the theoretical
predictions with the experimental data concerning the thermal
conductivity enhancement ratio (effective thermal conductivity of
the nanofluid to thermal conductivity of the base fluid) for two
sets of calculations involving alumina (19.2 nm) and copper oxide
(12.1 nm) nanoparticles suspended in water [6], respectively. We
observe reasonable agreement between the theoretical predictions
and experimental data for these two nanofluids for a choice of Z
=475. The most probable cause for the discrepancy between the
theoretical predictions and the experimental data (especially in the
case of copper oxide nanoparticles suspended in water at 1% vol-
ume fraction) is the presence of clustering in nanofluid suspen-
sions. As also mentioned in previous works (see Ref. [9]), mod-
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Fig. 3 (a) Comparison of the theoretical predictions with the
experimental data for copper oxide (a=12.1 nm)/water nano-
fluid, Z=475. (b) Corresponding nondimensional inverse Debye
length used in the calculations.

erate clustering in stable nanofluids can play an important role in
determining the effective thermal conductivity. In principle, the
clustering mechanism is incorporated in our current model
through the pair distribution function. However, information re-
garding the pair distribution function can only be obtained
through a detailed knowledge of microstructure of the suspension.
Additionally, other factors such as polydispersity of the nanopar-
ticles and the finite interface thermal conductance can also have a
significant effect on the effective thermal conductivity. Figures
2(b) and 3(b) show the variation of inverse Debye length (xp),
nondimensionalized with respect to the inverse of the particle ra-
dius a. For the present case of water as the base liquid with e
=8.9% 107 C?/N m?, we have
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1.2044 X 10%a?
1-¢

. 3¢Z }1/2
47a(1 - @)
(35)

We observe that the Debye length shows a significant decrease
when nanoparticle volume fraction is increased from 0.01% to
0.04%. This is accompanied by a slight decrease with the rising
liquid temperature when the volume fraction is kept constant.

The evaluation of the effective thermal conductivity of a nano-
fluid given by Eq. (27) involves an implicit assumption of g%I(r)
=H(r—2a). In order to test the validity of this assumption, we
next present results from the molecular dynamics simulations with
parameters chosen to approximately model the experimental sys-
tem under consideration. Note that we are interested in the equi-
librium pair distribution function, which is a static property of a
given system, and the choice of simulation technique (molecular
dynamics or Brownian dynamics) is expected to have no signifi-
cant effect on the final results.

We consider simulation of a nanofluid system with colloidal
nanoparticles interacting with each other through the interparticle
potential given by Eq. (28). Previous molecular dynamics studies
of similar colloidal systems (see Refs. [43,51]) have established
that at equilibrium, the thermodynamic and static properties of the
system depend only on two nondimensional parameters \*
=kpn~""3 and T =kgT/U,, where

akp=9.375 X 10-5{

Z%* In(1 + eKD(Z"_"_]/3))

2ea(l + akp)?

a= (36)
represents  interaction energy at interparticle separation. We
choose the parameters X" and T" in order to closely match the
alumina/water nanofluid system with alumina nanoparticles of
size 19.2 nm. For brevity, equilibrium pair distribution function
for only two sets of computations for volume fractions of 1% and
4% at a system temperature of 7=300 K is reported. The ch01ces
of 51mulatlon parameters for these test cases are A =5, 417 T
=3.462X 1072 for ¢p=0.01, and \"=6.934, T"=7.272%x 1072 for
¢=0.04. Details of the setup and implementation of the molecular
dynamics simulation along with a validation test case from Ref.
[51] are given in Appendix B. Figure 4 depicts the equilibrium
pair distribution function as a function of the nondimensional ra-
dial distance (nondimensionalized using characteristic interpar-
ticle spacing of n~!/3) for two volume fractions of 1% and 4%. It
is observed that the equilibrium radial distribution function attains
a value close to unity for distances beyond interparticle spacing;
this certifies our assumption of radial distribution of unity em-
ployed in the derivation of the final expression for effective ther-
mal conductivity enhancement. We also note that the peak value
of the radial distribution function is lower (corresponding to a less
ordered state) for the suspension at a volume fraction of ¢=0.04
when compared to the suspension at ¢=0.01. The reason for the
above observation is that the Debye length decreases by approxi-
mately a factor of 2 when the volume fraction of nanoparticles is
increased by a factor of 4 (Fig. 2(b)). This decrease in Debye
length causes the interaction potential to decay much more rapidly
in the case of higher concentration so that the interaction energy at
the interparticle spacing is lower for ¢=0.04. This lower interac-
tion energy in the case of ¢=0.04 leads to a smaller peak in g(r)
when compared to the suspension at a volume fraction of ¢
=0.01.

Figures 5(a) and 5(b) show a comparison of the theoretical
predictions with the experimental data for 4 nm copper nanopar-
ticles suspended in ethylene glycol [3] and the corresponding non-
dimensional inverse Debye length used in the calculations. The
concentration of the ionic charge in the bulk liquid p; is set equal
to the value corresponding to pK, for dissociation of ethylene
glycol (15.56 at 300 K). We observe a reasonable agreement be-
tween theoretical predictions and experimental data for a choice
of Z=475 corresponding to the case in which no stabilizing agent
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Fig. 4 Pair distribution function g(r) as a function of nondi-
mensional distance r for computations using (a) A\*=5.417, T*
=3.462X 1072 and (b) A"=6.934, T"=7.272X 102, corresponding
to alumina/water nanofluid at 300 K with nanoparticle volume
fractions of 1% and 4%, respectively

is added to the nanofluid. For the case when thioglycolic acid is
added in order to improve the overall dispersion of nanoparticles
within the suspension we had to use a higher value of Z=850 in
order to predict the experimental data closely. Nevertheless, this
higher value of Z is not totally unexpected given that a stabilizing
agent (thioglycolic acid in this case) stabilizes the suspension by
increasing repulsion between particles, and the way this increased
repulsion is incorporated in our present model is through an in-
crease in value of nondimensional effective surface charge Z.
Next, we compare our theoretical predictions with the experi-
mental data for the variation of thermal conductivity enhancement
ratio with the temperature for 8.5 nm gold/water nanofluid [7]. As
shown in Fig. 6, good agreement is found between the predicted
values and experimental data for both the particle volume frac-
tions of 0.00013% and 0.00026%, when the value of nondimen-
sional charge on the nanoparticle Z is set equal to 1150. We be-
lieve that the higher value of nondimensional charge on the
nanoparticle Z (1150 versus 475 in previous cases) required in this
case is due to the presence of citrate ions in the solution. The
experimental studies in Ref. [7] emphasized the effect of volume
fraction and temperature on the effective thermal conductivity,
and the other factors which affect thermal conductivity in our
model (surface charge, Debye length) were not reported. The sur-
face charge present on the nanoparticle surface has a strong de-
pendence on not only the available site density on the nanoparticle
surface but also the concentration of potential determining ions.
The nanoparticles which made up the suspension in these studies
were coated with citrate ions [7], and possibly for this reason, the
value of nondimensional charge Z is relatively high. The experi-
mental measurements conducted in Ref. [40] provide evidence in
favor of this argument and it was found that citrate ions adsorb
strongly to the gold surface and remain adhered in spite of exten-
sive dialysis. It is also noted that since the volume fraction of
solid nanoparticles in the liquid is extremely low (~107#%), mac-
roscopic Hamilton—Crosser model predicts no change in conduc-
tivity enhancement with increasing temperature. Figure 7 shows a
comparison between theoretical predictions and experimental data
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Fig. 5 (a) Comparison of the theoretical predictions with the
experimental data for copper (a=4 nm)/ethylene glycol nano-
fluid. (b) Corresponding nondimensional inverse Debye length
used in the calculations.

for 30 nm silver/water nanofluid [7] for the same choice of value
of Z=1150. Reasonable agreement is observed between the ex-
perimental data and theoretical predictions for this case.

Overall, we observe good agreement between the theoretical
predictions and the experimental data in all the cases for physi-
cally realistic choices of constant Z for nanofluids: Z=475 at rela-
tively higher particle volume fractions (¢~1%) and Z=1150 at
relatively lower particle volume fractions (¢~ 0.001 %), when the
nanoparticles were coated with citrate ions. The choices of the
effective charge on nanoparticle Z and the Debye length (KI_)I)
employed in various cases are physically realistic and are consis-
tent with several previous studies, some of which are discussed
next. The phase diagram of charged polystyrene spherical nano-
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Fig. 6 (a) Comparison of the theoretical predictions with the
experimental data for gold (a=8.5 nm)/water nanofluid, Z
=1150. (b) Corresponding nondimensional inverse Debye
length used in the calculations.

particles of radius 66 nm suspended in an aqueous medium was
investigated experimentally in Ref. [43]. The experimental results
were found to compare favorably with the numerical simulations
for a choice of effective charge of Z=880. The conductivity mea-
surements gave an effective charge of Z=1200. Mallamace et al.
[44] conducted shear viscosity measurements on polystyrene
nanoparticles suspended in de-ionized water for a range of particle
radii from 33.5 nm to 107.5 nm. The corresponding effective
charges were found to vary from 980 to 2700. Wette et al. [45]
carried out effective charge measurements for polymer latex par-
ticles suspended in de-ionized water through experimental deter-
mination of suspension shear modulus and conductivity. As the
radius of particles varied from 34 nm to 78 nm, the effective
charge Z, measured from conductivity, was found to vary from
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Fig. 7 (a) Comparison of the theoretical predictions with the
experimental data for silver (a=30 nm)/water nanofluid, Z
=1150. (b) Corresponding nondimensional inverse Debye
length used in the calculations.

450 to 945. In Ref. [46], experimental measurements of the col-
lective diffusion coefficient and electrophoretic mobility of latex
nanoparticles of mean radius of 20 nm suspended in an aqueous
solution yielded effective surface charges of the order of few hun-
dreds of electrons per particle. Hirtl et al. [52] studied the effect
of addition of NaOH and NaCl to an otherwise neutral aqueous
suspension comprised of 45.5 nm radius polystyrene nanopar-
ticles. Under the assumption that the interparticle potential could
be adequately described using screened Coulomb repulsive poten-
tial, the theoretical predictions of the structure factor were com-
pared with the experimental data for a range of ionic concentra-
tions starting from a neutral solution. It was observed that as the
concentration of NaCl was increased from zero to 9.2 X 107°M,
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the effective charge and the corresponding Debye length required
to fit the experimental data varied from Z=504 and «;,' =433 nm
to Z=469 and KBI=111 nm. Additionally, the much reduced in-
fluence of concentration of NaOH on structure factor when com-
pared to concentration of NaCl was attributed to an ion exchange
mechanism, which is present in the case of NaOH but not NaCl.
The microscopic measurement of interaction potential between
charged polystyrene sulfate spheres of 320 nm radius was found
to agree well with a screened Coulomb potential for a choice of
Z=1991 and «j,'=161 nm in Ref. [53].

It is clear from the studies reported above that the effective
charges of the order of a few hundreds of electrons have been
successfully employed in order to fit several experimental mea-
surements concerning conductivity, order-disorder transition, and
viscoelastic properties of colloids. This experimental evidence
leads us to believe that the values of Z used to fit the thermal
conductivity data in our present study are reasonable. The value of
Debye screening length used in all the calculations is below the
upper limit of 960 nm for a neutral aqueous solution at pH 7 [36].
At present, we do not have an established way of predicting the
effective surface charge Z in our model. The true surface charge
achieved in the experimental conditions depends strongly on the
surface site density and the adsorption and desorption of potential/
charge determining ions thereby leading to a net electrostatic po-
tential difference between nanoparticle surface and the bulk lig-
uid. This potential difference influences the charge adsorption/
desorption so that the two processes are interdependent. The
interparticle potential used in our current model is a highly sim-
plified expression that results from the linearized Derjaguin ap-
proximation for low surface potentials [26,35] and is open to
question in the present context of highly charged spherical nano-
particles. Besides, our model assumes nanoparticles to be perfect
monodispere spheres. The analysis that we carried out accounts
for only two-body interactions and ignores the effect of higher
multi-body interactions. In addition, a detailed knowledge of the
microstructure of the nanofluid suspension is absolutely essential
for the prediction of the effective thermal conductivity since it can
play a very important role through clustering. We attribute the
discrepancies between our theoretical predictions and the experi-
mental data to these aforementioned factors. To the best of our
knowledge, the available experiments have emphasized the effect
of volume fraction, temperature, and particle size on the effective
thermal conductivity, and several other crucial factors that affect
our predictions on conductivity, such as the surface potential and
the Debye length, were not reported. We hope that we have pro-
vided a better understanding of the effect of the Brownian motion
of interacting nanoparticles on the effective thermal conductivity
and that future experimental measurements will allow more rigor-
ous tests on the validity of the model. The main strength of the
model lies in the fact that it can be used to estimate thermal
conductivity of nanofluid suspensions with different nanoparticles
(suspended in a base liquid), which may interact with each other
through a specified interparticle potential (e.g., DLVO, steric, van
der Waals forces, etc.). However, we note that the applicability of
the model is restricted to relatively large nanoparticles whose size
is significantly higher than the molecular dimensions so that the
Stokes law for the drag on a sphere can be utilized successfully.
Our future work aims at extending the present derivation to ac-
count for the hydrodynamic interactions between various nanopar-
ticles of arbitrary shapes.

6 Conclusions

In this paper, a microscopic model which takes into account the
dependence of size of nanoparticles and temperature on the effec-
tive thermal conductivity of nanofluids is proposed based on the
theory of Brownian motion of nanoparticles in a fluid. A general
theoretical framework is presented for the derivation of the effec-
tive thermal conductivity of a nanofluid suspension by accounting
for the Brownian motion and pairwise additive interparticle poten-
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tial between various nanoparticles. For a typical nanofluid, the
kinetic contribution to the effective thermal conductivity is shown
to be negligible. The contribution from the interparticle potential
is analyzed through calculations involving DLVO interaction be-
tween the electric double layers on spherical nanoparticles. A
comparison between the theoretical predictions and the experi-
mental data establishes the importance of long range repulsive
potentials in the enhancement of thermal conductivity of nano-
fluids. It is shown that the model predicts an increase in the ef-
fective thermal conductivity enhancement with the volume frac-
tion of solid nanoparticles and liquid temperature.
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Nomenclature
€ = permittivity of the liquid
C = heat capacity of a nanoparticle

Kp, = Debye length

N~ = Nondimensional inverse Debye length
As = thermal conductivity of the liquid
A, = thermal conductivity of the nanoparticle
Neif = effective thermal conductivity of the
suspension
)\Ie\/l{f = effective conductivity from macroscopic part

F = volume averaged heat flux

f? = Brownian force on ith nanoparticle

ff" = hydrodynamic force on ith nanoparticle
f/ = interaction force on ith nanoparticle

Fp = heat flux due to Brownian motion

F,, = macroscopic heat flux
G = volume averaged temperature gradient
J = heat flux vector
Js = heat flux vector in the liquid
J, = heat flux vector in the nanoparticle
M = generalized friction tensor

r = position vector of an arbitrary point

r; = position vector of the center of ith nanoparticle
u; = velocity of ith nanoparticle

U = energy density

m = viscosity of the liquid

¢ = volume fraction of nanoparticles

WV = interparticle potential

¢, = surface potential

p = density of the nanoparticle

p; = number density of bulk ionic charge

o, = interface thermal conductance
a = radius of the nanoparticle
C = heat capacity of the solid

e = unit charge (1.602X 107'? C)

g% = equilibrium pair distribution function
kg = Boltzmann constant (1.381 X 1072 J/K)
lp = Bjerrum length
m = mass of a nanoparticle
N = number of nanoparticles in V
n = number density of nanoparticles

va) = nanoparticle position probability distribution
function
T = temperature

T" = nondimensional temperature
U, = interaction energy at interparticle separation
V = total volume
V, = volume occupied by N nanoparticles
Ze = total charge on a nanoparticle
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Appendix A

In this appendix, we show the calculation steps for manipula-
tion of the terms arising out of Eq. (20) for Fg:

Fg=— E{T( )( ; )Vl (T(r)P(N>)>}P§$’>drN

€ E > W(ry| P, Y

i=1 j#i

(A1)

Each of the individual terms arising from the above expression is
considered next. We have

Fp=F, +Fp,+F}, (A2)
where
EE{T(r)V A (i D} e
V i=1 j#i
o
V =1 j#i
1
+£rj,-~V,-T(r,-)) —V¥(r, |T)}P(N)dr
Fha=3y S WP uddr’ (A3)

i=1 j=1,j#i

Next taking i=1, j=2 as representative values, we obtain the fol-
lowing for F,’Q,I:

C N(N-1)

Fj =-—
B,1 V’y

J T(r )V, W(ryy|T)g(ry,ry)dr dr,

(A4)

Using the expansion of the local pair distribution function
g(ry,r,) as in Ref. [29], we find

C N(N 1)
Fjy, =- Vy f I(r)V ‘I’(VlzT){ (r12)
1 dg®
+Er21 'VITE}drlerI (AS)
Proceeding further, we note that [29]
dV(r;,|T
VW (r|T) = LELAUGE ) (A6)
rp  drp

is an odd function of r;,, due to which the first term in Eq. (A5)
evaluates to zero. Thus, we obtain the following final expression
for FII9 | to a first order in temperature gradient:

R J V. Tdr,

,  n’CT dg®(ryy|T) d¥ (ryy|T)

B1= I dry,
4y v dr dri

2t (7 ,dgd¥(|T
_mCT( [ dgdv(lD) )
b% o dr dr

Proceeding in a similar way, it is possible to show that to a first
order in temperature gradient, Fg , is given by

(A7)
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1o
FB,2__

C N(N-1)
V—YZ—VZJT(IH){(ST(IH)

1 J
5T VIT} ﬁ—TVIWI’(r12|T)dr1dr21

. V. Tdr
n*CT J Y o |T)&2\If(r12|T) e
4y v 128 2 IradT rp

24 0
- LCT J r3geq
Y 0

where the term corresponding to 87(r;) evaluates to zero since
V, ¥ is an odd function of r;. Finally, we evaluate a simplified
expression for ng. In this case, a rather straightforward calcula-
tion is performed to a first order in temperature gradient as shown
below

(A8)

PV )
—dr|G
ordT

Fiy=— E >, W | T)T(r) POV, In(T(r,) PO dr

i=1 j#i

ky N(N=1)
=—ﬁ/7j‘P(r12|T)g(r12)V1T(r1)drldrlz

kon? f V.T(r))dr,

=_4_7 f (47Tfr%zg(rlz)‘P(r12|T)d”12>

2 o]
__m kB(f r28(r)‘1’(r)dr>G
Y 0

The remaining terms involve three-body interactions and hence
are ignored. Thus, we have the following final expression for the
interparticle interaction contribution to the heat flux:

) 5
—w<f rzgeq(r)‘lf(r|T)dr)
Y 0
+wnzéT<J 3 () ) \I’(F|T) r)
Y 0
ag*4(r) d¥ (+|T)

an2CT f * X (
+ r
Y 0 JaT ar

The presence of dg®/dT term in the above expression can cause
complications in the full analytical treatment of the problem. For-
tunately, the temperature dependence of g®(r) can be obtained
from the following expression derived in Refs. [26,32] for the
limiting case of n—0:

‘l’(r))
(r) = y(r)ex (—

g%4(r) =y(r)exp e
where the function y(r) depends only on the local position in the
liquid. Use of this expression along with Eq. (A10) then yields Eq.
(25) for Fh.

(A9)

Fj=

dr) G (Al0)

(A11)

Appendix B

Here, we present the details of the molecular dynamics simula-
tion in order to calculate the equilibrium pair distribution function
g%(r). The calculations are performed in a constant volume mi-
crocanonical ensemble. The colloidal system comprises of 2048
nanoparticles in a three dimensional periodic cell whose size is
chosen in order to correspond to a fixed number density of n.
Nanoparticle trajectories are computed using Beeman algorithm
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Fig. 8 Pair distribution function g(r) calculations using A"
=3.74 and nondimensional temperatures of (a) T°=3.23%1073
and (b) T'=1.61x1073

[54] with a nondimensional time step size of Af*=0.005 and the
forces are computed using neighbor list method with a cutoff ra-
dius of 3.5. The system is initially equilibrated at the desired
temperature for the first 50,000 time steps using Berendsen’s ther-
mostat [55] and then next 50,000 time steps of nonthermostat
equilibration. Sampling is performed every ten time steps for the
next 1 X 10° time steps in order to compute equilibrium pair dis-
tribution function using

1
gN=—(> sr-r;+r) (B1)
N\iZ
where N denotes the number of nanoparticles. In order to attest the
accuracy of the computational code the model system used in Ref.

[51] is simulated with the nondimensional parameters chosen

042406-12 / Vol. 130, APRIL 2008

from the data for Figs. 23(a) and 23(b) of Ref. [51]. A good
comparison between the pair distribution function obtained in our
work and that presented in Ref. [51], as depicted in Figs. 8(a) and
8(b) for two sets of computations, establishes the accuracy of our
numerical technique.
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Introduction

There are two principal experimental methods typically used to

Transient and Steady-State
Experimental Comparison Study
of Effective Thermal Conductivity
of Al,0;/Water Nanofluids

Nanofluids are being studied for their potential to enhance heat transfer, which could
have a significant impact on energy generation and storage systems. However, only
limited experimental data on metal and metal-oxide based nanofluids, showing enhance-
ment of the thermal conductivity, are currently available. Moreover, the majority of the
data currently available have been obtained using transient methods. Some controversy
exists as to the validity of the measured enhancement and the possibility that this en-
hancement may be an artifact of the experimental methodology. In the current investiga-
tion, Al,Osz/water nanofluids with normal diameters of 47 nm at different volume frac-
tions (0.5%, 2%, 4%, and 6%) have been investigated, using two different methodologies:
a transient hot-wire method and a steady-state cut-bar method. The comparison of the
measured data obtained using these two different experimental systems at room tempera-
ture was conducted and the experimental data at higher temperatures were obtained with
steady-state cut-bar method and compared with previously reported data obtained using
a transient hot-wire method. The arguments that the methodology is the cause of the
observed enhancement of nanofluids effective thermal conductivity are evaluated and
resolved. It is clear from the results that at room temperature, both the steady-state
cut-bar and transient hot-wire methods result in nearly identical values for the effective
thermal conductivity of the nanofluids tested, while at higher temperatures, the onset of
natural convection results in larger measured effective thermal conductivities for the
hot-wire method than those obtained using the steady-state cut-bar method. The experi-
mental data at room temperature were also compared with previously reported data at
room temperature and current available theoretical models, and the deviations of experi-
mental data from the predicted values are presented and discussed.

[DOL: 10.1115/1.2789719]

Keywords: effective thermal conductivity, nanoparticle suspensions, nanofluids, transient
hot-wire method, steady state cut-bar method

4K
T(t) — Trer = q/47k In %t (1)

measure the effective thermal conductivity of nanoparticle suspen-
sions: transient methods and the steady-state methods. The most
commonly used transient method utilized for the measurement of
the effective thermal conductivity of nanoparticle suspensions,
nanofluids, is the transient hot-wire method. Nagasaka and Na-
gashima [1] first applied this method to measure the thermophysi-
cal properties of electrically conducting liquids. In this approach,
an electrically insulating coated platinum hot wire is suspended
symmetrically in a liquid contained within a vertical cylindrical
container. This hot wire serves as both a heating element, through
electrical resistance heating, and as a thermometer, by measuring
the temperature dependent change in the electrical resistance of
the platinum wire. The thermal conductivity can be calculated
from the relationship between the electrical and thermal conduc-
tivity as
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where T(7) is the temperature of the platinum hot wire in the fluid
at time 7, T is the temperature of the test cell, ¢ is the applied
electric power applied to the hot wire, k is the thermal conductiv-
ity, K is the thermal diffusivity of the test fluid, « is the radius of
the platinum hot wire, and In C=g, where g is Euler’s constant.
This relationship between ST and In(¢) is linear. The data of 6T
were valid only over a valid range of In(z), namely, between time
¢, and time ?,, the thermal conductivity of the fluid can be calcu-
lated as

__a [k
k_47T(T2—T1) hl(fl) @

where T,—T is the temperature difference of the platinum hot
wire between times #; and 7,. Recently, a number of investigators
have utilized the transient hot-wire method to measure the effec-
tive thermal conductivity of a number of different nanoparticle
suspensions. These investigations included those of Choi [2],
Eastman et al. [3], Lee et al. [4], Eastman et al. [5], Xuan and Li
[6,7], and Xie et al. [8,9] and involve the effective thermal con-
ductivities of a wide range of different nanofluids. However, the
effective thermal conductivities of nanofluids obtained supported
by steady-state methods are quite limited. The most widely refer-
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Fig. 1 Steady-state cut-bar facility; (1) stainless steel bell
cover; (2) aluminum plain base stage; (3) sustaining rig; (4)
rubber o-ring; (5) screw guide; (6) band heater; (7) upper heat-
ing copper bar; (8) sample charge tube; (9) cell rubber o-ring;
(10) lower cooling copper bar; (11) coolant circulation ex-
changer; (12) coolant circulation ducts (thermocouples in cop-
per bars and distribution of thermocouples are shown in Fig. 3)

enced data are those reported by Wang and Xu [10].

Although the transient hot-wire method for the measurement of
the effective thermal conductivity of nanofluids has been widely
used, a number of questions have arisen regarding the accuracy of
this methodology and whether convective currents or other param-
eters might impact or affect the measured results. For instance,
Vadasz et al. [11] stated that the unusually high effective thermal
conductivity of nanofluids obtained using the hot-wire method
could be the result of the thermal wave effect of hyperbolic heat
conduction used in the temperature change calculation. In the cur-
rent investigation, results obtained using a transient hot-wire
method and a steady-state method are compared to better under-
stand the accuracy of the two methods and determine the relative
values.

940 L 1) XS B 1410
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-3 ]
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134 //
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The steady-state measurement system employed utilizes a cut-
bar apparatus to measure the effective thermal conductivity of
nanoparticle suspensions. This apparatus and procedure have been
used previously by Peterson and Fletcher [12] to measure the
thermal conductivity of both saturated and unsaturated dispersed
ceramics [13,14], the contact resistance of various interfacial ma-
terials [15], and more recently, to measure the effective thermal
conductivity of nanofluids [16-19]. Using identical samples, the
results are then compared to those obtained by the hot-wire
method.

Experimental Test Facility and Procedure

The steady-state experimental facility, which was first described
by Miller and Fletcher [20], is illustrated in Figs. 1(a) and 1(b),
and consisted of a pair of 2.54 cm diameter copper rods, separated
by an o-ring to form the test cell; a vertical support, an electrical
heat source, a coolant heat sink, and two sample charge tubes. A
ceramic plate was placed between the electrical heat source and
the load screw jack on the vertical support to act as an insulating
layer to prevent heat loss from the heat source. In addition, a
similar insulating plate was placed between the vertical support
and the coolant heat sink.

A total of nine thermocouples were placed in each of the copper
bars, as illustrated in Fig. 2. Six of these were used to measure the
surface temperatures, two each located in the center, and the other
four located radially, halfway between the center of the test
sample and the outer surface. The remaining thermocouples were
located along the centerline at 1.15 cm intervals.

Neglecting the convective and radiation losses, the steady-state
effective thermal conductivity of the fluid or nanoparticle suspen-
sions can be modeled, as shown in Fig. 3. The heat flows down
from the upper copper bar, passes through the test cell and sample
fluid, and then flows along the lower copper bar to the heat sink.

The heat flux in a traditional cut-bar apparatus can be deter-
mined by measuring the temperature differences in the upper and
lower copper bars as indicated in Eq. (1) and then averaging the
computed heat fluxes.

VT,
q= kcoppeIAbarvbz (3)
50D 1249
LI

17 4R

Fig. 2 The distribution of thermocouples in the upper and lower copper bars. Thermocouples
1, 2, 3, 4, and 6 reach the centerline of the upper copper bar (the heating side); Thermocouples
9, 7, 8, 5, and 18 reach the center line of the lower copper bar (the cooling side); Thermo-
couples 12, 17, 15, and 13, and 10, 16, 15 are located radially halfway between the centerline
and the outer surface of the copper bar, respectively [17].
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Fig. 3 Diagrams of sample cell and the heat flux [17]

Using this calculated heat flux as ¢ from Eq. (3) and the surface
temperatures, determined by averaging the six thermocouples lo-
cated at the surface of the upper and lower bars, the effective
thermal conductivity of the fluid or the nanoparticle suspension
sample inside the test cell can be calculated as

VZean
keff= (qVT:“ - ko rinng ring)/Acell (4)

Prior to initiating the tests, the two copper bars were carefully
aligned vertically, and a load was applied using the load screw to
ensure good contact between the copper surfaces and the o-ring
and hence, an airtight seal and form a sealed sample cell inside.
The sample was charged into the test cell by entering the lower
sample change inlet, completely filling the test cell, and then ex-
iting through the upper charge outlet, as shown in Fig. 3. Both
sample charge channels were 1 mm diameter inside the copper
bars. During this process, care was taken to ensure that no air was
trapped in the test cell and that it was completely full of the test
fluid.

The objective of the current investigation was to measure the
effective thermal conductivity of nanoparticle suspensions using
this apparatus and to compare them to the transient hot-wire
method to determine the consistency and therefore the validity of
the measured results. Based on previous investigations, the en-
hancements were anticipated to be in the range from 10% to 40%.
Because these values are relatively small, it is critical that the
experimental test facility be as accurate as possible.

Special limit of error (SLE) thermocouples, Omega number
KMQXL-020G-6 were used in the current investigation. Each and
every thermocouple was calibrated and the accuracy of each was
obtained by measuring the temperature of water within the range
of the experimental process. This resulted in a maximum uncer-
tainty of less than 0.15°C and an average uncertainty of less than
0.6%. Following the calibration of the thermocouples, it was nec-
essary to determine the heat flux transferred through the o-ring as
a function of temperature. To accomplish this, the heat flux
through the o-ring and the o-ring thermal conductivity were mea-
sured as a function of temperatures with a vacuum in the test cell.
The entire test apparatus was then calibrated in separate tests in
which the test cell was filled with pure distilled water and pure
ethylene-glycol. The calibration tests were conducted at steady
state in a vacuum of less than 0.15 Torr and over a temperature
range of 18.4-51°C. Steady state was determined when the tem-
perature variation of all of the thermocouples was less than 0.1°C
over a period of 30 min. Data were recorded using an Agilent
34970A data acquisition system, and all measurements were av-
eraged using at least 100 data points.

The results of these calibration tests are illustrated in Fig. 4. As
shown, the experimental results are compared with tabular data
available in the literature for both ethylene glycol and distilled
water [21], and indicate an overall experimental variation between
the measured and tabular data of well within £2.5%.
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Fig. 4 Results of the tests facility calibration for distilled water
and ethylene glycol as a function of temperature [17]

Pure distilled water (de-ionized (DI) water) was tested with this
steady-state cut-bar method system immediately before, and again
after, the nanoparticle samples were tested, and the results were
compared with the tabular values [21]. As shown in Fig. 5 [22],
the relationship between the measured and tabular data available
in the literature is well within the overall experimental uncertainty
of less than £2.5%.

The transient hot-wire method has been used by a number of
investigators to measure the effective thermal conductivity of
nanofluids [2-9]. Some investigators utilized a Wheatstone bridge
to measure the voltage changes due to the temperature variation of
the test wire by comparing the voltages of the test wire to that of
the reference wire, and then to use this value to calculate the
thermal conductivity of the test fluid, while others measured the
voltage change directly.

The transient hot-wire (THW) experimental facility employed
here is the one described by Williams [23] and also in Rusconi et
al. [24]. The THW is essentially made from a fine wire placed in
a cell, as shown in Fig. 6, consisting mainly of a platinum/Isonel-
coated wire (p=21.45 g/cm?, k=71.6 W/mK, ¢,=0.1325 J/g K)
with a bare diameter of 25 um (28 wm with the insulating coat-
ing). The length of the wire used is variable between 25 mm and
40 mm. The supporting leads are two tantalum rods to keep the
wire straight and to connect it to the electrical system; these rods
are also electrically insulated. The electrical system is composed
of a current source (Keithley 6221) and a nanovoltmeter (Keithley
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10 15 20 25 30 35 40 45
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Fig. 5 The steady-state cut-bar method experimental data of
DI water (the square represents the first test data set, the dia-
mond the second test data, and the line is the tablular value
[20])
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Fig. 6 Schematic of transient hot-wire test setup [22]

2182A) to collect the voltage data: using these instruments is a
key factor in the development of this facility, because the varia-
tions in the resistance of the wire are usually quite small (less than
millivolts), making it extremely important to have a voltage meter
with a very high degree of sensitivity. The vessel is made of
stainless steel with an external diameter of approximately 2.5 cm
and it is placed in a larger container that can be used to circulate
water from a thermostatic bath in order to control the temperature
at which the experiments are performed. The current source and
the voltmeter provide the possibility of using a remote control via
a general purpose interface bus (GPIB) port utilizing a MATLAB
code to interface the instruments with a personal computer (PC).
One parameter of particular importance is the data acquisition
rate, because it is important to have very rapid measurements to
prevent the onset of convection. The range of acquisition rates for
these instruments should go from 0.01 NPLC to 60 NPLC, where
NPLC means “number of power line cycles” and 1 NPLC is equal
to 16.7 ms. In the measurements, NPLC=0.1 is used, which cor-
responds to an acquisition rate of about 17 ms. Each measurement
takes around 20 s, in this partition. In the first 5 s, the system
acquires the voltage signal at a very low input current (usually
1 mA) in order to measure the resistance of the wire before the
heating (Rp): In this way, using the resistance-temperature rela-
tionship, Fig. 7, the temperature of the sample is known and com-
pared to the thermostatic bath. In the last 15 s, the input current
switches to higher values (in the range of 50—100 mA) and the
wire starts heating; at the end, the current source is turned off and
the collected data are transferred to the software. So the modus
operandi is performing a series of runs and taking the average for
different input currents (from 50 mA to 100 mA) [23].

In Fig. 8, measurements of thermal conductivity of water and
ethylene glycol at 25°C are plotted. It should be noted that the
experimental data are linear (in a log scale) throughout almost the
entire measurement time as expected except for the very end of
the process, where the variation is the result of turning off the
power.
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Fig. 7 Resistance-temperature relationship for the platinum
wire [22]

In Fig. 9, the temperature dependence of the experimental re-
sults for the thermal conductivity of water is illustrated and shows
very good agreement with the data available in literature [21].

This preliminary calibration test would indicate that this sim-
plified transient hot wire is effective for the measurement of ther-
mal conductivity in liquids. The simplification of the system
through removal of the Wheatstone bridge and the shrinking of
the axial dimensions of the wire allow for ease in setup. Wheat-
stone bridges were typically used to measure the wire resistance;
however, the Keithley instrumentation allows for direct measure-
ment of the resistance. The smaller dimensions of the wire are
beneficial in the reduction of the sample size, which is of impor-
tance, to the desired future application of this method.

The Al,O3/DI-water nanofluid test samples were produced by
first blending the 47 nm diameter spherical Al,O5 nanoparticle
powder (Nanophase Inc., IL) with degassed distilled water (DI
water) and ultrasonically oscillating it for 90 min. A set of differ-
ent volume fraction Al,Oz/DI-water nanofluids is generated
through 0.5, 2, 4, to 6%, and their effective thermal conductivity
was tested with both methods described above. In the previous
reports, the stabilization of nanofluids was achieved either by add-
ing surfactants to the nanofluids or changing the pH value of the
nanofluids. While without adding extra materials, the nanofluids
could also keep stable for a substantial period of time as reported

= cthylene glycol

. waler

1
t(s)
Fig. 8 Measurements of thermal conductivity of water and eth-

ylene glycol [22]
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Fig. 9 Measurements of thermal conductivity of water at dif-
ferent temperatures, compared to the tabulated values (NIST)
[22]

due to the mechanism of the nanoparticle halos [25,26]. Moreover,
adding surfactant and/or changing the pH value may have some
influence on the effective thermal conductivity of the nanofluids
[8]. In this investigation, no surfactant or pH changes were uti-
lized and the stability of the nanofluids was carefully examined
and shown to be very good for a period of at least 48 hours.

Results and Discussions

The effective thermal conductivity of different volume fractions
of Al,O3/DI-water nanofluids are presented in Fig. 10, and the
normalized enhancement of effective thermal conductivity of the
nanofluids are compared to pure DI water in Fig. 11, both at room
temperature 27.5°C. First, the differences between the data mea-
sured by the cut-bar method and the hot-wire method are all
within the uncertainty except for the 4% volume fraction. The
measured enhancements via the hot-wire method seem to have a
linear relationship with the volume fraction at room temperature,
similar to what has been reported previously for investigations
utilizing hot-wire methods [4,5]. In both figures, at a volume frac-
tion of 4%, the measured value of the hot-wire method is lower
than the value measured by the cut-bar method, while at volume
fractions of 2% and 6%, the value measured by the hot-wire
method is slightly higher. However, as addressed previously, the
differences in each pair values are still well within the uncertainty
of both methods, with the only exception being the volume frac-
tion of 4%. This difference, however, may be the result of other
factors of the testing techniques. The average of the repeated tests
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Fig. 10 The comparison of the absolute values measured by
the transient method and steady-state method
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Fig. 11 The comparison of the normalized enhancement mea-

sured by the transient method and steady-state method

could eliminate this difference. This distribution also illustrates
that there is almost no difference between the two methods re-
garding the time or technique used to measure the effective ther-
mal conductivity of nanofluids. Because the samples were pre-
pared identically, the effects of the ultrasonic vibration time, the
size distribution of the nanoparticles, any possible multibody in-
teractions, nanoparticle shape, and the interfacial phenomena or
other thermal property effects that might contribute to the effec-
tive thermal conductivity of the nanofluids were minimized.

As shown in Fig. 12, it is apparent that the increase in the
effective thermal conductivity of nanofluids (Lee et al., 28 nm
diameter Al,05/DI water nanofluids [4], Eastman et al., 33 nm
diameter Al,O3/DI water nanofluids [5], and Xu and Wang,
28 nm diameter Al,O3/DI water nanofluids [10]) does not always
assume a linear relationship with the volume fraction, which is not
consistent with the predictions of either Maxwell’s model (Eq.
(5)) [27], Jeffery’s model (Eq. (6)) [28], Davis’ model (Eq. (7))
[29], or the Hamilton and Crosser model (Eq. (8)) [30], which is
the same as Maxwell’s for the case where the particle is spherical.
This deviation of the experimental data from the theoretical pre-
dictions may be due to lack of particle size parameters in the
above mentioned models. Moreover, as will be illustrated in Fig.
13, the effective thermal conductivity of each volume fraction
nanofluid will increase with an increase in temperature, while the
models do not incorporate the effects of different bulk tempera-
tures. The recently introduced new models, namely, Jang and
Choi’s (Eq. (9)), [31], Prasher’s (Eq. (10)), [32], Kumar et al. (Eq.
(11)), [34], and Chon et al. (Eq. (12)) [35], all yield much larger
predictions of the enhancement of the effective thermal conduc-
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Fig. 12 The comparison of the normalized enhancement mea-
sured by the transient method and steady-state method, and
other available experimental data and theoretical predictions
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tivity of nanofluids. As a result, a new model, which includes the
particle size effect and other parameters, is necessary.
k 3(a—1
ki, 3la=D¢ .
k (a+2)—(a-1)¢

where kg, 1s the effective thermal conductivity of the suspension,
ky is the thermal conductivity of the base fluid, « is the ratio of the
thermal conductivities of the nanoparticle and base fluid, and ¢ is
the volume fraction of the nanoparticle suspension. In this equa-
tion, Maxwell assumed that the potentials at the interface were
continuous and equal, thus the current passing through the inter-
face of the two media would be the same [27]. However, the
interfacial thermal resistance is not negligible in the nanoscale,
and the current passing through will be severely affected.

) . < B,-34
kiky=1+3B¢+3B¢ (B+§6_17_L(P—3)2”'3> (6)

where B=(a—1)/(a-2), volume fraction ¢p=4/3ma’n, a is the
radius of the particle, a=k,/k;, P is the probability density for a
second sphere located at r from the center of the reference sphere,
and A, and B, are known coefficients. Jeffrey considered the in-
teractions between the various pairs of spheres using a second
order expression of the volume ratio between the particles and the
fluid [28].

3(a-1)
[a+2-(a-1)¢]

where f(a)=E[°f=6{(BP—3Ap)/[(p—3)21"3]} was used to represent
the decaying temperature field. By developing this equation,
Davis, fully aware of the difficulty of integral convergence en-
countered in earlier investigations, considered a situation where
inside the composite material, the undisturbed temperature gradi-
ent varied inversely with the square of the distance from the
heated body [29].

—k [k2+<n— Dk, = (n = 1)k, = k)
- ky+ (n =Dk + ¢ky = ky)

keglky =1+ {p+ (@ +0(#)} (1)

(8)

where k, is the thermal conductivity of the nanoparticle, n=3/
for spherical particles, n=3/¢? for prolated ellipsoids, and n
=3/y" for oblate ellipsoids. In this model, Hamilton and Crosser
further developed Maxwell’s equation by including the shape fac-
tor [30].
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Fig. 14 Comparison between the measurements and numeri-
cal simulations for water at 25°C and 50°C [33]

b=kl = )+ kb + 30 -2y el Prob (9)
dnano

where C; is the constant, f is the volume fraction, dgg and d,,,,
are the diameter of the base fluid molecule and nanoparticle, re-
spectively, Regnano 1S the Reynolds number based on the diameter
of the nanoparticle, and Pr is the Prandtl number. In this model,
the adorption layer of fluid molecules was considered by Jang and
Choi [31].

kegr e 0333 (1+2a)+2q§(1—a)]
K =(1+ARe"Pr b) (20— Hl-a (10)

where m is a constant. Prasher et al. [32] developed this equation
based on the model of heat convection between particle and sur-
rounding fluid by Acrivos and Taylor [33].

keff ¢V m

“N=c.g——"
kl Pkl(1_¢)rp

where c is a constant, i, is the velocity of the nanoparticle, and r,,
and r, are the radius of the base fluid molecule and nanoparticle.
This equation was developed by Kumar et al. [34].

Kegilky = 1+ const(l/d,,)o'%g(Tl'BZI/102'46423/”’0) (12)

where T is absolute temperature, and B and C are constants. This
model was an empirical model, which was based on the hot-wire
method experimental data by Chon et al. [35].

Finally, although the effective thermal conductivities at higher
temperatures were not measured using the transient hot-wire
method, the comparison of the normalized effective thermal con-
ductivities between the steady-state cut-bar method and previous
report of transient hot-wire method was conducted [30]. In both
sets of measurements, the Al,O3 nanoparticles used were pur-
chased from a commercial source and were all the same 47 nm
diameter spherical shape and had the same vy crystal phase. Hence
the validity of this comparison is quite reasonable.

As illustrated in Fig. 13, at the higher temperature, the values of
the normalized effective thermal conductivities at the same vol-
ume fraction tested by the transient hot-wire method are much
higher than the corresponding values tested by steady-state cut-bar
method. One possible explanation for this is that the onset of
natural convection as explained by Fig. 14 [24], which pointed out
that in both cases at temperatures of 25°C and 50°C, the trend is
slightly affected by the buoyancy at 25°C, and even more so at
50°C. This effect is much more evident at the higher temperatures
and the simulation model presented above correctly predicts this
change and the onset of convection.

(11)
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Conclusions

The comparison between the measured values of the sample set
of Al,O3/DI-water nanofluids samples shows good agreement be-
tween the transient hot-wire method and steady-state cut-bar
method at room temperatures. The results confirm that the ob-
served enhancement of the thermal conductivity of Al,Os/water
nanofluids exists and is independent of the measurement tech-
nique. In addition, the existing models have been expanded to
incorporate a method by which the effect of the temperature on
the effective thermal conductivity can be incorporated. These ex-
panded models need then to be verified and improved to accu-
rately represent the effect of temperature on the effective thermal
conductivity Al,Oz/water nanofluids at different volume fractions.
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Thermal conductivity equations for the suspension of nanoparticles (nanofluids) have
been derived from the kinetic theory of particles under relaxation time approximations.
These equations, which take into account the microconvection caused by the particle
Brownian motion, can be used to evaluate the contribution of particle Brownian motion
to thermal transport in nanofluids. The relaxation time of the particle Brownian motion is
Sfound to be significantly affected by the long-time tail in Brownian motion, which indi-
cates a surprising persistence of particle velocity. The long-time tail in Brownian motion
could play a significant role in the enhanced thermal conductivity in nanofluids, as
suggested by the comparison between the theoretical results and the experimental data

for the Al,O5-in-water nanofluids. [DOI: 10.1115/1.2789721]
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Nanofluids are suspensions of high thermal conductivity nano-
particles that offer the potential to surpass the performance of
conventional heat transfer fluids [1-10]. Unusually high thermal
conductivity enhancement has been experimentally reported in
various nanofluid systems [2-8]. A strong dependence of conduc-
tivity enhancement on temperature has also been observed. How-
ever, existing theories have difficulties explaining these observed
abnormal behaviors. Traditional thermal conductivity theories for
composites, such as the effective medium theory (EMT), were
initially developed by Maxwell in 1873 [11]. According to the
EMT, thermal conductivity of nanofluids containing a low volume
fraction of high thermal conductivity spherical particles is [11,12]

a-1
kdiff= kf(l + 3q)m> (1)

where k; is the thermal conductivity of the base fluids, ® the
volume fraction of the particles, and a=r,/ Rk, r, is the particle
radius and R, is the thermal resistance per unit area of the particle/
fluid interface. Equation (1) has been successfully applied to ex-
plain thermal conductivity of solid-solid composites in which heat
is transported by diffusive conduction, but cannot explain by itself
the abnormal conductivity enhancement in nanofluids.

Recently, a number of theoretical studies have been published
to explain the thermal conductivity enhancement of nanofluids,
but the mechanisms of the thermal conductivity enhancement are
still under hot debate [9,10,13—18]. In this paper, thermal conduc-
tivity equations in nanofluids are derived based on the kinetic
theory of particles dispersed in the fluids. These equations take
into account fluid convective heat transfer caused by the Brown-
ian movement of nanoparticles. It is also found that the relaxation
time of particle Brownian motion could be significantly affected
by the long-time tail in Brownian motion, which indicates a sur-
prising persistence of particle velocity.
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thermal conductivity, Brownian motion, relaxation time,

Nanoparticles in the fluids are small enough to be affected by
Brownian motion due to collisions with surrounding thermal mol-
ecules [19]. The particle motion may cause fluid convection to
promote heat transfer in nanofluids. To evaluate the contribution
of such fluid convection on thermal transport in nanofluids, a ther-
mal conductivity equation will be derived, starting by making the
following assumptions.

1. Heat is transported in nanofluids primarily by two parallel
paths: one is by diffusive conduction of the fluids and the
nanoparticles, the other is by fluid convection caused by the
particle Brownian motion. The overall heat transfer rate in
nanofluids, g, can be expressed as g, =qqifr+¢qp Where
subscripts diff and B denote the contributions from the dif-
fusive heat conduction and the particle Brownian motion,
respectively. Consequently, the effective thermal conductiv-
ity of the nanofluids, k., is

kit = kaie + kg ()

where kg can be evaluated from Eq. (1).

2. The nanoparticles are distinguishable from one another and
can be treated as classical particles.

3. Each single particle executes a movement, which is indepen-
dent of the movement of all other particles. Due to this as-
sumption, the thermal conductivity equations derived below
are applicable to nanofluids with low volume fractions of
particles.

4. In the absence of external forces (gravity can be neglected),
there is no preferred position for a nanoparticle, and there is
no preferred direction for the velocity.

5. Nanoparticles in suspensions are small enough to be affected
by Brownian motion, but still large enough for the fluid to be
treated as a continuum.

Let us consider a nanofluid in an imaginary cylindrical con-
tainer with each end wall having area A. A stationary coordinate
system (X,Y,Z) is defined so that the origin is positioned in an
arbitrary plane between the two end walls, and the Z axis is along
the cylinder, as illustrated in Fig. 1. In addition, a local coordinate
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Fig. 1 A nanoparticle with coordinates (X;, Y; Z;) moves at
velocity u, toward the Z=0 plane. The origin of the local coor-
dinate system (x, y, 2) is at the center of the moving particle.
The hydrodynamic layer thickness is /.

system (x,y,z) is defined with its origin at the center of a moving
particle (for example, particle i in Fig. 1) and x, y, and z axes are
parallel to X, Y, and Z axes, respectively. A temperature gradient,
dT/dZ, exists along the Z axis, so heat transports in the +Z direc-
tion. The nanofluid has a particle number density of .

Heat that is transported through the Z=0 plane by fluid convec-
tion caused by the particle Brownian motion will be examined to
determine the kg. Consider a nanoparticle i located in (X;,Y;,Z;)
and moving at a velocity of u, in the +Z direction, as shown in
Fig. 1. According to the equipartition theorem, the mean squared
velocity of a Brownian particle can be defined as [19,20]

3K,T
2= ()
P

where K3 is the Boltzmann constant, 7 the temperature in Kelvin,
and m,, the particle mass. As a result of the particle movement,
fluid flow near the particle is developed. The fluid flow is charac-
terized by two distinct regions: the hydrodynamic boundary layer
and a region outside the boundary layer in which the fluid motion
is negligible. The boundary layer thickness /p is typically defined
as the value of r for which u(r)=0.01u, [21]. In general, I3 is
much larger than the mean free path of a Brownian particle, 7u,,
since 7u,, is of the order of the particle size [19,20]. Here, 7is the
relaxation time of the particle, providing a measure of the time
required for a particle to forget its initial velocity. A steady fluid
flow during the time interval 7is assumed for simplicity in evalu-
ating the heat transfer rate by the fluid flow.

Given the fluid velocity field u(x,y,z) around the particle i, as
illustrated in Fig. 1, the amount of thermal energy across the Z
=0 plane during the time interval 7 that is carried with the fluid

flow is
f)_

0/(z) = f
4)

where C/ is the heat capacity per unit volume of the fluid, 7(Z) the
fluid temperature, and u, the Z component of the fluid velocity. Q;
varies with the particle coordinate Z;, i.e., the distance between the
particle and the Z=0 plane, but does not depend on its X or Y
coordinates.

If particles move in the =X and =Y directions, it can be as-
sumed that they have negligible contribution to heat transport in
the Z direction because the fluid temperature varies only in the Z

CI(Z=— tu)u,(x,y,z =~ Tu, — Z;) rdxdy

=-lp —lg
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direction. Since particles move randomly in all directions, 1/6 of
the total particles, on the average, move in the +Z direction, and
an equal number in the reverse direction [22,23]. The number of
particles that travel in the +Z direction and are located between
the Z=—lp—1u, and Z=lp—1u, planes is nAlg/3. These nAly/3
particles will stimulate fluid flow passing across the Z=0 plane in
the +Z direction during the time interval 7. Therefore, the total
thermal energy that is transported through the Z=0 plane in the
+Z direction during time interval 7 by the stimulated fluid flow is

nAlg/3 nAlg3
E 0(z) = E f f C/T(- )
x==lp =—lp
Xu(x,y,2=— Tu,— Z;) rdxdy
Ig— Ty,
= _Cfo f f T(- u,)

—lg—Tu x==lg v y=-lp

Xu(x,y,z=— Tu,— Z)dxdydZ (5)

where the summation over i can be replaced by integration over Z
when the particle number density is not extremely low, i.e., n
>1/Alg. Similarly, the thermal energy transported in the —Z di-

rection is
lg=Tu,
=—lp— i, x=—lg v y=

(x,y.z2=—Tu,— Z)dxdydZ (6)

Although an equal amount of mass flow (fluid) passes through the
Z=0 plane in the —Z direction, it carries lower thermal energy
than those in the +Z direction because the temperature 7 decreases
with increasing Z. Hence, the net heat transfer is

T(7u )u,

_lB

Qnet= Q+_ Q—
A dar
3 az

w2(x,y,2 = — Tu, - Z)dxdydZ

ST

Recalling that Iz> 7u,, the O, can be written as

One =~ ﬂcﬂz ﬁgjg ul(x,y,z)dxdydz (®)

—l —lg

™)

where the squared velocity is integrated over the hydrodynamic
boundary layer. Comparison of Eq. (8) with Fourier’s law of heat
conduction leads to the following expression for the kg:

1
ky= ganfrﬁ % u?(x,y,z)dxdydz (9)
Vg

where u, is the Z component of the fluid velocity. Equation (9) is
the general form of the thermal conductivity equation that de-
scribes the contribution of fluid convection caused by the particle
Brownian motion to heat transport in nanofluids. It is interesting
that this expression is similar to the thermal conductivity equation
for solids k=Cu?7/3. According to Eq. (9), kg is proportional to 7,
Cy, and 7, and depends on the integration of the square of the fluid
velocity over the entire boundary layer.

The flow velocity can be obtained in theory by solving the
integral momentum and kinetic energy equations. The Reynolds
number based on u, given by Eq. (3) can be written as Re
=2r,u,psl py, where p is the dynamic viscosity, p is the mass
density, and subscripts p and f denote the particles and the fluids,
respectively. For the Brgwnian particles in the fluid, Re is in-
versely proportional to \e"r,,. For example, the Re for 40 nm Al,O3
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Fig. 2 Stokes flow around a spherical particle moving at u, in
the fluid. The origin of the local spherical coordinate system is
at the center of the particle.

particles in water, Re=0.058, is very small and therefore the con-
vective flow falls in the Stokes regime. The Stokes flow caused by
a moving sphere is illustrated in Fig. 2. Assuming an incompress-
ible fluid, the integral momentum and kinetic energy equations for
the Stokes flow around a moving sphere can be solved analytically

[21]:
3 1 3
U, =1u,cos 0[—(ZB>——<ZB> ]
2\ r 2\ r

3 1 3
ug=u, sin 0[— —<52> - —<52) }
4\ r 4\ r

Substituting Eq. (10) to Eq. (9) and performing some straight-
forward but tedious integration, we obtain the thermal conductiv-
ity equation for spherical particles:

(10)

kp=1575®Cpu 7 (11)
where ®=((4/ 3)7Tr2)n is the volume fraction of the particles, C;
is the heat capacity per unit volume of the fluid (not the particles),
u, is the Brownian velocity of the particle, and 7 is the particle
relaxation time. Please note that the proportionality 157.5 is not a
fitting constant, but is strictly obtained from the analytical integra-
tion of the fluid velocity over the hydrodynamic boundary layer
around the Brownian particle. This thermal conduction equation
(Eq. (11)) in nanofluids is virtually parameter free, and reveals
how the kg in nanofluids depends on the fundamental properties of
the particles and the fluids. Cy, u,,, and ® can be obtained rela-
tively easily, but the particle relaxation time 7 is difficult to be
determined both experimentally and theoretically.

The relaxation time of particle Brownian motion must be re-
lated to the velocity correlation function R(7) that is defined as
R(t)=(u(ty)u(ty+1)) [20]. If R(z) is given, 7 could be evaluated as

J tR(t)dt
0

R (12)

If the R(7) has an exponential form, exp(—t/ 1), 7= 7, according to
Eq. (12).

The Langevin equation, in which the random fluctuating force
is balanced with the particle inertia and the pseudosteady Stokes
drag, is often used to calculate the velocity autocorrelation R(z).
The solution to the Langevin equation leads to [20]
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Fig. 3 The velocity autocorrelation function R(?) evaluated us-
ing Eq. (13) (heavy particle approximation), Eq. (15) (neutrally
buoyant particle approximation), and Eq. (16) (general particle,
M=0.999967). p,=3.9 g/cm® (alumina), p=1.0 g/cm® (water),
and a=23.5 nm.

KT 6 y
Ryplt) = —2= exp(— Mz) (13)
mp mp
and
r=—2_ (14)
6 s,

where the subscript hp denotes heavy particles. The Langevin
equation does not consider the effects of the inertia of the fluid
surrounding the particle. Therefore, it can be used to evaluate the
velocity autocorrelation only when the mass density of particles is
much larger than the fluid density, i.e., p,/ps— . For general
particles, a long-time tail in the velocity autocorrelation function
R(¢), i.e., a surprising persistence of the particle velocity, has been
observed both theoretically and experimentally [24,25]. The long-
time tail in Brownian motion should have a significant effect on
the relaxation time of the Brownian particles. The Langevin equa-
tion fails to describe this phenomenon. Unfortunately, there is no
analytic solution to the velocity autocorrelation function R(r) of
general particles when the fluid inertia is considered. For neutrally
buoyant particles, i.e., p,/ py=1, several different approaches were
pursued to take into account the fluid inertia in literature and the
following expression was obtained [26,27]:

Rypl0) = 2KT Im{(\§+ 1)exp[(\’3 + 1)23—‘2%}
3 m, 4r,py
Xerfc[(\’3 +1) 3—‘}1] (15)

4r,py

where Im[z] gives the imaginary part of the complex number z

and / is an imaginary unit. In general cases, the particle mass

density falls in between the two extreme cases of p,/p,=1 and
pp/ ps— . In this work, a weighted average of the velocity auto-
correlation function is used for the 7 evaluation,

R(1) = Ryp (R (1) (16)

where M is a weighting parameter and should lie between 0 and 1.
The M is treated as a fitting parameter here since there is no
simple way to calculate it. For very large particles or very viscous
fluids, 7 goes to zero according to Egs. (12)—(16), and thus Eq. (2)
reduces to the EMT.

The velocity autocorrelation function versus delay time is plot-
ted in Fig. 3 for Brownian particles using each of the above for-
mulations (Egs. (13), (15), and (16)). In short-time limit, R,,(0%)
is smaller than Ry,,(0*) due to the added mass from the fluid to the
particle. In long-time limit, R, has a long tail, rather than decay-
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Fig. 4 Comparison of the thermal conductivity equations with
experimental data for nanofluids consisting of Al,0; nanopar-
ticles dispersed in water, for varying temperatures and particle
diameters. Experimental data are from Ref. 5.

ing exponentially as Ry,. The weighted average of R() lies in
between R,, and R,,. It is clear from Fig. 3 that (1) different
expressions for the velocity autocorrelation function will lead to
very different relaxation time, and (2) the Langevin equation
might significantly underestimate the relaxation time of Brownian
particles.

As an example, the derived thermal conductivity equations and
the formula for evaluating the relaxation time are applied to an
Al,O3-in-water nanofluid system, as shown in Fig. 4. It can be
seen in Fig. 4 that these equations could explain the thermal con-
ductivity enhancement observed in Al,Os-in-water nanofluids by
assuming M =0.999967 for all fluid temperatures and particle di-
ameters. Most importantly, the basic trends observed experimen-
tally are captured by these equations, that is, the thermal conduc-
tivity enhancement in nanofluids increases with increasing
temperature and with decreasing nanoparticle size. The dynamic
viscosity of the fluid uy and the Brownian velocity of the particle
u, would be primarily responsible for the experimentally observed
strong temperature dependence of the conductivity enhancement
in nanofluids.

Please note that the weighting parameter M used in the evalu-
ation of the particle relaxation time depends on the ratio of mass
density of the particles and the fluid, as shown in Eq. (15), M
=0 for p,/ps— and M=1 for p,/ps=1. To fit the experimental
data in the Al,O3-in-water nanofluids, M 1is chosen to be
0.999967. M=0.999967 might not be necessarily inconsistent
with the fact that p,~4p, since M represents the average of p,
— o and p,=py. In the end, however, the real value of M and also
the relaxation time need to be determined experimentally. If the
fitting value of M 1is larger than its real value, it implies that the
contribution of particle Brownian is overestimated and other
mechanisms such as particle aggregation should be considered.

In comparison with the derived thermal conductivity equations,
the EMT (Eq. (1)) predicts that, assuming R,=7.7
X 107 K m?/W [15], the thermal conductivity enhancements in
Al,Os-in-water nanofluids are 0.2%, 1.7%, and 2.5% for d,
=11 nm, 47 nm, and 150 nm, respectively. The predicted conduc-
tivity enhancement shows little dependence on the fluid tempera-
ture. When compared to the experimental data shown in Fig. 4,
the EMT underpredicts the data and completely fails to explain
dependence of the thermal conductivity enhancement on the fluid
temperature and the particle size.

In summary, thermal conductivity equations have been estab-
lished to evaluate the contribution of Brownian motion of nano-
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particles dispersed in fluids. These equations are derived from the
kinetic theory of particles in the fluids under relaxation time ap-
proximations, taking into account the convective heat transfer that
is caused by the particle Brownian motion. The long-time tail in
Brownian motion, i.e., the surprising persistence of particle veloc-
ity due to the fluid inertia, could play a significant role in thermal
transport in nanofluids. Future experiments are needed to assess
the effects of the long-time tail in Brownian motion on the relax-
ation time of nanoparticles in fluids.
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A photoelectrochemical model for hydrogen production from water electrolysis using
proton exchange membrane is proposed based on Butler-Volmer kinetics for electrodes
and transport resistance in the polymer electrolyte. An equivalent electrical circuit anal-
ogy is proposed for the sequential kinetic and transport resistances. The model provides
a relation between the applied terminal voltage of electrolysis cell and the current density
in terms of Nernst potential, exchange current densities, and conductivity of polymer
electrolyte. Effects of temperature on the voltage, power supply, and hydrogen production
are examined with the developed model. Increasing temperature will reduce the required
power supply and increase the hydrogen production. An increase of about 11% is
achieved by varying the temperature from 30°C to 80°C. The required power supply
decreases as the illumination intensity becomes greater. The power supply due to the
cathode overpotential does not change too much with the illumination intensity. Effects of
the illumination intensity can be observed as the current density is relatively small for the

examined illumination intensities. [DOI: 10.1115/1.2789722]
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Introduction

Hydrogen is expected to play an important role as an energy
carrier of the future as the quality of human life increasingly de-
pends on the availability of energy resources [1,2]. Hydrogen may
be used as fuel in almost every application where fossil fuels are
being used today, but almost without harmful emissions. How-
ever, hydrogen is not an energy source, and it does not occur in
nature in its elemental or molecular form. Several methods have
been and are being developed for production of hydrogen from
renewable energy sources [3]. One of these methods is to capture
the energy that is freely available from sunlight and to directly
generate hydrogen. Research of photoelectrochemical systems
that produce hydrogen directly from water using sunlight as the
energy source has received increasing attention for the past de-
cades [4,5]. Moreover, the advent of nanocrystalline semiconduc-
tor systems has rekindled interest in hydrogen production from
water electrolysis by visible light [6].

The water electrolyzer cell with proton exchange membrane
(PEM) has been utilized in many energy-related fields such as fuel
cell, and solar cell systems. Electrolysis of water using the PEM is
considered as a promising methodology for producing hydrogen
because of its advantages over the classical alkaline process in
terms of its simplicity, high energy efficiency, and specific pro-
duction capacity. Basically, a PEM electrolyzer cell is similar to a
PEM fuel cell. It has a polymer membrane, porous electrodes,
current collectors and separator plates, and manifolds. In general,
the principle of its operation is just reverse of fuel cell operation.
On one electrode (anode), water is split into oxygen, protons, and
electrons by applying a DC voltage higher than a thermoneutral
voltage. Protons pass through the polymer electrolyte membrane
and on the other electrode (cathode) combine with electrons to
form hydrogen. Passage of protons through the membrane is ac-
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companied by water transport (electro-osmotic drag). Although
there are many studies on the theoretical analysis of PEM fuel
cells [7-10], not much has been reported on the kinetics and po-
larization characteristics of the PEM electrolyzer cell. In order to
design and use the PEM electrolyzer effectively, analytical and/or
numerical models for the device are necessary so that the system
may be optimized. Onda et al. [11] provided a voltage-current
relation wherein the cell voltage is described as the sum of Nernst
voltage, anode and cathode overpotentials, and resistive overpo-
tential. Empirical equations were utilized for the anode and cath-
ode overpotentials as a function of temperature of the electrolytes
and current density of the cell. A simple model for electrochemi-
cal process in the water electrolysis cell was developed by Choi et
al. [12]. However, none of such models, to the authors’ knowl-
edge, has been seen in the published literature for the photoelec-
trochemical PEM electrolysis cell. The present study is motivated
by such need to develop a simple but useful first-generation the-
oretical model to explain the current-potential characteristics of
photoelectrochemical PEM electrolysis cell based on the involved
charge and mass balances as well as Butler-Volmer kinetics on the
electrode surfaces.

Method Descriptions

Electrolysis of water is the dissociation of water molecules into
hydrogen and oxygen. A potential is applied across the electro-
chemical cell to induce electrochemical reactions at both elec-
trodes. A schematic of the water electrolysis cell is shown in Fig.
1. Water is introduced at the anode and dissociated into oxygen,
protons, and electrons. For the pure water electrolysis process, the
reaction at the anode can be expressed as

H,0 = 2H* + 2¢” +0.50, (1)

Under an electric field, the protons are driven through the PEM
to the cathode where they combine with the electrons arriving
from the external circuit to form hydrogen gas:

2H*+2¢ = H, )
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Fig. 1 Schematic of the PEM solar electrolyzer

Therefore, the net reaction in the electrolysis cell can be written
as

H,0 = H, +0.50, 3)

The membrane-electrode assembly (MEA) is the main part of
the PEM water electrolysis cell. The perfluorosulfonic acid poly-
mer such as Nafion® has been widely used as the membrane for
water electrolysis because of its intrinsic properties: excellent
chemical and mechanical stability, high protonic conductivity, and
gas impermeability [13,14]. Because of the highly acidic environ-
ment produced by sulfonic acid groups at the membrane surfaces,
acid-resistance noble metals or their oxides must be used for elec-
trocatalysts. Platinum provides a significant overpotential and the
best performance, and it is commonly used for water electrolysis
[14].

Before a detailed analysis of the current distributions in the
PEM electrolysis cell, it is important to have a correct description
of the constituents of the cell voltage at the macroscopic level. A
simplified mathematical model is developed based on appropriate
mass balances, transport, and electrochemical kinetics applied to
the PEM electrolysis cell, using the similar model development as
Ref. [12].

First, the anode chamber is assumed to be well mixed. The
mass balances of water and oxygen at the anode and that of hy-
drogen at the cathode can be written as [15]

. . iA

Ni,0.in = Nu,0,00 = oF 4)
. . iA

NHz,in - NHz,oul == E (5)
. . iA

NOZ,in - NOZ,oul == E (6)

where N, i, A, and F are the molar flow rates, current density,
MEA area, and Faraday constant, respectively.

The potential of the electrode when a net current flows through
the electrode (i#0) diminished by the equilibrium potential
(when i=0) is called the overpotential. The overpotential may be
regarded as the extra potential necessary to reduce the energy
barrier of the rate-determining step to a value such that the elec-
trode reaction proceeds at a desired rate. The stoichiometric num-
ber of a reaction is defined as the number of times the rate-
determining step takes place for one act of overall reaction. The
effect of light on electrode reactions is akin to its effect on chemi-
cal reactions (photochemistry). The number of electrons, n,, emit-
ted in a second by a metal in a vacuum per unit of incident light
energy is given by [16]
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Fig. 2 Equivalent circuit for the solar water electrolysis
process
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where m is the mass of electron, ¢ is the velocity of light, ¢, is
the work function of the metal, and v is the frequency of light of
standard intensity /.

It is assumed that there are no transport limitations. The Butler-
Volmer expression utilized for the overall electrochemical reaction
at the anode and the charge-transfer reaction under illumination
can be given as [17]

. [ (CVAVZFWA> < (l_aA)V;FnA>:|
i=iy exp| ——— | —exp| - ———————

RT RT
1, mcz( ¢M+X>
+F2——=|1-
Iy h*? hv

where iy is the anode exchange current density, v, is the stoichi-
ometric coefficient of electrons in the anode, a, is the transfer
coefficient, 7, is the anode overpotential, /, is the intensity of
illumination, R is the universal constant of gases, T is the tem-
perature, and y is the surface potential difference at the metal-
solution surface.

Assuming that the effective transfer coefficient a4=0.5 and
v, =2 [18], the anode overpotential can be written in the following

(8)

form:
.. FﬂA) ( F’?A) .
= — | - -—— ||+ 9
i le[eXp< &7 | P\ " Rr i, )
RT i—i
=— sinh‘l( ) 10
Ta F iro (10)
where

1, mc? +
i,=F2o (1 _Putx X)

Iy h*V? hv
Similarly, for the cathode, if Butler-Volmer equation is utilized

along with a¢=0.5 and v,=-2, the cathode overpotential can be
obtained as

RT ;
ncz—Fsinh"1<l—C> (11)

where i is the cathode exchange current density. Here, it should
be noted that the solutions are assumed to be well mixed in the
chambers and thus the surface concentrations do not differ appre-
ciably from the bulk phase.
At steady state, the divergence of current density in the PEM is
zero, i.e.,
di d
—=0 and i=- (T—d)
dz dz
where o is the conductivity of the electrolyte and ¢ is the poten-
tial in the membrane.
Figure 2 shows the equivalent circuit for photoelectrolysis pro-

(12)
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cess represented by a series of resistances. The overall applied cell
potential is thus composed of the cell Nernst potential (V,), anode
(774) and cathode (7.) overpotentials, overpotential due to mem-
brane (7,,), and interfacial resistance (7;). It can be written as

V=Vo+ 0= nc+mu+m (13)

where the interfacial overpotential (7;) may be written in terms of
interfacial resistance R; and current density as 7;=R;i.

The Nernst potential or equilibrium open circuit potential (V)
is empirically expressed as [19]

RT 1
= E oF - Tref) + E[ln(PHz) + 5 1n(POz):| (14)

From the reaction as shown in Egs. (1)—(3), the equilibrium po-
tential can be expressed as

RT
Vo=1.23-0.9 X 1073(T - 298) + v In(P} Po)  (15)

The overpotential due to membrane resistance can be obtained
by integrating Eq. (12):
Ly,
=\t
Oy

where L, is the thickness of the PEM, and oy, is the conductivity
of the electrolyte. The membrane’s resistance depends mainly on
the temperature and moisture content in the membrane. Conduc-
tivity of Nafion® can be described by the following relation [20]:

11
oy = o‘r,;fexp[ 1268<T— - }”

ref

(16)

(17)

Therefore, the overall cell voltage-current relation for the elec-
trolysis cell can be obtained by combining the above equations:

RT . _ | 1[i-i, RT . | 1[ic
V=Vy+—sinh™| -| — | [+ —sinh'| = —
F 2\ iy F 2\ico

L
+(—M)i+R,i
Om

Then, the required power density can be obtained by P=Vi as

vt [1fi-i\]
P=Vol+_SIIlh |\ |t
F 2 17N

RT 1[i L
o sinh‘l[—<,l—c)}i+ (—M)i2+R,i2
F 2\ig oy

The rate of hydrogen production is derived in a way similar to
hydrogen usage in the PEM fuel cell, except that there are two
moles of electrons to generate a mole of hydrogen, and hence the
hydrogen production rate is written as follows:

(18)

(19)

i
H2,production = E (20)
The electrolysis process has been represented by an equivalent
electrical circuit consisting of a series of resistances standing for
each individual steps. In analogy to linear Ohm’s law, a differen-
tial resistance R, can be defined for an electrolysis cell as [18]

d(V-"V,)
R;=—— 21
= (1)
dny dnc dny dmy
Ry=—-——"T"T"+—"+—"=R,+R-+Ry+R 22
g T a T a T Rt Rer Ryt R (22)
RT
(23)

RA = [
(2FigoN1 + ((i = i,)/2i50)*
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Fig. 3 Comparisons of the computed results with the mea-
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RT
RC = [ >
(2Fico)N1 + (ig/2ic)

(24)

Ry =Lyloy (25)

It should be noted that ic=i—i,.

Results and Discussions

The voltage-current density curves are presented in Fig. 3 for
pure water electrolysis (without photocurrent) at the temperature
of T=80°C. Values of the physical properties are listed in Table 1.
During the present modeling, the conductivity of the electrolyte at
the reference state (a‘f;f), which appears in Eq. (17), is determined
to be 0.072 S/cm at the reference temperature of 7,,,=298 K. In
addition, a correction factor of 1.75 from computer optimization is
used in Egs. (8) and (11), because there is a limitation for mass
transfer, e.g., oxygen diffusion from catalyst site to gas bubble
across a diffusion film near electrodes. Such value is selected as
fitting parameter in order to optimize the match with the experi-
mental data, as shown in Fig. 3. The exchange current density, i,
depends on the temperature at the electrode surface and also the
roughness factor, which is defined as the electrochemically deter-
mined electrode area divided by the geometric area: iy=7yy
Xexp[-E/R((1/T)-(1/ Tref))]i{)ef, where E is the activation en-
ergy. It can be seen that comparisons between the computed re-
sults and the measured data [13] are in very favorable agreement.

Effects of different temperatures on the voltage-current density
curves are shown in Fig. 4. The anode and cathode overpotentials
are presented in Fig. 4(a) as a function of the current density. It
can be seen that the anode and cathode overpotentials become
greater as the temperature decreases, as a result of the decreasing
exchange current density with the increase of temperature. For the
purpose of clarity, the membrane Ohmic drop and the equilibrium
voltage are exhibited in Fig. 4(b). Both the membrane Ohmic drop
and the equilibrium voltage become greater as the temperature
decreases.

Figure 5 shows the differential resistances for water electrolysis
cell for different temperatures. The membrane differential resis-

Table 1 Model parameters for water electrolysis cell
Parameters i40.pt i40.pt ico Ly Ym
Values 107 88X 1077 3X1073 178 150
Dimensions A/cm? A/cm? A/cm? um 1
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Fig. 4 Effects of temperature on the voltages of the water elec-
trolysis cell

tance increases with the decrease of temperature. As the tempera-
ture becomes smaller (such as 7=50°C and 30°C), the anode and
the cathode differential resistances become closer to each other. At
T=30°C, they almost overlay with each other. Effects of tempera-
ture on the power supply are presented in Fig. 6. The minimum
power supply in this figure is the required power supply for over-
coming the equilibrium open circuit potential. The required power
supply increases as the temperature decreases. This can be seen
more clearly for the power supply due to anode overpotentials.
Hydrogen production rates for different temperatures are exhibited
in Fig. 7. For the same power supply, the hydrogen production
rate becomes greater with the increase of temperature. For in-
stance, the hydrogen production rate increases by approximately
11% from the temperature of 30°C to 80°C.

Effects of the illumination intensity on the voltage-current den-
sity curves are presented in Fig. 8 for /,/1,=0, 0.5, and 1. The
temperature is taken as a constant of 7=80°C. The frequency of
the incident light is typically taken as 6.5 X 10'> Hz. The surface
potential (y) is assumed to be 0.1 eV, although different values
can be examined without a lot of difficulties. Both the anode and
the cathode overpotentials decrease as the illumination intensity
increases. This can be seen more clearly as the magnitude of the
current density is small. Effects of the illumination intensity be-
come less significant as the current density increases. This is be-
cause for the selected illumination intensities, the photocurrent
plays a more important role than the electrochemical current. As

042409-4 / Vol. 130, APRIL 2008
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the current density increases, the electrochemical current becomes
more predominant and then effects of the photocurrent become
less significant.
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Fig. 6 Effects of temperature on required power supply for
water electrolysis

The power supplies due to the anode and cathode overpotentials
for different illumination intensities are plotted in Fig. 9. Effects
of the illumination intensity can be observed as the current density
is relatively small. The required power supply decreases as the
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Fig. 7 Effects of temperature on hydrogen production rate

illumination intensity becomes greater. The power supply due to
the cathode overpotential does not change too much with the illu-
mination intensity. Illumination intensity effects on the hydrogen
production are presented in Fig. 10. Effects of the illumination
intensity can be observed as the current density is relatively small
for the examined illumination intensities.

Conclusions

A photoelectrochemical model is developed for the water elec-
trolysis process. Electrolysis process is represented by the equiva-
lent electric circuit. Effects of temperature on the voltage, power
supply, and hydrogen production are examined with the developed
model. Increasing temperature will decrease the required power
supply and increase the hydrogen production. An increase of
about 11% is achieved by varying the temperature from
30°C to 80°C. The required power supply decreases as the illu-
mination intensity becomes greater. The power supply due to the
cathode overpotential does not change too much with the illumi-
nation intensity. Effects of the illumination intensity can be ob-
served as the current density is relatively small for the examined
illumination intensities.
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Fig. 8 Effects of illumination intensity on voltage-current den-
sity curve
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Nomenclature
¢ = speed of light in vacuum=2.9979 X 10® m/s
E = activation energy

F = Faraday constant=9.6485 X 10* C/mol
h = Planck constant=6.626 X 10734 J s
I, = standard intensity of light

current density
ip = exchange current density

Ly = thickness of the proton exchange membrane
m = mass of electron=9.1096 X 1073! kg

N = molar flow rate

n = number of electrons transferred in the reaction

042409-6 / Vol. 130, APRIL 2008

P = pressure
R = universal constant of gases=8.314 J/(mol K)
R, = anode differential resistance
R = cathode differential resistance
R, = interfacial differential resistance
R); = membrane differential resistance
T = temperature
Tt = reference temperature
V = voltage
Vo = equilibrium voltage
Greek Symbols
a = transfer coefficient
x = surface potential difference at the metal-
solution interface
yy = roughness factor
op = conductivity of the electrolyte
¢y = work function of the metal
v = frequency of light
7 = overpotential
74 = anode overpotential
nc = cathode overpotential
7; = overpotential due to interfacial resistance
ny = overpotential due to membrane
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Modeling the Thermal
Conductivity and Phonon
Transport in Nanoparticle
Composites Using Monte Carlo
Simulation’

This paper presents a Monte Carlo simulation scheme to study the phonon transport and
the thermal conductivity of nanocomposites. Special attention has been paid to the imple-
mentation of periodic boundary condition in Monte Carlo simulation. The scheme is
applied to study the thermal conductivity of silicon germanium (Si—-Ge) nanocomposites,
which are of great interest for high-efficiency thermoelectric material development. The
Monte Carlo simulation was first validated by successfully reproducing the results of
(two-dimensional) nanowire composites using the deterministic solution of the phonon
Boltzmann transport equation reported earlier and the experimental thermal conductivity
of bulk germanium, and then the validated simulation method was used to study (three-
dimensional) nanoparticle composites, where Si nanoparticles are embedded in Ge host.
The size effects of phonon transport in nanoparticle composites were studied, and the
results show that the thermal conductivity of nanoparticle composites can be lower than
that of the minimum alloy value, which is of great interest to thermoelectric energy
conversion. It was also found that randomly distributed nanopaticles in nanocomposites
rendered the thermal conductivity values close to that of periodic aligned patterns. We
show that interfacial area per unit volume is a useful parameter to correlate the size
effect of thermal conductivity in nanocomposites. The key for the thermal conductivity
reduction is to have a high interface density where nanoparticle composites can have a
much higher interface density than the simple 1D stacks, such as superlattices. Thus,
nanocomposites further benefit the enhancement of thermoelectric performance in terms
of thermal conductivity reduction. The thermal conductivity values calculated by this
work qualitatively agrees with a recent experimental measurement of Si—-Ge
nanocomposites. [DOI: 10.1115/1.2818765]

1 Introduction

The advance of nanoengineering in the past decade has enabled
researchers to demonstrate enhanced thermoelectric materials
through the use of nanostructures [ 1-8]. The efficiency and energy
density of thermoelectric devices is usually determined by the
dimensionless figure of merit, ZT'=S%0T/k, where S is the See-
beck coefficient, the electrical conductivity, k the thermal conduc-
tivity, and T the absolute temperature [9]. These parameters in
bulk materials usually have conflicting trends, making it difficult
to find high ZT materials. Recently, significantly enhanced ZT
values have been reported by different groups using superlattices
or quantum-dot superlattices by exploiting phonon thermal con-
ductivity reduction and electron performance enhancement in
these structures [3—5]. Nanocomposite materials, in the form of
nanoparticles and nanowires embedded in a host matrix material,
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are proposed as an alternative to realize cost effective large scale
production of thermoelectric material with nanostructures
[2,10-13].

Although the nanocomposite approach seems promising, cur-
rently there is little theoretical or modeling work in the literature
regarding electrical and thermal transport in nanocomposites that
one can rely on to achieve good design of thermoelectric nano-
composites. The prevailing approach for thermal conductivity
modeling is to include the interface thermal resistance, or the
Kapitza resistance [14], with the Fourier heat conduction theory
[15-22]. However, the Fourier heat conduction theory is based on
the diffusion picture and is not applicable when the phonon mean
free path (MFP) is longer than the characteristic length of the
nanocomposites such as the particle diameter and/or interparticle
separation distance. Another approach in the investigation of the
nanocomposite thermal conductivity is through the calculation of
the phonon dispersion in periodic structures [23]. Due to the short
wavelength of the dominant phonon heat carriers, the phonon
scattering at interfaces is often diffuse [24]. The diffuse interface
scattering inside the nanostructure materials cannot only reduce
the phonon MFP but can also destroy the coherence of phonons.
The loss of coherence results in the fact that the classical size
effect models such as the phonon Boltzmann transport equation
(BTE) can be applicable to a wide range of nanostructures. We
recently reported our work on thermal conductivity modeling and
the analysis of two-dimensional (2D) Si-Ge nanocomposites with
Si nanowires embedded in a Ge matrix [12] by the deterministic
solution of the phonon BTE [25,26]. Though very much doable,
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extending the 2D BTE simulation to phonon transport in complex
three-dimensional (3D) spatial coordinates is very tedious, owing
to the complexity in tracking phonon transport deterministically.

The Monte Carlo (MC) simulation solves the BTE in a statisti-
cal framework and has been widely used to simulate the radiative
transfer equation and the Boltzmann equation for electrons and
holes in semiconductors [27-32]. Only few reports of using the
MC technique for phonon transport have been published in the
past. Peterson [33] employed a MC method to simulate phonon
transport in a confined space, while Klitsner et al. [34] performed
MC simulations to obtain temperature distributions in a crystal.
Mazumder and Majumdar considered phonon dispersion as well
as various phonon scattering mechanisms to study heat transport
in complex geometries and to predict the thermal conductivities
[35]. Song conducted MC simulation to study the size effect of
thermal conductivity of porous silicon thin films [36]. During the
revision of this manuscript, the authors were aware of a few other
attempts using MC simulation for phonon transport in nanostruc-
tures [37,38], and our paper in 2004 [12] has generated more
interest on modeling phonon thermal conductivity of nanocom-
posites using the phonon BTE recently [39,40].

This work builds upon previous studies on the phonon transport
in nanoscale structures and is the first attempt to use MC methods
to study phonon transport in complex 3D nanostructures, i.e.,
nanocomposites. The objective is to present an algorithm for
studying phonon transport in nanocomposites using MC simula-
tion with special attention to the implementation of periodic
boundary condition and to the study of the size effect of thermal
conductivity in nanoparticle composites. We would like to note
that the framework of this paper assumes that the phonon concept
is still valid in nanocomposites. This is generally true as long as
the nanocomposites form crystalline structures. Though the pho-
non spectrum in nanostructures can be different from bulk mate-
rials, our simulation uses bulk phonon dispersion for constituent
materials. This is due to two reasons [24]: (1) The change of
phonon spectrum, such as the density of state and the group ve-
locity of phonons in nanostructures, is not the most significant
reason for thermal conductivity reduction in nanostructures. (2)
Recent experience with superlattices suggests that the idealized
phonon dispersion in nanostructures is difficult to realize experi-
mentally because it is difficult to obtain sufficiently smooth and
uniform surfaces for coherent interference. In other words, the
interface of nanocomposites often induces diffuse scattering,
which makes the formation of phonon minibands rather difficult.

2 Monte Carlo Simulation Technique

In a MC solution technique, phonons are drawn and distributed
inside the computational domain initially. These phonons are
given with velocity and direction, which corresponds to wave vec-
tors in the momentum space in the phonon dispersion relation, and
are allowed to move freely. As the phonons move, they engage in
various “intrinsic-scattering” events, such as phonon-phonon scat-
tering, phonon-impurity scattering, and phonon-dislocation scat-
tering, and encounter interfaces and boundaries, mimicking the
particle picture of phonon transport. If there are enough number of
phonons and if the average time is long enough, the averaged
transport quantities based on the phonon ensemble should ap-
proach the deterministic solution of the phonon Boltzmann equa-
tion. The initial selection of phonon positions and directions as
well as the subsequent phonon movement must obey the physical
laws that determine phonon properties and define phonon dynam-
ics. Though a more comprehensive MC simulation technique—
which accounts for phonon dispersion and polarization for scat-
tering events—has been presented before [35], as a first attempt to
tackle the 3D phonon transport problem in nanocomposites, we
took a simplified gray-media approach that assumes that the
frequency-dependent scattering rate in the bulk medium can be
approximated by an average phonon MFP. Our past studies on
superlattices based on BTE show that by properly taking the av-
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erage MFP, the modeling results are close to experimental data
[41]. Another assumption that has been made is that the phonon
wave effect can be excluded. The justification for these assump-
tions can be found in Refs. [12,41]. In the following sections, we
present the details of implementing the gray-media MC technique
for solving the phonon transport problem in nanocomposites.

2.1 Gray-Media Approximation. The gray-media approach
assumes that phonon properties are frequency independent, i.e., by
averaging the frequency-dependent phonon properties over the
phonon population. The average phonon properties, which are de-
pendent on temperature only, including average phonon frequency
w,, and average phonon group velocity v,,, can be calculated as

average frequency:

3 @mp
> f han)D(w)dw

p=1 0
wu = — (M)
average group velocity:
3 ®
1 ™ dw
vau=12 | S mD(w)dw )
N.o ), Ok

where phonon number density is given by

3 Omp
N=, (n)D(w)dw 3)

p=1J0

In the above expressions, index p represents the specific branch
of polarization, =1.05X1073*Js is the Planck’s constant di-
vided by 27, w is the phonon frequency, wy,, the maximum cutoff
phonon frequency for each phonon branch, kz=1.38 X 10723 J/K
the Boltzmann constant, and D(w) is the phonon density of state
for each branch that is given by

D(w)=-—5—— )

where k is the phonon wave vector and (n) is the equilibrium
distribution function for phonons,

1

(m= exp(haw/kgT) — 1

(5)

In the above equations (Egs. (1)—(3)), the summation is only for
three polarization branches, one longitudinal and two transverse
acoustical phonon branches, since we assume that the contribution
of optical phonons to the thermal conductivity is negligible due to
their small group velocity in silicon and germanium [41]. We note
that there are arguments about the contribution of optical phonons
to the thermal conductivity of crystals, which essentially depends
on the type of the crystals. Our work emphasizes the average
phonon properties, which means that we would be able to accom-
modate the optical phonon contribution to the thermal conductiv-
ity of other crystals in the database of material properties when
needed. As a simplification, the phonon dispersion relations are
further assumed to be isotropic, and thus only the phonon disper-
sion in the [100] direction of Si and Ge in literature is taken to
calculate the phonon density of state [42,43]. The maximum wave
vector k. corresponding to the maximum phonon frequency is
determined by k,,.,=/a, where a is the equivalent atomic dis-
tance given by (7(V/6N))"3. In this expression, V is the volume
and N is the number of atoms in the volume.
The heat capacity of acoustic phonons can be written as
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where E is the energy density of acoustic phonons and can be
calculated as

3 (omp
E= E ha(n)D(w)dw (7)
p=1J0

With the average acoustic phonon properties and assuming that
the contribution from the optical phonons to the thermal conduc-
tivity is negligible, the temperature-dependent phonon MFP. A
can be calculated through the simple kinetic theory

3khulk
A=—T- 8
vavcau ( )

where ky is the thermal conductivity of the bulk material and is
taken from experimental data in the literature [44]. This estima-
tion leads to a longer MFP than that using the simple kinetic
theory expression k=(1/3)CvA, assuming that C is the heat ca-
pacity and v is the sound velocity in the crystal, consistent with
existing experiments [45] and theoretical estimations [41].

In the MC simulation, phonons are divided into phonon
bundles, and the averaged phonon properties are assigned to the
phonon bundles during the simulation. The properties of a phonon
bundle do not change while it travels, until it encounters scattering
events, either by interface scattering or “intrinsic-phonon” scatter-
ing. The number of phonons in a phonon bundle is predetermined
before the simulation by considering the computational time and
memory requirements, similar to the common practice of statisti-
cal simulations [46].

2.2 Computational Domain and Boundary Conditions.
The challenge is to simulate the phonon transport in the whole
composite structure, as shown in Fig. 1(a), with Si nanoparticle
embedded in a Ge matrix. The memory and computational time
requirements for such a multiscale problem are demanding. Our
approach is to apply periodic boundary conditions to a chosen unit
cell. A rectangle parallelepiped in the composite material is taken
as the computational domain, which is called a unit cell, as shown
in Fig. 1(b). With the periodic boundary conditions we applied,
shown in detail below, the phonon transport in the unit cell rep-
resents the phonon transport inside a composite made by repeating
the unit cell. The heat is enforced to flow in the x direction. The
transport in both the y and z directions are periodic, and thus the
specular reflected boundary conditions can be enforced in these
boundaries due to the symmetry. However, in the x direction, al-
though the geometry is periodic, the transport and the temperature
are not periodic. To address this problem for the deterministic
BTE solution, the periodic boundary condition on the deviation of
the distribution function was proposed [12]. The periodic bound-
ary conditions are implemented in MC simulation as follows. For
specular reflection boundaries at y=0, y=L,, z=0, and z=L,, the
phonon bundles experience mirror reflection when they hit these
boundaries, without losing any momentum or energy. The imple-
mentation of the periodic boundary condition in the x direction
needs more elaboration. First, a certain number of phonon bundles
are emitted from the boundaries during each time step so that the
net heat flow (phonon energy flow) across the boundaries x=0 and
x=L, are identical and equal to a prescribed value. The number of
phonon bundles N.;; of each boundary emitted into the compu-
tational domain in each time step is calculated by

(i Q + SZﬁwn,absorb)

Nemic = - 9
emit hwemits ( )
where Q is the prescribed heat flow, whose sign depends on the
boundary emission direction, S the scaling factor representing the
number of phonons contained in each bundle, SZ%w, yhsory the
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Fig. 1 (a) Periodic nanocomposite with cubic silicon nanopar-
ticles dispersed periodically in a germanium matrix. (b) With
the periodic boundary condition dictated in Sec. 2.2, the MC
simulation of phonon transport in the computational domain
(unit cell) represents phonon transport in the whole structure
shown in (a). The unit cell (computational domain) is further
divided into subcells.

total phonon energy leaving the computation domain, and wgy;
the average phonon frequency corresponding to the local bound-
ary temperature, which is obtained by extrapolating the tempera-
ture profile inside the computational domain to the boundary.
When a phonon bundle hits one of the x boundaries, it is consid-
ered leaving that boundary. The pattern (velocity, direction, posi-
tion, and remaining flight time) of phonon emission at one x
boundary is assumed to be the same as the pattern of phonon
leaving the opposite x boundary. This implementation is realized
by maintaining a pool of leaving phonons, recording their veloc-
ity, direction, position, and flight time, and determining the prop-
erties of each emission phonon by randomly drawing from the
pool. The pool is refreshed after each time step.

The unit cell is further divided into many grids, or “subcell,” as
shown in Fig. 1(b). At the end of each time step, phonon energy
inside each subcell is tallied for calculating the temperature of the
subcell. With the known temperature, all the averaged phonon
properties can be calculated and then assigned to phonon bundles
emitting from this local subcell. In the program, a lookup table
relating temperature, energy density, and all the other average
properties is established before calculation. A significant compu-
tational time is saved by searching the lookup table instead of
carrying out the integrations shown above for each phonon bundle
in each time step. The dimension of the subcell must be selected
to maintain a balance between spatial resolution and computation
time. In order to obtain statistically stable results in MC simula-
tion, however, there must be a sufficient number of phonon
bundles within each subcell: thus, we must set a lower limit on the
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subcell dimension. In this work, the smallest subcell dimension
that can generate stable results was found to be around 1 nm.

2.3 Phonon Scattering. The dominant scattering event in
nanocomposites is particle-host interface scattering. When a pho-
non encounters an interface, the phonon can experience both
specular and diffuse scattering [47,48]. The details depend on the
comparison of dominant heat transfer phonon wavelength and the
roughness of an interface. Most of earlier experimental results
show that diffuse scattering dominates phonon transport in nano-
structures. Thus, the phonon scattering at the particle-host matrix
interface (Si-Ge) is assumed to be diffuse in this study. By defi-
nition, the following relations between energy reflectivity and
transmissivity exist for diffuse interfaces [47]:

Tin=Ry=1-Ty (10)

where T, is the energy transmissivity for phonon incident from
side 1 toward side 2, R,; is the energy reflectivity for phonon
incident from side 2 toward side 1, and so on. A detailed balance
consideration leads to the following definition of transmissivity
for diffuse interface [48],

Uy(T)v,
Ui(T)v; + Uy(T)v,

where v and U are the phonon velocity and energy density, re-
spectively. To be consistent with the gray phonon approach
adopted here, frequency-averaged velocity and energy density
must be used in Eq. (11). In the MC scheme, when a phonon hits
an interface, a random number between zero and unity is drawn
and compared with the transmissivity. If the random number is
larger than the transmissivity, the phonon is transmitted. Other-
wise, it is reflected. To comply with the concept of diffuse inter-
face, the phonon direction vector is reset after encountering an
interface, either transmitted or reflected, and is given by

T(T) = (11)

§,=sin O cos YA, + sin §sin i, + cos On (12)

where sin? §=R,, ¥=27R,, 0<R;<1 and 0<R,=<1 are inde-
pendent random numbers, f is the unit surface normal vector at
the point of collision, and t; and t, are the unit surface tangent
vectors that are normal to each other. In order to maintain a con-
tinuum of energy density, a transmitted phonon is represented by a
new phonon that assumes local properties (velocity, frequency,
and MFP) and travels along the new direction that is randomly
determined as explained above until finishing the remaining time
in the current time step. Because the frequencies at the two sides
of the interface are generally different, the phonon energy is not
conserved. This is remedied by monitoring the energy deficiency
(or surplus) at each side of the interface. When the cumulated
energy difference exceeds a certain amount, a new phonon is
emitted from the interface (or the current phonon is deleted). This
treatment leads to the conservation of energy in the interface scat-
tering process.

In addition to phonon-interface scattering, phonons engage in
various intrinsic-scattering events, such as phonon-impurities,
phonon-dislocaty, and phonon-phonon scattering, as they move
inside a crystalline material. Though it is possible to trace the
detailed scattering events using MC simulation, many of the scat-
tering mechanisms are not well understood and existing models
are sometimes questionable in addition to tremendous computa-
tional time and memory requirements. As a simplified approach,
we calculate the scattering probability of a phonon by a lumped
MFP,

Pg=1—exp(— v, At/A) (13)

where A is the lumped MFP as calculated by Eq. (8), v,, is the
phonon group velocity, and At is the time step. The assumption is
that the intrinsic-scattering events happen similarly in the bulk
material as that in nanocomposites. This assumption is valid for
most of the cases since the modification of phonon dispersion
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relation is not important due to the short wavelength of the domi-
nant heat transport phonons, which is around 1 nm. In the current
simulation, each phonon is treated for intrinsic-phonon scattering
at the end of each time step. A random number is drawn and
compared to Pg. The phonon undergoes a scattering when the
random number is less than Pg. The scattered phonon assumes
local properties of velocity and frequency. Scattered phonon di-
rection is assumed to be isotropic, and the direction vector is
given by

§ =sin @cos i + sin Osin 4] + cos Ok (14)
where cos =2R -1, ¥=27R,, and 0<R;<1 and 0<R,=<1 are
independent random numbers. Phonon energy is again not con-
served since the phonon frequencies before and after scattering
are usually different. The remedy is similar to interface scattering.
The energy difference of each subcell that resulted from scattering
is monitored, and when the difference exceeds a certain amount, a
new phonon is generated (or an existing phonon is deleted). En-
ergy conservation is therefore maintained in the subcell level.
Note that the isotropic resetting of phonon direction in the above
scheme tends to restore local equilibrium. This physical model is
similar to all the relaxation time based phonon BTE simulation
without considering the details of momentum conservation of
intrinsic-phonon scattering.

2.4 Process Flow. Figure 2 shows the schematic process flow
of the MC simulation algorithm. The MC simulation starts with
the initialization step, where phonons are created within the unit
cell and given frequency, velocity, and direction to represent the
initial temperature condition within the unit cell. The initial tem-
perature inside the unit cell is assumed to be uniform. After the
initialization step, phonons experience the moving and scattering
in each time step. The phonon bundles move one by one in
straight lines for a prescribed time step and scatter at the inter-
faces. The properties of the phonons that leave the unit cell are
monitored and stored. The next step is phonon emission at x
boundaries using the stored phonon pattern as explained in Sec.
2.2. The total number of emitted phonon is determined by a con-
stant heat flow boundary condition. After moving and emission,
the 3D temperature profile of the unit cell is obtained by tallying
the internal energy of each subcell. Average phonon properties are
then calculated accordingly. Based on the local temperature and
MFP values obtained, phonons then undergo intrinsic phonon
scattering. This step marks the end of a single time step, and the
next time loop starts again from the moving step.

2.5 Convergence and Accuracy. The MC technique is a sta-
tistical method, whose accuracy depends largely on the phonon
bundle number and the time employed in the calculation. After
some initial trials, we adopted a bundle number such that there are
on average more than 50 phonon bundles in each subcell. The
time step is selected such that within each time step, a phonon
travels a distance on the order of the magnitude of the subcell
dimension. For example, if the subcell dimension is 1 nm, with
phonon group velocity on the order of 10° m/s, the appropriate
time step would be 107! s. The simulations usually attain con-
verged thermal conductivity results after 1000 time steps. A typi-
cal trend of calculated thermal conductivity with respect to calcu-
lation time is shown in Fig. 3. The error after 1 ns, equivalent to
1000 time steps, is within 3% of the final value, while the error
after 10 ns is within 0.1% of the final value. Note that due to the
statistical nature of the MC method, the results still exhibit a
variation, although insignificant, even after a 120 ns calculation.
In this study, a calculation time of at least 10 ns, which normally
corresponds to 10* time steps, is applied to all cases for calculat-
ing the thermal conductivity. The results of the last 500 time steps
are further averaged to give a representative thermal conductivity
value.
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Fig. 2 The schematic process flow of the MC simulation algorithm. The MC simulation starts
with the initialization step. After the initialization step, phonons experience the moving and

scattering in each time step.

3 Results and Discussions

To validate our MC simulation methodology, we first simulate
the phonon transport in a bulk Ge material to compare the thermal
conductivity obtained through MC with the experiment data in
literature. Then, we conducted MC simulation for phonon trans-
port in 2D nanowire composites and compare the results with
those obtained through the deterministic solution of the phonon
BTE. After the validation, the code is then used to simulate pho-
non transport in various 3D Si—Ge nanocomposites to study the
size effect of thermal conductivity of nanoparticle composites.
Some of the fundamental questions critical for designing highly
efficient thermoelectric nanocomposites are addressed, including
(a) how the thermal conductivity changes with the size of nano-

10 T

Themmal Conductivity, w/m.K

Calculation Time, ns

Fig. 3 Typical variation of thermal conductivity values with re-
spect to calculation time. The case shown is a 2D nanocompos-
ite with 10 nm Si nanowire embedded in Ge host. The result is
converged after 10 ns simulation, corresponding to 10,000 time
steps, with a variation of less than 0.1% afterward.
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particles and atomic composition and (b) what the effect of non-
monosize and the distribution pattern of nanoparticles is on the
thermal conductivity reduction in nanoparticle composites. A com-
parison with the effective medium approach (EMA) based on the
Fourier heat conduction theory with the addition of interface ther-
mal resistance is also given. Knowing that the phonon-interface
scattering dominates the thermal conductivity reduction for nano-
composites, we suggest using interfacial area per unit volume as a
parameter to correlate the size effect of thermal conductivity in
nanocomposites. In the end, the temperature dependence of ther-
mal conductivity of nanocomposites is given and compared with
recent experimental data.

3.1 Code Validation: Bulk and Two-Dimensional
Simulation. Homogeneous bulk Ge material was simulated first,
where the computational domain contains no particles and the
only scattering mechanism is the intrinsic-phonon scattering. Fig-
ure 4 shows the comparison of the thermal conductivity value
from the gray-medium MC simulation conducted in this work
with the experimental thermal conductivity value of the bulk ger-
manium sample. The experimental Ge value is taken from Ref. 44.
The circular symbols indicate the results of simulating a solid bulk
material without any particle inside. The square symbol represents
the simulation of a “pseudocomposite,” with both the “particle”
region and the “host material” assumed to be germanium. When
the two sides of the interface both have transmissivity values of 1,
the simulation should be equal to a solid bulk material without a
particle. This pseudocomposite simulation served to validate the
MC coding. Though the MC code can be used to simulate
temperature-dependent thermal conductivity values of nanocom-
posites, the rest of this work focuses on the size effect of the
thermal conductivity of nanocomposites at room temperature. The
simulation results of the thermal conductivity of bulk Ge agree
very well with the experimental data, as shown in Fig. 4. The
program was then used to study the thermal conductivity of 2D
nanowire composites, which were previously studied by simulat-
ing phonon transport using the deterministic solution of the pho-
non BTE [12]. To simulate phonon transport in a 2D nanowire
composite, the particle in the unit cell shown in Fig. 1(b) is ex-
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Fig. 4 Comparison of the thermal conductivity value from the
gray-medium MC simulation conducted in this work with the
experimental thermal conductivity value of a bulk germanium
sample. The experimental Ge value is taken from Ref. [44]. The
circular symbols indicate the results of simulating a solid bulk
material without any particle inside. The triangle symbol repre-
sents the simulation of a pseudocomposite when both the par-
ticle and the host material are Ge. When the two sides of the
interface both have transmissivity values of 1, the simulation
should equal that of a solid bulk material without any particles.
This pseudocomposite simulation served to validate the MC
coding.

tended to touch the z boundaries. Due to the specular reflection
and periodic boundary conditions, this is equivalent to infinitely
long nanowires (with a square cross section) embedded in the host
material, thus fully reproducing our previous 2D case [12]. The
temperature distributions in the middle plane of the unit cell are
taken for comparison with that obtained from the deterministic
solution of 2D phonon BTE [12]. Figure 5 presents the tempera-
ture profile of the Sij,—Ge(g nanocomposite, which consists of
10 X 10 nm? cross-section Si nanowires embedded in the Ge host
material along the x direction for various y locations. Although the
results by MC simulation exhibit a slight asymmetry, which is
attributed to the statistical error associated with the MC method,
the temperature profiles by the two simulations show a very good
agreement. Thermal conductivity values from the MC simulation
and those from the deterministic BTE solution also agree with
each other, as shown in Fig. 6, for 10 nm and 50 nm nanowires
with heat flow in the cross-wire direction. We note that the effec-
tive thermal conductivity value of the Si—-Ge nanocomposites is
counterintuitive, which was explained in detail in Ref. 12. The
above comparisons justify the phonon gray-medium-based MC
simulation methodology adopted in this study and also validate
the program coding.

3.2 Three-Dimensional Periodic Structures. After verifying
the MC methodology, the program is used to simulate phonon
transport in various nanocomposites with different particle sizes
and particle distributions. Figures 7(a) and 7(b) show the nano-
particles with the monosize particles distributing in aligned and
staggered patterns in a periodic 3D nanoparticle composites. The
staggered distribution resembles a face centered cubic (fcc) struc-
ture, in the crystallography terminology, with particles arranged in
a pattern similar to the atomic pattern in a fcc crystal. Likewise,
the aligned distribution resembles a simple cubic pattern.

Figure 8 shows the 2D temperature distribution in the middle
plane of the unit cell for an aligned pattern. The Si particle has a
size of 10X 10X 10 nm> and occupies a 3.7% volume fraction,
with the volume of the Si particle divided by the total volume of
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Fig. 5 Comparison of the temperature (energy density) distri-
butions inside a nanowire composite obtained, respectively, by
the deterministic solution of the phonon BTE and MC method.
(a) Geometric dimensions of the unit cell for a Siy,—Ge, g nano-
wire composite with a 10X 10 nm? nanowire inclusion with z
along the wire direction. (b) Temperature distribution along the
x direction at various y positions assuming heat flows in the x
direction.

the unit cell. Similar to the temperature profile shown in Fig. 5 for
the 2D nanowire composite, Fig. 8 again shows that the maximum
temperature overshoot occurs at the nanoparticle-matrix material
interface similar to that observed in Ref. 12. The MC simulation
does not show the highest energy density (temperature) region
occurring at the corner of the nanoparticle-host interface as those
simulated by the deterministic BTE solution. The reason is possi-
bly due to the lower spatial resolution implemented in the MC
simulation. As mentioned earlier, the requirement of having suffi-
cient phonon bundles in each subcell largely limits the spatial
resolution in MC phonon simulation.

It is also worthwhile at this point to show the effectiveness of
the periodic boundary condition implemented in Sec. 2.2, i.e., to
verify that the phonon transport simulation in the unit cell can be
used to represent the phonon transport in the whole nanocompos-
ites and thus to deduce the effective thermal conductivity of the
nanocomposites. Fig. 9(a) shows the comparison of heat flux at
hot (x=0) and cold (x=Lx) x boundaries in a periodic aligned
nanoparticle composite, i.e., with one 10 nm cubic particle inside
a 14 nm cubic unit cell. The periodicity in local heat flux in x
boundaries clearly demonstrated that the unit cell with a periodic
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Fig. 6 Comparison of thermal conductivity values for the 2D
nanowire composites obtained by a MC simulation and by a
deterministic solution of the BTE. The relative percentage de-
viation is less than 8%.

boundary condition implemented in this work is effective.

Figure 10 shows the size effect on the thermal conductivity of
nanoparticle composites. The comparison of the thermal conduc-
tivity of the nanoparticle composites with 50 nm silicon particles
and 10 nm silicon particles simply aligned in the germanium ma-
trix and that of the SiGe alloy apparently, shown in Fig. 10(a),
shows that the thermal conductivity decreases as the size of the
nanoparticle decreases and the thermal conductivity of nanocom-
posites with a 10 nm particle can be even lower than that of the
alloy value with same constituents. This demonstrates that the
nanocomposite can be an effective approach to reduce the thermal
conductivity and thus to develop a high-efficiency thermoelectric
material. Figure 10(b) shows the effect of the particle distribution
on the thermal conductivity of nanocomposites with a 10 nm Si
particle in the Ge host material. For the same Si/Ge atomic ratio,
the lowest thermal conductivity is achieved by organizing well the
particles in a staggered pattern (the fcc structure). This phenom-
enon is within our anticipation as staggered particles effectively
block the pathway of ballistic transport and increase the chances
of interface scattering. Also shown in Figure 10(b) are the thermal
conductivity values in the cross-interface direction of the 2D
nanocomposite composed of 10 nm nanowires.

As stated in the Introduction, most past studies on the thermal
conductivity of nanocomposites were based on the Fourier diffu-

TOL
TOL

Random Distribution
(c) of Size and Position

Staggered fcc

Aligned Pattern
(a) (b)

pattern
Fig. 7 Sketch of nanoparticle composites with silicon cubic
nanoparticles distributed (a) in an aligned pattern, (b) in a stag-
gered pattern, and, randomly, (¢) in a germanium matrix for MC
simulation conducted in this work. Even in (¢), the cubic nano-
particles are aligned parallel to each other. The thermal con-
ductivity calculated in this work are all in the direction normal
to the cubic nanoparticles.
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XiLy

Fig. 8 Temperature distribution inside an aligned periodic
nanoparticle composite in the middle plane in the z direction.
The dimension of the nanoparticle is 10X 10X 10 nm3. The vol-
ume fraction of Si particles is 3.7%, corresponding to a
Sig 04— Geg o atomic composition.

sion theory together with a consideration of the thermal boundary
resistance. To examine the validity of such an approach, we com-
pare the effective thermal conductivity obtained from the MC
simulation with that of the EMA. The following EMA equation
was developed by Nan et al. [18] for spherical particles:

k, kp(1+2a)+2k,,+2flkp(1 — ) — k,,]
Ky kp(1+2a) + 2k, — flkp(1 - @) = k,,]
where k, is the effective composite thermal conductivity, k,, is the
host material thermal conductivity, kp is the particle thermal con-
ductivity, f is the volume fraction of nanoparticle inclusion, and «

is a dimensionless parameter defined as a=a,/a, for nanoparticle
composites. a, is the radius of nanoparticle inclusions, and a;

(15)
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Fig. 9 Comparison of the heat flux at the hot (x=0) and cold
(x=L,) x boundaries in (a) A periodic aligned nanoparticle com-
posite, i.e., with one 10 nm cubic particle inside a 14 nm cubic
unit cell. (b) A random nanoparticle composite, i.e., with ten
nanoparticles, each of which is a 10 nm cube randomly distrib-
uted inside a 40X 40X 40 nm? unit cell. The comparison demon-
strates the periodicity of local heat flux in the x direction.
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Fig. 10 The effects of silicon nanoparticle size and distribu-

tion on the thermal conductivity of nanoparticle composites:
(a) Comparison of the thermal conductivity of composites with
10 nm and 50 nm silicon cubic particles distributed in a simple
periodic pattern in a germanium host and that of a Si-Ge alloy
as a function of atomic composition. (b) The effect of the dis-
tribution pattern on the thermal conductivity of composites
with 10 nm silicon particle inclusions. Also shown in (b) is the
thermal conductivity of a Si—-Ge alloy.

=Rk,,, where R is the interface thermal resistance, which can be
calculated as [41,48]
4 4(Uv,+ Uyp
R= _ (U, + Usvy) (16)
Ty2Uyv, Uv1Us,

Using the heat capacity and the sound velocity to calculate inter-
face thermal resistance shown in Eq. (16), we obtain R=1.0
X107 m?> K/W. Other parameters used in the calculation are
k,,(Ge)=51.7 W/(m K), k,(Si)=150 W/(m K), a,=5 nm, 25 nm,
and 100 nm (for nanoparticle dimensions of 10 nm, 50 nm, and
200 nm). Strictly speaking, Eq. (15) is correct only for composites
with spherical particle inclusions, and the present MC simulation
is conducted for composites with cubic nanoparticle inclusions,
but we expect the difference of the true thermal conductivity val-
ues of nanocomposites between cubic and spherical nanoparticle
inclusions to be very small. Figure 11 compares the thermal con-
ductivity obtained from the MC simulation and the effective me-
dium approximation. As we can see, the effective medium ap-
proach based on incorporating the thermal boundary resistance
into the solutions of the Fourier heat conduction law underpredicts
the size effects. The EMA results do not predict a thermal con-
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Fig. 11 Thermal conductivity of nanoparticle composites pre-
dicted by the MC simulation conducted in this work and that
predicted by the EMA proposed by Nan et al. in Ref. [18]. The
EMA based on incorporating the thermal boundary resistance
into the solutions of the Fourier heat conduction law underpre-
dicts the size effects.

ductivity value lower than the bulk SiGe alloy in any case. This
conclusion is further supported by a recent experimental work,
which shows that the thermal conductivity of the Si—~Ge nanocom-
posite is very close to that of the MC simulation [49,50].

3.3 Effects of Randomness. In the random distribution, the
particles are distributed randomly with their positions determined
by random numbers. Figure 8(c) also shows further randomization
on particle size in addition to random position distribution. How-
ever, owing to the periodic boundary conditions addressed in Sec.
2.2 the computation is mathematically equal to simulating an in-
finite material consisting of repeating structures of the computa-
tional domain. In other words, the random distribution treated in
this paper represents a semirandom semiperiodic pattern (short
range random and long range periodic pattern). This argument is
solidified by the periodic heat flux shown in Fig. 9(b). Figure 9(b)
shows that the periodicity of heat flux is remarkably well pre-
served even in the random distribution case. Without a solid proof,
we comment that if the computational domain (unit cell) is larger
than a few phonon MFPs (or contains enough particles), the simu-
lation results should be converged to the true value of the random
nanocomposites. However, it requires much larger computational
time and memory since the problem is intrinsically a multiscale
problem. Figures 10(b) and 12 show the thermal conductivity val-
ues of nanocomposites composed of randomly distributed par-
ticles. In these figures, each data point for random structures is the
result of randomly distributing ten particles in the computational
domain. Since the process of distributing particles and selecting
particle sizes is purely random and the computational domain is
not large enough, the outcomes of the program after each run vary
from one another. However, the spreading of these random struc-
ture results sheds some light on the possible range of thermal
conductivity reduction associated with a nanocomposite sample
fabricated through a process like hot pressing. Figure 10(b) shows
that the random distribution of particle positions generally results
in thermal conductivity values very close or even lower than those
of aligned distribution. However, a further randomness associated
with particle sizes [distribution pattern shown in Fig. 8(c)] does
not help reduce thermal conductivity, as shown in Fig. 12, which
is evidenced by comparing the thermal conductivity values of
aligned 50 nm particles and of random 10—100 nm particles.
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Fig. 12 Comparison of the thermal conductivity of a periodi-
cally aligned nanocomposite with 50 nm cubic silicon particles
distributed in a germanium matrix and that of a random com-
posite with silicon nanoparticles having a size range from
10 nm to 100 nm distributed randomly in a germanium matrix
as a function of germanium atomic composition.

3.4 Interfacial Area Per Unit Volume. Knowing that the
phonon-interface scattering dominates the thermal conductivity
reduction for nanocomposites, we propose using interfacial area
per unit volume as a unified parameter to replace the nanoparticle
size and the atomic composition and to correlate the wide spread-
ing thermal conductivity data. Figure 13 shows that the thermal
conductivity data of nanoparticle composites follow nicely into
one curve as a function of interfacial area per unit volume. The
randomness either in particle size or position distribution causes a
slight fluctuation but is not a dominant factor for thermal conduc-
tivity reduction. Also shown in Fig. 13 are the thermal conductiv-
ity values of 2D nanowire composites. Apparently, the effective
thermal conductivity of 2D nanowire composites is lower than
that of 3D nanoparticle composites for the same interface area per
unit volume. The reason is that a 2D nanowire composite contains
half of its interfacial area perpendicular to the applied temperature
difference direction and the other half parallel to the applied tem-
perature difference direction, while a 3D nanocomposite contains
only one-third of its interfacial area perpendicular to the applied
temperature difference direction and the rest is parallel to the ap-
plied temperature difference direction. All the previous works
show that interfaces that are perpendicular to the applied tempera-
ture direction are more efficient in scattering phonons and thus in
reducing the thermal conductivity [12,41]. This also suggests that
one might try to use “effective” interfacial area per unit volume to
correlate the thermal conductivity of nanocomposites with differ-
ent shapes of nanowire/particle inclusions.

3.5 Temperature-Dependent Thermal Conductivity (Com-
parison With Experiments). The MC code can be used to simu-
late temperature-dependent thermal conductivity value of nano-
composites. Figure 14(a) shows the temperature-dependent
thermal conductivity of nanoparticle composites. Boundary scat-
tering results in a very different temperature dependence of the
thermal conductivity of nanocomposites compared to their bulk
counterpart, where at high temperature the thermal conductivity is
dominated by the Umklapp phonon-phonon scattering process.
The thermal conductivity of Si-Ge nanocomposites with 10 nm
particles in the germanium matrix is almost temperature indepen-
dent. Figure 14(b) shows the comparison of the simulated thermal
conductivity with recent experimental results from the Jet Propul-
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Fig. 13 The thermal conductivity of nanoparticle composites
as a function of the interfacial area per unit volume (interface
density). The thermal conductivity data of nanoparticle com-
posites falls on to a single curve nicely as a function of inter-
facial area per unit volume. The randomness either in particle
size or position distribution causes slight fluctuations. How-
ever, these fluctuations are not a dominant factor for the reduc-
tion in the thermal conductivity. The effective thermal conduc-
tivity of 2D nanowire composites is lower than that of 3D
nanoparticle composites for the same interface area per unit
volume since the effectiveness of interface scattering on the
thermal conductivity reduction is different when the interface is
perpendicular to the applied temperature difference direction
and when the interface is parallel to the applied temperature
difference direction.

sion Laboratory [50]. The “3run 2 HTB A” sample is a Si-Ge
nanocomposite with 20—80 nm Si particles embedded in a Ge
matrix. The “SGMAOQOS” sample is a ball-milled SiGe alloy nano-
composite with an average particle size of 10 nm. Although the
SMGAOS sample cannot be directly compared with the modeling
since we did not consider the alloy scattering, both sets of experi-
mental data clearly show that the size effect dominates the thermal
conductivity reduction.

4 Conclusions

This work presents a phonon gray medium MC scheme to
simulate the phonon transport and thus to study the thermal con-
ductivity in nanocomposites. Special attention has been paid to the
implementation of periodic boundary condition in the heat flow
direction for MC simulation, which is essential to the study of the
thermal conductivity of bulk composites with nanoparticle/
nanowire inclusions—an intrinsic multiscale transport problem.
With a simplified gray phonon approach, the simulation was able
to duplicate our earlier results of deterministically solving BTE.
The MC simulation reveals the ballistic feature of phonon trans-
port in nanocomposites, which is consistent with the deterministic
solution of the phonon BTE. The size effects of phonon transport
in nanoparticle composites were systematically studied, and the
results showed that the thermal conductivity of nanoparticle com-
posites can be lower than the alloy value. Several other param-
eters that could influence the thermal conductivity were also in-
vestigated by the MC simulation, including the distribution of the
size and position of Si nanoparticles. It was found that randomly
distributed nanopaticles in nanocomposites rendered the thermal
conductivity values close to that of periodic aligned patterns. On
the other hand, a staggered distribution of nanoparticles could
result in a much lower thermal conductivity for the same particle
volume fraction. The thermal conductivity values calculated by
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Fig. 14 (a) The temperature-dependent thermal conductivity
of nanoparticle composites. (b) Comparison of the simulated
thermal conductivity with recent experimental results from the
Jet Propulsion Laboratory [50].

this work qualitatively agrees with recent experimental measure-
ment in SiGe nanocomposites. This work also suggested using
interfacial area per unit volume as a parameter to correlate the size
effect of the thermal conductivity of nanocomposites. The key for
the thermal conductivity reduction is to have a high interface den-
sity where nanoparticle composites can have a much higher inter-
face density than the simple 1D stacks, such as superlattices.
Thus, nanocomposites further benefit the enhancement of ZT in
terms of thermal conductivity reduction.
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1 Introduction

The understanding of bubble nucleation at surfaces is important
for various applications including boiling heat transfer [1-3], for-
mation of carbon dioxide bubbles on the anode of direct methanol
fuel cells [4-6], and microfluidic devices such as bubble jet print-
ing heads [7-10]. In boiling heat transfer, the goal is to design a
surface to maximize heat loss from a surface through bubble for-
mation and detachment. In methanol fuel cells, carbon dioxide
must be removed from the anode through the diffusion layer while
minimizing the decrease in the flow of fuel in the other direction.
In bubble jet printers, a high heat flux is used to produce vapor
whose growth ejects ink from a nozzle. Some issues in surface
nucleation include the question of whether nucleation is homoge-
neous or heterogeneous, the mechanism, and the role preexisting
nuclei (PEN) play in the nucleation mechanism.

Experimentally [9,11] it was found that when the heat flux into
a surface was very high, the nucleation temperature was equal to
the spinodal temperature; this was indicative of homogeneous
nucleation. As the heat flux was decreased, a point was reached
when the nucleation temperature began to decrease. This indicated
that heterogeneous nucleation began to play a role. For relatively
low heat flux applications, heterogeneous nucleation should be the
dominant mechanism.

PEN theory [12-15] is the idea that vapor can be trapped in
crevices when a liquid floods a surface (see Fig. 1). Theofanous et
al. [16] performed boiling experiments using water on titanium
surfaces with 4 nm surface roughness and found that nucleation
required tens of degrees of superheat. In contrast, relations based
on PEN theory predict that superheats on the order of hundreds
[17] or thousands [14] of degrees would be required for nucleation
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on such smooth surfaces. Relationships based on PEN between
nucleation site density and superheat, and heat flux and superheat
[14,17,18] were also found to be different from the experimental
results. PEN theory clearly does not work on the nanometer scale.
The defects on a surface might promote nucleation regardless of
trapped gas on a surface. Recent work has shown that
nanobubbles on a surface are seemingly stable even under a shock
wave giving a minimum pressure of —6 MPa [19]. Cavitation oc-
curred only at defects.

Molecular dynamics (MD) simulations can be used to study
nucleation at high superheats or high heat fluxes on surfaces with
nanometer scale geometric defects. For constant heat flux MD
simulations, relatively high fluxes on the order of 100 MW/m?
are required due to time scale limitations. This is greater than
typical critical heat fluxes, which are on the order of 1 MW/m?.
However, these fluxes are experimentally accessible using pulse
heating. High heat fluxes up to 1.0 GW/m? generated using elec-
trical heating [8,9,11,20-26] or a laser [27,28] have been studied.

There have been various molecular simulation studies of het-
erogeneous nucleation. The ones most similar to this work were
the studies of explosive boiling of a variable depth fluid on a hot
surface using argon on a platinum surface [29] and water on a
gold surface [30]. Maruyama and Kimura [31] studied bubble
nucleation in a Lennard—Jones fluid between harmonic platinum
walls. The nucleation was induced by moving the upper wall to
reduce the pressure. The effect of surface wettability on contact
angle was obtained by varying the platinum-fluid energy param-
eter. Novak et al. [32] used MD simulations to study homoge-
neous and heterogeneous nucleation using a Lennard—Jones fluid
and solid and the effect of surface wettability. Nucleation was
induced by ramping up the temperature while keeping the pres-
sure (homogeneous) or the normal stress on a top wall potential
(heterogeneous) constant. Yi et al. [33] studied the vaporization of
a thin Lennard—Jones argon layer from a harmonic platinum wall.
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Fig. 1 A necessary condition for trapping vapor in a crevice
when a surface is flooded with liquid is that the angle between
the liquid-vapor interface, a, is greater than the crevice angle, 6
[12].

Neimark and Vishnyakov [34] studied the nucleation of a
Lennard-Jones fluid in wetting spherical pores using Monte Carlo
simulations.

Theoretical work with defects was performed by Wilt [35]. He
calculated nucleation rates for spherical and conical indentations
and asperities for solutions supersaturated with carbon dioxide.
He found that nucleation was favored in conical and spherical
indentations, but not at the corresponding projections. The results
showed increasing nucleation rates with decreasing cavity angle.

There have also been relationships developed to predict the size
range of active cavities under conditions of constant wall tempera-
ture or constant heat flux [36-39]. These relationships relate fluid
properties, temperature differences, contact angles, and thermal
layer thickness to the minimum and maximum radius of active
cavities.

This paper presents the results of a study of bubble nucleation
on surfaces using MD simulations of simple Lennard—Jones
spheres at constant temperature and normal stress or constant heat
flux and normal stress. The goal was to determine the role of the
size of nanometer scale geometric defects, the strength of solid-
fluid interactions (wettability), and heat flux on the formation and
growth of vapor nuclei.

2  Method

2.1 Simulated Systems. The simulations consisted of a fluid
sitting above several layers of solid. A representation of a simula-
tion box is shown in Fig. 2. Periodic boundary conditions were
used in the x and y directions and walls formed the boundaries in
the z direction. In the z direction, a mean field restraining wall
potential was used at the top of the simulation cell. In some simu-
lations, a wall potential was also placed below the solid atoms.
Alternatively, a fixed layer of solid was used as the bottom bound-
ary for other simulations. The position of the top wall potential

<— Mean field
wall
fluid
< .
Yy
X

solid

<— Mean field wall
or fixed layer

Fig. 2 The configuration of a heterogeneous simulation box.
The light colored atoms are the fluid atoms and the dark col-
ored ones are solid. The z directions were bounded by wall
potentials or a fixed layer of solid, while periodic boundary
conditions were used in the x and y directions.
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Fig. 3 The defected solids with small defects. The defects
were approximately 1.5 nm wide and two layers deep.

was adjusted to maintain a constant normal stress (P,).

The top wall potential only interacted with the fluid atoms, and
the bottom wall potential only interacted with the solid atoms. No
truncation of the interactions was used; all of the fluid or solid
atoms interacted with the wall potential at all times.

The solid was fcc with the (100) face exposed to the fluid
except in the defects, where the (111) face was exposed. Initially,
the lattice parameter was 5.405 A but was compressed slightly in
the z direction once the constant normal stress was applied.

Two system sizes were considered. In the small system, nucle-
ation on an atomically smooth surface was compared to surfaces
with a square right pyramidal frustum shaped asperity or indenta-
tion. The small system size had 4803 fluid atoms on five layers of
solid with lateral dimensions of 70.27X70.27 A2, The largest
base of the defects had sides of approximately 1.5 nm. The defect
depth was two layers (see Fig. 3). The boundary on the bottom of
the solid was a wall potential. In the large system, a larger square
right pyramid shaped indentation was compared to an atomically
smooth surface. Since the sides of the pyramid were on the (111)
plane, the half angle for the indentation was 35.3 deg. The large
system size had 13,132 fluid atoms on five layers of solid with
lateral dimensions of 113.51X 113.51 A2, The indentation had di-
mensions of approximately 4.5 X 4.5 X 3 nm? (650 atoms). For the
indented surface, the solid was not flat on the bottom to avoid
simulating a large number of solid atoms. (see Fig. 4). The bound-
ary on the bottom of the solid was a fixed layer of atoms.

2.2 Potential Models. A 12-6 Lennard-Jones model was used
for all atom-atom interactions. The Lennard—Jones potential as a
function of distance between two atoms, Tijs is shown below,

o\12 [ o\6
¢LJ(”ij)=4€(<_) —(_>) TS Te (1)
ri rij

The cutoff radius r, was 11.9175 A for all interactions. A model
of argon [40] was used for the fluid-fluid interactions. The value
of o was 3.405 A for all interactions. The values of € divided by
Boltzmann’s constant were €/kp=121.014 K for the fluid-fluid
interactions, €4/kp=1210.14 K for the solid-solid interactions,
and was either €4/kp=60.507 K or €4/kp=121.014 K for the
solid-fluid interactions. The case with €;> € will be referred to
as the weak case, and the case with €= €, will be referred to as
the neutral case.

A 9-3 potential [32,41,42] was used for the interaction between
the mean field wall and a fluid or solid atom. The potential is

27p,,0° i( T )9 ( o )3
3 l15\5+a) T\zeA

A=(2/5)"°¢ (2)

where z; is the absolute distance of atom i from the wall. The
density (p,,) of the top wall was 0.02 A3, which is near the den-

ho.3(z2;) =
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Fig. 4 The solid used in the large indentation simulations. The
indentation dimensions were approximately 4.5X4.5X3 nm.
The upper picture is a top view and the lower picture is a diag-
onal cross section.

sity of the liquid at 96.0 K and 4.23 bars. The density of the
bottom wall was equal to the initial density of the solid. The
Lennard—Jones parameters o and € in the wall potential were cho-
sen to be the same as for the fluid-fluid and solid-solid interactions
for the top and bottom wall, respectively.

2.3 Transient Simulation Types. Two types of transient MD
simulation were run with a time step of 2.16 fs. The first was a
constant number of atoms, normal stress, and temperature (NP_T
MD). The second was a constant number of atoms, normal stress,
and heat flux (NP_g MD). Constant temperature simulations were
run for both small and large size systems. Constant heat flux simu-
lations were only run for the large size system.

Simulations at constant temperature consisted of equilibration
for at least 432 ps at 96.0 K and 4.23 bars starting from a random
configuration or at least 108 ps starting from an equilibrated con-
figuration with new velocities sampled randomly from the
Maxwell-Boltzmann distribution. The set point temperature was
then linearly ramped up into the metastable region over 1.67 ps
and maintained at the final value until after nucleation occurred.
The actual temperature reached the new set point value within
3 ps.

To control the temperature, two Nosé—Hoover thermostats were
used [43], one for the solid atoms and one for the fluid atoms. The
time constant was 0.05 ps. Two thermostats were required because
using only one caused the solid to heat up faster than the fluid
when ramping up the temperature, which subsequently led to a
temperature gradient in the system.

The normal stress at time step 7, P_(7), was calculated as the
sum of the forces per area on the upper wall and was controlled by
changing the acceleration (a,) of the upper wall using a
proportional-integral controller. Details are discussed in a previ-
ous work [32]. The set point normal stress was 4.23 bars for all
simulations.

Nucleation times at constant temperature were obtained from
multiple simulations and used to calculate nucleation rates and
time lags from a transient nucleation model [44-46],
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fixed

microcanonical
kinetic energy added

Fig. 5 Diagonal cross section of the solid for the large system
with constant heat flux. The bottom layer is fixed, kinetic en-
ergy is added to the second to the bottom layer each time step
[49], and the other layers have just microcanonical dynamics.
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where N is the total number of simulations, N is the number of
non-nucleated simulations at time ¢, 7, is a lag time, J; is the
steady state nucleation rate, and M, is the reduced moment, which
was set to 1.4 [47,48]. The nucleation times were taken at an
average volume of 112% of the average volume of the metastable
liquid. At this volume, a critical sized nucleus had already formed
and began to grow. The average metastable liquid volume was
obtained by averaging the volumes in each simulation at a time of
108 ps after beginning to ramp up the temperature. This was just
after the volume reached the metastable liquid value and before
the increase in volume due to vapor formation. The nucleation
times and N, values were fitted to Eq. (3) to get J; and f,. The
calculation of nucleation rates and errors is discussed in detail in a
previous work [32].

Initial configurations for the constant heat flux simulations were
obtained in the following manner. First, a randomly generated
configuration was subjected to a NP, T MD relaxation run at
96.0 K and 4.23 bars. Next, the set point temperature was in-
creased linearly over 1.67 ps to bring the system to a metastable
state. This temperature was low enough, however, that an addi-
tional 324 ps of NP,,T MD could be performed to get an initial
“equilibrated” configuration without nucleation occurring. The re-
sulting configuration was used to obtain subsequent ones by reas-
signing velocities from the Maxwell-Boltzmann distribution, then
running NP_.T MD for another 108 ps. From these initial configu-
rations, NP_.q MD was run by turning the temperature control off
and adding a constant heat flux to the system.

Constant heat flux was obtained by the addition of kinetic en-
ergy to the second from the bottom layer of solid atoms each time
step while keeping the bottom most layer immobile. Heat flux (g)
is just the amount of kinetic energy added (AE,) divided by the
time step (A7) and area (A) it is added to,

=3 4)
The area used was the box length in the x direction times the box
length in the y direction. The algorithm for adding kinetic energy
conserves the linear momentum of the atoms it is applied to [49].
The velocity Verlet algorithm was used to integrate the microca-
nonical equations of motion [50]. Figure 5 shows the status of
each solid layer for the constant flux case with the large
indentation.
Nucleation times were also determined at constant heat flux, but
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Fig. 6 Box height as a function of time for a simulation of the
large indentation with a weak surface using constant heat flux,
and the third order polynomial from a fit to the data from
0 to 756 ps. The nucleation time was taken as the first time
when the data deviated from the polynomial by more than
3.5 A.

steady state nucleation rates could not be obtained since the tem-
perature changed during the course of the simulations. However,
nucleation times and lag time before any nucleation events oc-
curred could still be compared for the two different surface inter-
actions. Nucleation times were determined by fitting a third order
polynomial to the box height as a function of time at short times
and then finding the time at which the box height deviated by
more than 3.5 A from the polynomial. Fits were from
0 ps to 756 ps in the weak cases and from O ps to 1188 ps in the
neutral cases. Although this is a somewhat arbitrary procedure for
determining the nucleation time, it was an objective means of
locating the approximate time when the box height started in-
creasing due to nucleation instead of just due to the expansion of
the liquid. Figure 6 shows an example from a weak surface simu-
lation.

2.4 Void Analysis: Large Indentation and Contact Angles.
To characterize the size and structure of voids in the fluid in the
large system, the simulation box was divided into small cubes of
about 1.3 A on a side. Cubes were designated as “empty” if their
center was greater than 1.2¢ from any atom center of mass [31].
To find the voids, the connectivity of these empty cubes was de-
termined via a clustering algorithm similar to the one developed
by Sevick et al. [51], with the criterion that cubes were connected
if they shared any point(s). This meant that the maximum number
of other cubes that any cube was directly connected to was 26.
This method is good for finding the extent of bubbles, but under-
estimates the volume if there are atoms enclosed by the empty
cubes since their volume is not counted.

To quantify to what extent void formation was favored in the
indentation compared with the flat part of the surface, a void
probability was calculated as a function of the x and y directions
by averaging over the z direction. The average was also over
multiple simulations and over time up until a bubble percolated
the simulation box, at which point it contained on the order of a
hundred.

To provide a quantitative measure of the wettability of the sur-
faces, constant volume simulations on flat surfaces were per-
formed at a volume such that a vapor nucleus was stable. The
positions of void regions in this nucleus were found using the void
analysis every 1000 time steps. These positions were then shifted
in the x and y directions by [Xcy/Xcupe] and [Yey/ Yeupe] Where [ ]
represents the nearest integer function, x., and y., the center of
volume positions, and X and y e the cube lengths. This ap-
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Table 1 Temperatures (T) and number of simulations (N,) for
the constant temperature simulations
Defect Surface T (K) Ny
Small asperity Weak 131.0 42
131.5 42
132.0 42
133.0 42
Small asperity Neutral 134.5 42
Small flat Weak 131.0 39
131.5 39
132.0 41
133.0 51
Small flat Neutral 134.5 40
Small indentation Weak 131.0 44
131.5 47
132.0 47
133.0 48
Small indentation Neutral 134.5 40
Large indentation Weak 131.0 44

proximately centered all nuclei with the positions of the voids
restricted to the grid points. From all of the positions of voids in
any configuration, an average shape could be found by only keep-
ing those whose probability of occurrence was greater than some
cutoff value. This method is similar to the work of Maruyama and
Kimura with a Lennard—Jones vapor bubble on a Lennard—Jones
surface [31] and Maruyama et al. with a Lennard-Jones liquid
droplet on a Lennard-Jones surface [52].

3 Results

3.1 Contact Angles. For both the neutral and weak cases, a
configuration was taken from a constant heat flux simulation, and
the velocities were rescaled to get a temperature of 131.0 K. Con-
stant volume and temperature simulations were then ran for

1e+36
] [
1e+35 =
" ]
@ E3 . B
l§, 1e+34 %
- 1| a- Small Indentation
1e+33 3| o Small Asperity
¥ |--o-- Small Flat
] v Large Indentation
1e+32 :

7.50 7.52 7.54 7.56 7.58 7.60 7.62 7.64
1/T (k1 X 1000)

Fig. 7 Nucleation rates (m=3s-") versus inverse temperature
(K-") on a weakly attractive solid surface. Dotted lines are to
guide the eye. A small indentation, asperity, and a flat surface
with the same simulation box size were simulated. A large in-
dentation was also simulated. The nucleation rates were not
significantly different when comparing the small defects to a
flat surface, but the rate for the large indentation was about two
orders of magnitude greater than for the small defects at
131.0 K. The error bars are 68.3% confidence intervals.
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to the fact that one point in those corners was set to either 0 or 1 to get the scale correct.

100,000 time steps to get a persistent vapor nucleus. An additional
200,000 time steps in the neutral case and 100,000 in the weak
case were performed to get the average shape. The cutoff prob-
ability was chosen so that the number of void positions in the
nucleus was about 0.7 times the maximum number in any snap-
shot. For the weak and neutral cases, these probabilities were 0.13
and 0.19, respectively.

To estimate the contact angle, the effective radius of the bottom
two complete layers of void positions was used, assuming they
were circular. Bottom layers with only a few voids were not con-
sidered. The contact angle () in radians was then estimated from

B=/2 —tan" (r15/z1,) (5)
for the neutral case and from
B=m—tan"(z)5/r1) (6)

for the weak case. In these equations, r|, is the absolute difference
in effective radii between the bottom and second to the bottom
layer of void positions, and z;, is the absolute distance between
layers. For the neutral and weak cases, the contact angle was
estimated to be 22 deg and 129 deg, respectively. The neutral sur-
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face was wetting and the weak surface was nonwetting.

The contact angle was also estimated by using the data of
Maruyama and Kimura,[31] relating the ratio of the well depth of
the integrated potential for one layer of the solid to the well depth
of the fluid to the cosine of the contact angle. They used a (111)
surface, so the well depth of the integrated potential for our case
was modified for the (100) surface,

12 )2
Esurfz( W)(%) €t (7)
5 ag

The potential parameters (o, and €g) are for the solid-fluid inter-
action and qy is the lattice parameter of the solid. Maruyama et al.
plotted the values for argon drops [52] and drew a straight line
through them, and also plotted values for argon bubbles at 100 K
and 110 K, which differ from the temperature we used, but con-
tact angle is not a strong function of temperature and pressure.
The values of the contact angles from this line were 50 deg and
124 deg for the neutral and weak cases, respectively. Our value
for the neutral case falls in between their points for bubbles that
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are well above the line for small contact angles, so there is a good
agreement with our calculation.

3.2 Small Defects: Constant Temperature. Table 1 shows
the temperatures and number of simulations used in each case and
Fig. 7 shows a plot of nucleation rate versus inverse temperature
for the weak case with small defects. The percentage differences
in nucleation rates between the neutral surfaces were comparable
or smaller than the differences between the weak surfaces, so they
are not plotted. Figure 7 shows that the nucleation rates for the
three surfaces are not significantly different from each other. This
is likely due to the fact that the defects were smaller than the
critical nucleus volumes determined from previous simulations
[32] at these temperatures. In these previous simulations, it was
found that critical nuclei of about 1000—2000 A® were required
for the bubbles to continue to grow on an atomically smooth sur-
face. The current result indicates that surface defects smaller than
the critical nucleus size do not change nucleation rates when com-
pared to atomically smooth surfaces.

3.3 Large Indentation: Constant Temperature. An indenta-
tion significantly larger than the critical size having a volume of
about 25,000 A3 or more than ten times the critical volume was
simulated. The box size was chosen so that the distance between
the edge of the indentation and its images was approximately the
same as this distance in the system with the small indentation.

A temperature of 131.0 K and 44 simulations were used with a
weak surface to compare with the smaller indentation. The nucle-
ation rate is plotted in Fig. 7. The nucleation rate was
3.0(2.31,426) X 10¥ m3 57! compared with 1.7(1.30,2.46)
X103 m™3 57!, 2.3(1.69,3.33) X 103 m™ 57!, and 2.5(1.87,3.44)
X 103 m™3 57! for the small system with an asperity, flat surface,
and indentation, respectively. The numbers in parentheses are the
68.3% confidence intervals. The large indentation increased the
nucleation rate by two orders of magnitude over the small defects.
Finite size effects due to the larger simulation box in the large
indentation case cannot explain this. Previous work with even
smaller systems showed a small decrease in the nucleation rate
with increasing system size [32]. The presence of an indentation
larger than the critical size clearly enhanced nucleation at constant
temperature. This is in qualitative agreement with work on boiling
in microchannels, which found that superheats required for nucle-
ation were larger than in an unconfined space [53,54]. Indenta-
tions cannot enhance nucleation if critical nuclei cannot form
there.

Figure 8(a) shows a contour plot of relative void probability for
the constant temperature case. This figure shows that void forma-
tion was favored in the indentation. This enhancement can be
explained by the fact that a void formed in an indentation can

QPL
@ Qo

O»
O <O

Weak Indentation

Q
.

Fig. 9 These figures represent the ways in which atoms can
collapse into a 2-D void on a weakly attractive surface. Fluid
atoms are represented as circles, and the solid surface as a
line. The arrows point into the void. The arc length that can
collapse into a void of the same radius and contact angle is
smaller in the indentation (right) compared with the flat part of
the surface (left). The volume of a critical nucleus in the inden-
tation is also smaller for a given critical radius.
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collapse from fewer directions than one formed on the flat surface,
so it will last longer on average and have a greater probability of
growing to critical size. For the same critical radius and with the
contact angle for this case, the critical volume in an indentation is
also smaller, making it easier to form a critical nucleus. This
qualitative picture of void collapse is shown in Fig. 9.

3.4 Large Indentation: Constant Heat Flux. In the constant
heat flux cases, nucleation was further enhanced by localized heat-
ing in the indentation. Figure 10 is a plot of the time and simula-
tion average of local temperature minus bulk fluid temperature as
a function of height perpendicular to the flat surface. The average
was taken over 39 simulations until the maximum sized void in a
simulation was larger than 1000 A3. Two separate regions were
considered, above the indentation and above the flat part of the
surface. The temperature in the indentation was considerably
higher than in the rest of the fluid, increasing the probability of
formation of a critical sized nucleus there. This occurred because
heating occurred from multiple sides of the indentation, not just
from below.

Figure 11 shows the nucleation times for indented and flat sol-
ids for the weak and neutral cases. The nucleation times in the
neutral cases are longer than in the weak cases because adsorbed
fluid layers in these cases had to be heated up before nucleation
could occur above them. In the weak cases, nucleation occurred
right above the surface. Due to the focused heating in the inden-
tation, the indented surface might be expected to have a smaller
time lag. This was not the case, and there were several contribu-
tions to this. The first was that surface area of solid exposed to the
fluid in the indented case was about 11.95% higher than in the flat
case, but the same amount of energy was added each time step.
The heat flux was based on the cross sectional area, not on the
surface area, so there was a lower “effective” heat flux for the
indented case. The second was that although the indentation
heated up faster, the fluid outside of it was still relatively cold,
which inhibited bubble growth. In the neutral case, the adsorbed
fluid volume was larger in the indented case than in the flat case,
so the lag time was slightly longer than in the flat case.

Figures 8(b) and 8(c) show contour plots of relative void prob-
ability for the constant heat flux case for a weak and neutral sur-
face, respectively. For a weak surface, it was seen in visualizations
that a void formed in and grew from the indentation every time.
This gives the nearly perfect rings in Fig. 8(b). In the case of a
neutral surface, nucleation still occurred preferentially in the in-
dentation, but a void large enough to continue to grow would
occasionally form away from the indentation. Sometimes a void
formed on the flat surface entirely, and sometimes it formed with
one side attached to the indentation.

The increased frequency of bubble nucleation away from the
indentation was due to the presence of adsorbed fluid layers on the
solid in the neutral case. The local pressure and spinodal tempera-
ture in high density adsorbed layers are higher than in the bulk
fluid [55]. This makes this region inaccessible to vapor nuclei
formation. The effective size of the indentation in the neutral case
was reduced relative to the weak case, so forming a critical sized
bubble there was less favorable. Further increasing the fluid-solid
attraction would increase the thickness of adsorbed layers and
decrease the effective size of the indentation, making the indenta-
tion region even less favorable relative to the flat part of the sur-
face. Atoms below a void in the indentation in the adsorbed layers
could also collapse into the void, but collapse was less likely from
the bottom due to lower mobility of the adsorbed layers (see Fig.
12). Void formation was favored in the indentation for both cases
more than in the constant temperature case.

Void probabilities were also calculated for flat surfaces and for
the weak case with a starting temperature of 128.0 K instead of
122.0 K. The flat cases were used to check the analysis and, of
course, showed that nucleation occurred with equal probability at
all points on the surface. The simulations started at a higher tem-
perature gave a void probability plot that was nearly identical to

Transactions of the ASME



6
Pit —-o-— Neutral: Outside Pit
51 = ‘// 4 Neutral: Above Pit
4 = —--0-— Weak: Outside Pit
F v Weak: Above Pit
A 3] x.
o \\ ‘-"g. B < Above Flat
3 p
= 2 /T b\
|L i Plt / \
v Above Flat %‘
0 1 \\"R‘
ER ) “gﬁf:“@\a
-2 T : . .
20 40 60 80 100 120
z(A)

Fig. 10 Time average until a void had a volume greater than
1000 A3 and simulation average over 39 simulations of local
temperature (T) minus bulk fluid temperature (Tj,q) as a func-
tion of z position for the large indentation with constant heat
flux. Two separate regions were considered, above the inden-
tation and above the flat part of the surface. In both the neutral
and weak cases, the temperature in the indentation was con-
siderably higher than in the rest of the fluid.

Fig. 8(b), so the starting temperature had no effect on the result
that void formation was localized in the indentation.

3.5 Predicted Wall Temperatures. To test the criterion for
active cavity size, we used the relation of Davis and Anderson
[38] to calculate the wall temperatures (7,,) under constant heat

-0 Neutral Pit (N, = 40)
~-g--  Weak Pit (N, = 40)
~-a-  Neutral Flat (N, = 41)
—v— Weak Flat (N, = 40)
4
3 -
S 2 -
=
3
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Time {ns)
Fig. 11 Nucleation times as a function of the negative loga-

rithm of the ratio of non-nucleated (N) to total simulations (N,)
for all constant heat flux cases. The times for the neutral cases
were longer because the adsorbed layers had to be heated up
before nucleation could occur. Nucleation was slightly faster
for the flat surface compared to the indented one for the neutral
case and there was little difference for the weak case.
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Neutral Flat Neutral Indentation
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Fig. 12 These figures represent the ways in which atoms can
collapse into a 2-D void on a neutral surface. Fluid atoms are
represented as light gray (yellow) and dark gray (green) circles,
and the solid surface as a solid line. The “edge” of the ad-
sorbed fluid layers is the dashed line. The arrows point into the
void. Nucleation cannot occur in the adsorbed fluid layers be-
tween the solid line and the dashed line. These layers effec-
tively reduce the the size of the indentation and make the
nucleation more like homogeneous nucleation, since the light
gray (yellow) atoms in the adsorbed fluid layers can collapse
into the void, but are not as likely to collapse as the dark gray
(green) bulk fluid atoms since they are not as mobile.

flux conditions that would be required to get a minimum cavity
radius (r, ;) equal to the hydraulic radius of the large indenta-

tion,
6, sin 8 ( O, ) 1 \/ 1
2(1 +cos B)\ 6, + Oy,

8,=kih

8UTsat( ew + esub)
Py hlv 5r 612¢

rc,min =

h=q/(T, -T.)
0,=T, Ty

Bsub = Tsut -T. (8)

We used adjusted experimental parameters for argon for the sur-
face tension (0=5.790X 1073 N/m) [32,56], heat of vaporization
(hy,=5392 J/mol)  [57], and thermal conductivity (k
=90 mW/(m K)) [58]. We used the Lennard—Jones equation of
state to get the saturation temperature and vapor density (7
=106.7 K, p,=519.1 mol/m?) [59], and used the contact angles
(B) calculated for the flat surface. We did not know the heat flux
(g) into the liquid, so we varied it from 5% up to 100% of the flux
added to the solid, giving a range of wall temperatures of
10—15 K. The calculated wall temperatures for the neutral and
weak cases were around 155 K and 510 K. The maximum wall
temperatures seen in the simulations were 140—145 K. For the
neutral case, this is probably within the error of the calculated
value. In the weak case, the calculated value is clearly too high.

4 Conclusions

Nonequilibrium MD simulations of bubble nucleation were run
for a Lennard—Jones fluid on a Lennard—Jones solid. The solid had
various geometric defects (small asperities and small and large
indentations). The solid-fluid energy parameter (&) was also var-
ied. It was either less than the fluid-fluid value (weak) or equal to
the fluid-fluid value (neutral). Two types of simulations were run,
constant temperature and constant normal stress or constant heat
flux into the bottom of the solid and constant normal stress.

It was shown that some level of control over the rate and loca-
tion of heterogeneous bubble nucleation could be accomplished
with the right surface topology and chemistry even at the nanom-
eter scale. Defects of about the same size as the critical nucleus
(1000-2000 A3) had no effect on nucleation rate, while an inden-
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tation much larger than the critical nucleus increased the nucle-
ation rate by approximately two orders of magnitude over a flat
surface at constant temperature. Void formation was favored in the
large indentation over the flat part of the surface in all cases due in
part to the stabilizing effect of the solid and the smaller critical
volume for an indentation compared with a flat surface. In the
constant heat flux cases, concentrated heating in the indentation
further increased the probability of forming a void there. In the
weak case with constant heat flux, a void formed and grew from
the indentation every time. In the neutral case, the spatial control
was not as good due to adsorbed fluid layers on the solid surface
in which nucleation could not easily occur. These layers are par-
tially filled in the indentation and could not stabilize voids as well
as the solid.

These results show that dissolved gas is not required to enhance
nucleation at the nanometer scale, in qualitative agreement with
the work of Theofanous et al., [16] who found that PEN theory
did not apply for nanometer scale defects. Dissolved gas might
have an additional effect, which could be explored in further
work.
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Experimental Investigation
of Turbulent Convective Heat
Transfer and Pressure Loss
of Alumina/Water and
Zirconia/Water Nanoparticle
Colloids (Nanofluids)

in Horizontal Tubes

The turbulent convective heat transfer behavior of alumina (Al,05) and zirconia (ZrO,)
nanoparticle dispersions in water is investigated experimentally in a flow loop with a
horizontal tube test section at various flow rates (9000<<Re<63,000), temperatures
(21-76°C), heat fluxes (up to ~190 kW/m?), and particle concentrations (0.9-3.6
vol % and 0.2-0.9 vol % for Al,O3 and ZrO,, respectively). The experimental data are
compared to predictions made using the traditional single-phase convective heat transfer
and viscous pressure loss correlations for fully developed turbulent flow, Dittus—Boelter,
and Blasius/MacAdams, respectively. It is shown that if the measured temperature- and
loading-dependent thermal conductivities and viscosities of the nanofluids are used in
calculating the Reynolds, Prandtl, and Nusselt numbers, the existing correlations accu-
rately reproduce the convective heat transfer and viscous pressure loss behavior in tubes.

Therefore, no abnormal heat transfer enhancement was observed in this study.
[DOL: 10.1115/1.2818775]

Keywords: nanofluids, convective heat transfer, enhancement, thermal conductivity

1 Introduction

Modification of the thermophysical properties of a system
through heterogenization is an age-old practice, a phenomenon
readily visible in the lowered thermal conductivity of fibrous-air
mixtures found in most insulation. Historically, a scientific under-
standing of the thermophysical properties of such mixtures of ma-
terials stemmed from the works of Maxwell [1] and Maxwell-
Garnett [2] on electrical conductivity of heterogeneous solids.
Unlike the chemical, rheological, and optical properties of col-
loids (solid-liquid mixtures), which have been vastly studied, an
understanding of the thermal properties of such systems has been
somewhat neglected. The works of Masuda et al., [3] Choi [4],
Eastman et al., [5] Choi et al., [6] Assael et al., [7] among others,
have generated great interest in the thermophysical properties of
nanofluids, i.e., colloidal dispersions of nanoparticles in a base
fluid, and their potential for heat transfer enhancement.

Convective heat transfer enhancement through the addition of
particulates has been proposed in various places in the literature;
one early and thorough study by Ahuja [8] showed the ability of
micron sized polystyrene particles to enhance laminar convective
heat transfer in tubes. Ahuja [8] concluded that the enhancement
was due to shear-induced rotation of the particles and particle-
particle interactions. However, the engineering applicability of
microparticle colloids is generally hindered by particle settling,
channel erosion, and clogging. The recent development of stable
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nanoparticulate colloids reopened the idea of enhancement of con-
vective heat transfer through the addition of particles. Despite
this, there are few experimental works to be found in the litera-
ture. Wen and Ding [9-11] have studied nanofluid laminar flow
convective heat transfer in the entry region. Pak and Cho [12]
explored alumina and titania in water nanofluids in turbulent con-
vective heat transfer in tubes. Xuan and Li [13] investigated tur-
bulent convective heat transfer and flow features of copper oxide
in water nanofluids. Xuan and Roetzel [14] considered a heat
transfer correlation for nanofluids to capture the effect of energy
transport by particle “dispersion.” Buongiorno [15] investigated
nanofluids through nondimensional groups and determined that
other than possible diffusion effects in the boundary layer, nano-
fluids should behave like equivalent single-phase fluids. All the
above researchers have concluded or assumed that nanofluids pro-
vide heat transfer enhancement with respect to their respective
base fluids. However, assessment of what constitutes an enhance-
ment in turbulent convective heat transfer is somewhat arbitrary.
The convective heat transfer coefficient # depends heavily on the
fluid properties via the Reynolds, Prandtl, and Nusselt numbers, as
per the classic Dittus—Boelter correlation:

Nu = 0.023 Re?® P93
(1)

03)\0‘7“0‘3 C0.3)\0.7p0.8vo.8

_ 0.8 _
h=0.023 Re =002 555

As nanofluids typically have higher thermal conductivity and vis-
cosity than their base fluids, Eq. (1) suggests that, for a fixed
Reynolds number, they will also have a higher heat transfer coef-
ficient. On the other hand, for a fixed velocity, the nanofluid heat

APRIL 2008, Vol. 130 / 042412-1



transfer coefficient could be either higher or lower than that of the
base fluids, depending on the magnitude of the thermal conduc-
tivity and viscosity increase. These trends are expected and their
explanation does not necessitate invoking any special physical
phenomena occurring in nanofluids. So, what constitutes an inter-
esting heat transfer enhancement in nanofluids? It is proposed in
this paper that an increase in the measured heat transfer coefficient
substantially above that predicted by the traditional single-phase
fluid correlation (e.g., Dittus—Boelter) utilizing the nanofluid ther-
mophysical properties can be considered as an unexpected heat
transfer enhancement and thus worthy of study. Therefore, to as-
sess the merits of nanofluids, their thermophysical properties must
be known accurately. The density of the nanofluids is by definition

p=dp,+(1-P)p, )

Assuming thermal equilibrium between the particles and the sur-
rounding fluid, the specific heat is immediately estimated as fol-
lows:

- dp,c,+ (1= P)pyey,
p

On the other hand, the thermal conductivity and viscosity of nano-
fluids have exhibited abnormal behavior and therefore must be
measured, as functions of loading and temperature, for every dif-
ferent nanofluids used in the experiments. Unfortunately, none of
the above referenced studies uses nanofluids fully characterized in
this strict sense. This is the starting point of our paper, which
investigates two water-based nanofluids, with alumina and zirco-
nia nanoparticles, for their potential to enhance the convective
heat transfer coefficient in a heated tube. Full characterization of
the fluids colloidal and thermophysical properties is done experi-
mentally (Sec. 2), including measurement of the temperature- and
loading-dependent thermal conductivities and viscosities. The
flow loop is described in Sec. 3. Measurements are done for two
nanoparticle/base fluid combinations at various particle loadings
and flow conditions and the results are analyzed using the mea-
sured properties and traditional single-phase correlations (Secs. 4
and 5).

3)

2 Nanofluids and Their Properties

The nanofluids used in this experiment were colloidal alumina
AL20SD at 20 wt % and colloidal zirconia Zr50/15 at 15 wt %,
purchased from Nyacol® Nano Technologies, Inc. These colloids
were used as received except for dilution using de-ionized water.
Characterization was done to assure the specifications of the col-
loids are as stated by the manufacturer. Inductively coupled
plasma (ICP) spectroscopy found there to be only the primary
components specified, aluminum and zirconium, in each respec-
tive fluid. Only trace amounts of other chemicals were found.
Thermogravimetric analysis (TGA) was done to determine the
weight loading of the compounds and were found to be as speci-
fied by the manufacturer. TGA was also used to determine the
exact loading of the diluted samples before and after the flow
experiments to assure there was no settling in the loop. The con-
version between weight and volume fraction (¢) was done
through the bulk density of alumina (~3920 kg/m?) and zirconia
(~5500 kg/m?3).

Particle sizing was done using dynamic light scattering (DLS)
in combination with transmission electron microscopy (TEM); the
methodologies are described elsewhere [16]. It is noted that DLS
determines only the equivalent spherical hydrodynamic diameter
of the particles. Likewise the TEM can be used only on particles
dried out of the colloidal state and hence could have agglomera-
tions, which may not be present in the colloidal state. The DLS
results showed that the average particle size for the alumina is
about 46 nm and the zirconia is about 60 nm. There is a distribu-
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tion of size around these averages and the zirconia had small
amounts of agglomerations averaging around 200 nm. TEM im-
ages confirmed these results are reasonable.

The temperature- and loading-dependent thermal conductivities
were measured with a short transient hot wire apparatus, which
was validated with various fluids at different temperatures and
found to have *2% accuracy [17]. The transient hot wire appa-
ratus made use of a Teflon-coated platinum wire to prevent the
occurrence of parasitic currents in the test fluid. The dependence
of thermal conductivity on loading was measured for each fluid
from zero to the maximum loading, 20 wt % and 15 wt % for
alumina and zirconia, respectively. Temperature dependence of
the conductivity was measured from 20°C to 80°C, which en-
compasses the anticipated in-loop conditions. The results are
shown in Figs. 1 and 2, where the nanofluid thermal conductivity
is A, the thermal conductivity of water is \,,, and MG refers to the
modified Maxwell-Garnett model [2], applied here to two values
of the spheroidal aspect ratio ¢/a, which captures the shapes of
our nanoparticles, as per the TEM observations. The measure-
ments show that the loading dependence of thermal conductivity
is bracketed by the MG model, while the temperature dependence
is the same as that of water. This latter fact is contrary to the
findings of Das et al. [18], who reported an abnormally large
increase of thermal conductivity in nanofluids and attributed it to
Brownian motion of the nanoparticles.

Viscosity was measured by means of a capillary viscometer
submerged in a controlled-temperature bath. The viscometer was
benchmarked with water at various temperatures and its accuracy
was found to be within 0.5%. The alumina and zirconia nanofluid
viscosities are shown in Figs. 3 and 4, respectively. Note the rapid
viscosity increase with particle loading and the independence of
the u/pw,, ratio on temperature. Curve fits were created for the
thermal conductivity and viscosity experimental data to be used in
the interpretation of the convective heat transfer data.

Alumina nanofluids,

N, T) =\, (T)(1 +4.5503¢) (4)
Zirconia nanofluids,
N, T) =\, (T)(1 +2.4505¢ — 29.867 ¢*) (6)
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(@, T) = p,(T)exp[11.19¢/(0.1960 - ¢)] )

Equations (4)—(7) apply to our nanofluids and are not of general
validity.

3 Description of the Flow Loop

A flow loop facility was constructed to conduct the convective
heat transfer coefficient and pressure loss experiments. A sche-
matic of the loop is shown in Fig. 5. The test section is a smooth
horizontal tube, made of stainless steel, with 1.27 cm outside di-
ameter (0.d.) (0.5 in.) and 1.65 mm thickness (0.065 in.), resis-
tively heated by a dc power supply from Lambda America, pro-
viding a maximum power of 24 kW. Fourteen T-type
thermocouples axially spaced by 0.2 m measure the outer wall
temperature. The inner wall temperature is calculated assuming
radial heat conduction within the tube wall. There are also two
T-type thermocouples submerged in the flow channel at the inlet
and outlet of the heated section to measure the bulk temperature
of the fluid. The flow is provided by a 1 HP Berkeley SS1XS1-1
pump with a frequency speed controller. The flow is measured by

—— — y=exp(3.27*x/(b-x)) b=0.1581 (c/a=0.5)
— — - y=exp(4.91*x/(bx)) b=0.2092 (c/a=0.25)
12 | y—exp(a®x/(b-x)) a=3.836, b=0.1755
[ | A1203 - T=80°C
0  ALO.-T=6l°C
O  ALO,-T=4&°C
- ® ALO, - T=21°C
=1
El
4
0.01 0.03 0.05

¢

Fig. 3 Viscosity of alumina nanofluids
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Fig. 4 Viscosity of zirconia nanofluids

a turbine flow meter, which was calibrated to *0.5% accuracy.
The data are acquired by an HP3852A data acquisition unit. The
heat is removed by a McMaster Carr 35185KS55, stainless steel
shell-and-tube heat exchanger. Various valves are included in the
system for loading, flow control, and discharge of the test fluid.
The heat transfer coefficient is calculated from knowledge of the
heat flux and the calculated wall and bulk temperatures at the
different axial locations. The viscous pressure loss is measured
directly by a differential pressure transducer Omega PX293-
030D5V, operating over a range of 0—207 kPa (0-30 psid) with
accuracy to within 0.5%, as calibrated by the manufacturer. Be-
cause the test section is very long (L/D~300), entry region ef-
fects on heat transfer and pressure loss are negligible. More de-
tails about the design and operation of the loop can be found in
Ref. [16].

4 Heat Transfer Coefficient Measurement

The local heat transfer coefficient was measured for both water,
as a base case, and each nanofluid under turbulent fully developed
conditions. The results were compared against the predictions of
the Dittus—Boelter correlation (Eq. (1)), using the temperature-
and loading-dependent measured properties of the specific fluid.
The benchmark for water at various Reynolds numbers is shown
in Fig. 6 and can be seen that the experimental data agree well
(within =10%) with the predictions of the correlation.

Alumina nanofluid was measured at three different volumetric
loadings (0.9%, 1.8%, and 3.6%), as shown in Fig. 7, and zirconia
nanofluid at three volumetric loadings (0.2%, 0.5%, and 0.9%), as
shown in Fig. 8. The data are also reported in Table 1. It can be
seen that the Nusselt number is predicted by the Dittus—Boelter
correlation to within =10%, if the nanofluid mixture properties
are utilized. No effect of the heat flux on the heat transfer coeffi-
cient was observed, as is expected in single-phase forced convec-
tion. Water was retested between nanofluid runs in order to assure
that there was no significant fouling due to the particles and, in
fact, none was found.

5 Viscous Pressure Loss and Friction Factor Measure-
ment

The viscous pressure drop was measured for both water, as a
benchmark, and each nanofluid under turbulent fully developed
conditions in both the heated and nonheated sections of the loop.
The heated-tube case was included to explore the effect of thermal
gradients on the pressure loss in nanofluids. The results were com-
pared against the predictions of theory for pressure drop as
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L pV? 0.9%), as shown in Fig. 11. The pressure loss data are also re-
ApP=f BT (8) ported in Table 1. It can be seen that the viscous pressure losses

where the friction factor is determined from either the Blasius
relation

f=0.316Re™*» 9)
for Re < 30,000 or the McAdams relation
£=0.184 Re™*2 (10)

for Re>30,000 using the temperature- and loading-dependent
measured properties of the specific fluid. The benchmark of pres-
sure loss for water at various Reynolds numbers is shown in Fig.
9 and can be seen that the experimental data agree well with the
theoretical predictions.

Alumina nanofluid was tested at three different volumetric
loadings (0.9%, 1.8%, and 3.6%), as shown in Fig. 10, and zirco-
nia nanofluid also at three volumetric loadings (0.2%, 0.5%, and
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Fig. 6 Tube averaged Nusselt number for water tests
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are predicted by the theory to within +20%, if the nanofluid mix-
ture properties are utilized. A post-test characterization of the
nanofluids verified that the particle size and loadings had not
changed in the loop.

6 Conclusions

The most interesting finding of this paper is that the convective
heat transfer and pressure loss behavior of the alumina/water and
zirconia/water nanofluids tested in fully developed turbulent flow
can be predicted by means of the traditional correlations and mod-
els, as long as the effective nanofluid properties are used in cal-
culating the dimensionless numbers. That is, no abnormal heat
transfer enhancement was observed. As such, the merits of nano-
fluids as enhanced coolants depend largely on the trade-off be-
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Fig. 7 Tube averaged Nusselt number for alumina nanofluid
tests

Transactions of the ASME



300 — ——— -
m Zr0, (0.2 vol%) ’ |
o +10% /
[ ] Zr02 (0.5 vol%) , -
2504 A Zr0, (0.9 vol%) e 0T
® ]
-g 200 4 4 g -10%
S 7 o
z L7
= 4 A/,
2 150 oA ]
= ’ .
z L i
3 A
5 100 et 4
[7] -, Y
© . P
3 Pt i
= i
50 P i
0 T T T T T
0 50 100 150 200 250 300

Predicted Nusselt Number

Fig. 8 Tube averaged Nusselt number for zirconia nanofluid

30000

1 | m Heated .7
® |[sothermal . LR
25000 A7
- +-10% ,
—_ - "
© 1 B pid
o o -
o 20000 | 5 B -
17 " 77
(] '8 L
2 15000 -
o ] S
[+ // ’/
B 10000 . .
g 8
[72] o A
[0} L7l
Q o
= 5000 g
0 T T T T T
0 5000 10000 15000 20000 25000

Predicted Pressure Loss (Pa)

Fig. 9 Viscous pressure losses for water tests

30000

tests

Table 1 Experimental data for convective heat transfer and pressure loss in water and nanofluids
¢
Water  Flow rate (gpm)  Voltage (V)  Current (A) T;, (°C) Ty (°C) APi, (psi) APy (psi) P (psi) have (KW/m?K)
0 3.0049 18.6728 464.9508 64.9897 75.6521 2.3948 3.1299 5.8560 16.9
0 2.1733 18.6539 464.9247 60.5061 75.0787 1.4016 1.7898 4.4559 12.9
0 3.0627 17.9173 465.0416 22.642 32.6221 2.9806 3.7977 3.2521 12.9
0 2.1388 18.0241 464.9816 24.304 38.8204 1.576 1.9522 3.1228 10.1
0 2.9704 18.1881 464.9652 37.7 48.166 2.6123 3.3636 3.6603 14.3
0 2.1639 18.327 464.9612 41.7497 56.2337 1.4912 1.891 3.3370 11.6
Alumina nanofluids
0.009 2.147081 18.0176 464.1053 22.82405 38.17461 1.547489 1.881898 3.020074 9.6
0.009 3.715541 17.86031 464.1133 21.43268 30.08651 4.108022 5.151524 3.794503 14.2
0.009 3.851073 24.30109 620.27 27.8986 43.2501 4.204298 5.136252 4.492296 16.5
0.009 3.596595 18.17254 464.1121 38.78505 47.87099 3.553072 4.520337 4.335136 16.3
0.009 3.574315 18.61698 464.0545 63.8074 73.13351 3.164858 4.123959 6.104082 19.1
0.018 2.111757 18.08459 464.1162 2591971 41.28559 1.664668 2.021926 3.168925 8.9
0.018 3.486365 17.87957 464.1384 21.40127 30.25747 4.348929 5.408708 3.913946 12.0
0.018 3.71442 20.86823 535.851 27.78721 39.45859 4.379486 5.42377 5.197161 14.3
0.018 3.756194 24.45356 620.2195 33.40115 49.18956 4.30093 5.254686 5.534782 15.8
0.018 3.605431 18.12009 464.1094 35.52497 44.43941 4.037124 5.103306 4.625466 14.5
0.018 3.669152 18.55121 464.0947 60.26876 69.26843 3.696665 4.772949 6.703416 17.6
0.036 2.138405 18.10837 464.1348 23.68641 38.62886 2.208656 2.619751 3.216397 6.7
0.036 3.280033 18.02803 465.1244 24.24426 34.05324 4.510882 5.534656 4.106527 9.4
0.036 3.348142 24.70353 620.2382 39.0955 56.74525 4.336269 5.195003 5.186453 12.0
0.036 3.367383 18.3139 465.0778 41.51349 51.24416 4.275407 5.364995 4.956857 11.5
0.036 3.388538 18.61091 465.1196 59.234 68.89603 4.062228 5.170971 6.486388 13.2
Zirconia nanofluids
0.002 1.052563 18.4147 463.6993 30.17757 61.00621 0.452303 0.51691 3.951985 5.9
0.002 1.973989 18.11652 463.7125 28.4696 44.46611 1.360026 1.693065 4.504671 9.1
0.002 3.238005 20.90897 534.5986 31.30535  44.19403 3.211092 4.03379 5.459796 13.7
0.002 3.177872 24.58308 620.2432 37.23694 55.14627 3.022197 3.759854 5.601450 14.5
0.002 3.141638 18.20885 463.7295 40.20654 50.15454 2.925374 3.77284 5.417549 14.0
0.002 3.164751 18.60896 463.7192 63.09067 73.0723 2.736606 3.62162 7.289336 16.1
0.005 1.015151 18.44775 463.7133 29.14622 61.32544 0.445873 0.497301 3.782135 54
0.005 2.06217 18.18333 464.5749 30.09272 45.76818 1.481579 1.846512 4.566293 9.1
0.005 3.557445 18.01022 464.5957 28.23168 37.15283 3.942201 5.012364 5.858727 13.3
0.005 3.47117 21.13534 539.6111 32.60267 45.068 3.697729 4.633149 5.894043 13.9
0.005 3.461399 24.57022 619.1973 39.19982 55.91998 3.552015 4.420837 6.099345 15.1
0.005 3.382455 18.2276 464.5565 39.6313 49.13828 3.370069 4.323706 5.467187 14.2
0.005 3.471451 18.57643 464.5376 5991715 69.31236 3.231422 4.241396 7.682759 16.6
0.009 2.037224 18.33887 464.5479 38.50456 53.45984 1.73875 2.175113 4.035102 7.9
0.009 3.185502 18.18921 466.6289 31.62775  41.16436 3.944558 497116 4.028946 10.3
0.009 3.242367 18.38691 466.5541 43.27367 52.75307 3.814665 4.880184 4.971594 11.6
0.009 3.218808 24.91002 620.2104 50.74531 67.85979 3.708972 4.622206 5.911190 12.8
0.009 3.227561 18.67422 466.5752 59.8875 69.43956 3.558802 4.618606 6.315442 13.0
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Fig. 10 Viscous pressure losses for alumina nanofluid tests

tween increase in thermal conductivity (determining the desired
heat transfer enhancement) and increase in viscosity (determining
an undesirable increase in pumping power). A quantitative analy-
sis for our alumina/water and zirconia/water nanofluids has shown
that the ratio of heat transfer rate to pumping power for nanofluids
is lower than for water [19], because of the dominant effect of the
viscosity rise. This is consistent with Pak and Cho’s conclusion
about their nanofluids [12]. Future research should be directed
toward selection of nanoparticle materials, shape, and size that
would boost the thermal conductivity increase and reduce the vis-
cosity increase. Nanofluids remain suitable for applications in
which an increase in pumping power is not of great concern, e.g.,
thermal management of high-power electronics. Also, the poten-
tial for boiling heat transfer enhancement in nanofluids is truly
exciting, as shown by You et al. [20] and confirmed in our labo-
ratory [21] among others.
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Nomenclature
¢ = specific heat, J/kg K
c/a = ratio of axes for oblate spheroids
D = channel diameter, m
f = friction factor
h = heat transfer coefficient, W/m2 K
L = channel length, m

Nu = Nusselt number
P = pressure, Pa
Pr = Prandtl number
g = heat flux, W/m?
Re = Reynolds number
T = temperature, K
V = mean velocity, m/s
Greek
AP = pressure loss, Pa
¢ = nanoparticle volumetric fraction
N = thermal conductivity, W/m K
M = viscosity, Pas
p = density, kg/m?3
Subscripts
ave = average
b = base fluid
heat = heated
in = inlet
iso = isothermal
out = outlet
p = nanoparticle
w = water
References
[1] Maxwell, J. C., 1954, Treatise on Electricity and Magnetism, Dover, New
York.

[2] Maxwell-Garnett, J. C., 1904, “Colours in Metal Glasses and in Metallic
Films,” Philos. Trans. R. Soc. London, Ser. A, 203, pp. 385-420.

[3] Masuda, H., Ebata, A., Teramae, K., and Hishinuma, N., 1993, “Alteration of
Thermal Conductivity and Viscosity of Liquid by Dispersing Ultra-Fine Par-
ticles (Dispersion of Al,Os, SiO,, and TiO, Ultra-Fine Particles),” Netsu
Bussei, 4(4), pp. 227-235.

[4] Choi, S. U. S., 1995, “Enhancing Thermal Conductivity of Fluids With Nano-
particles,” Developments and Applications of Non-Newtonian Flows, D. A.
Siginer and H. P. Wang, eds., American Society of Mechanical Engineers, New
York.

[5] Eastman, J., Choi, S. U. S., Li, S., Yu, W., and Thompson, L. J., 2001,
“Anomalously Increased Effective Thermal Conductivities of Ethylene-
Glycol-Based Nanofluids Containing Copper Nanoparticles,” Appl. Phys.
Lett., 78(6), pp. 718-720.

[6] Choi, S. U. S., Zhang, Z. G., Yu, W., Lockwood, F. E., and Grulke, E. A.,
2001, “Anomalous Thermal Conductivity Enhancement in Nanotube Suspen-
sions,” Appl. Phys. Lett., 79, pp. 2252-2254.

[7] Assael, M. J., Chen, C.-F., Metaxa, 1., and Wakeham, W. A., 2004, “Thermal
Conductivity of Suspensions of Carbon Nanotubes in Water,” Int. J. Thermo-
phys., 25, pp. 971-985.

[8] Ahuja, A. S., 1975, “Augmentation of Heat Transport in Laminar Flow of
Polystyrene Suspensions,” J. Appl. Phys., 46, pp. 3408-3416.

[9] Wen, D., and Ding, Y., 2004, “Experimental Investigation Into Convective
Heat Transfer of Nanofluids at the Entrance Region Under Laminar Flow
Conditions,” Int. J. Heat Mass Transfer, 47(24), pp. 5181-5188.

[10] Wen, D., and Ding, Y., 2004, “Effective Thermal Conductivity of Aqueous
Suspensions of Carbon Nanotubes (Carbon Nanotube Nanofluids),” J. Ther-
mophys. Heat Transfer, 18(4), pp. 481-485.

[11] Wen, D., and Ding, Y., 2005 “Effect of Particle Migration on Heat Transfer in
Suspensions of Nanoparticles Flowing Through Minichannels,” Microfluid.
Nanofluid., 1(2), pp. 183-189.

[12] Pak, B. C., and Cho, Y. 1., 1998, “Hydrodynamic and Heat Transfer Study of
Dispersed Fluids With Submicron Metallic Oxide Particles,” Exp. Heat Trans-
fer, 11(2), pp. 151-170.

[13] Xuan, Y., and Li, Q., 2003, “Investigation on Convective Heat Transfer and
Flow Features of Nanofluids,” ASME J. Heat Transfer, 125(1), pp. 151-155.

[14] Xuan, Y., and Roetzel, W., 2000, “Conceptions for Heat Transfer Correlation
of Nanofluids,” Int. J. Heat Mass Transfer, 43(19), pp. 3701-3707.

[15] Buongiorno, J., 2006, “Convective Transport in Nanofluids,” ASME J. Heat
Transfer, 128, pp. 240-250.

[16] Williams, W. C., 2007, “Experimental and Theoretical Investigation of Trans-
port Phenomena in Nanoparticle Colloids (Nanofluids),” Ph.D. thesis, Massa-
chusetts Institute of Technology, Cambridge, MA.

Transactions of the ASME



[17] Rusconi, R., Williams, W. C., Buongiorno, J., Piazza, R., and Hu, L. W., 2007,
“Numerical Analysis of Convective Instabilities in a Transient Short-Hot-Wire
Setup for Measurement of Liquid Thermal Conductivity,” Int. J. Thermophys.,
28(4), pp. 1131-1146.

[18] Das, S. K., Putra, N., Thiesen, P., and Roetzel, W., 2003, “Temperature De-
pendence of Thermal Conductivity Enhancement for Nanofluids,” ASME J.
Heat Transfer, 125(4), pp. 567-574.

[19] Williams, W. C., Buongiorno, J., and Hu, L. W., 2007, “The Efficacy of Nano-

Journal of Heat Transfer

fluids as Convective Heat Transfer Enhancing Coolants for Nuclear Reactor
Applications,” Proceedings of the 2007 ANS Meeting, Boston, Jun. 24-28.

[20] You, S. M., Kim, J., and Kim, K. H., 2003, “Effect of Nanoparticles on Critical
Heat Flux of Water in Pool Boiling Heat Transfer,” Appl. Phys. Lett., 83(16),
pp. 3374-3376.

[21] Kim, S. J., Bang, I. C., Buongiorno, J., and Hu, L. W., 2007, “Surface Wetta-
bility Change during Pool Boiling of Nanofluids and Its Effect on Critical Heat
Flux,” Int. J. Heat Mass Transfer, 50, pp. 4105-4116.

APRIL 2008, Vol. 130 / 042412-7



Shin-ichi Satake
Mem. ASME

Takafumi Anraku
Hiroyuki Kanamori

Department of Applied Electronics,
Tokyo University of Science,

2641 Yamazaki,

Noda, Chiba 278-8510, Japan

Tomoaki Kunugi
Department of Nuclear Engineering,
Graduate School of Engineering,
Kyoto University,

Yoshida,

Sakyo, Kyoto 606-8501, Japan

Kazuho Sato

Toyota Industries Corporation,
2-1 Toyoda cyou,

Kariya, Aichi 448-8671, Japan

Tomoyoshi Ito

Japan Science and Technology Agency (JST),
Chiba University,

1-33 Yayoi,

Inage-ku, Chiba 263-8522, Japan

and

Department of Electronics and Mechanical

Measurements of Three-
Dimensional Flow in
Microchannel With Complex
Shape by Micro-Digital-
Holographic Particle-Tracking
Velocimetry

High time-resolution flow field measurement in two microchannels with a complex shape
is performed by a micro-digital-holographic particle-tracking velocimetry (micro-
DHPTYV). The first microchannel has a Y junction that combines the flow of fluid from two
inlets into one outlet. In this case, two laminar velocity profiles from the inlet regions
merge into one laminar velocity profile. The second microchannel has a convergence
region from where a fluid flows into a divergence region. At this region, two recirculation
regions appear. Consequently, approximately 250 velocity vectors in both cases can be
obtained instantaneously. For a microchannel with the convergence region, the two re-
circulation regions that appear at the divergence point are captured from a three-
dimensional vector field, with which the axes of recircular vortices have some alignment.
The reason why we can observe this phenomenon is that a three-dimensional velocity,
including the depth direction, can be obtained by micro-DHPTYV.
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1 Introduction

Noncontact measurement with three-dimensional real time for
flow fluid phenomena in microchannel is important to elucidate a
mechanism of heat transfer such as in microreactor, red blood
flow, etc. For example, from a spatial aspect, there are fundamen-
tal components such as cells and red blood cells that exist and
function within regions of the order of submicrometer to submil-
limeter, where the previous micromeasurement techniques could
address only the steady state phenomena and that was also limited
to 2D observation [1,2]. Therefore, those techniques cannot be
applied in the capture of the primary three-dimensional phenom-
ena such as blood motion. A micro-digital-holographic particle-
tracking velocimetry (micro-DHPTV) method [3,4] has been de-
veloped for high time resolution capable of measuring 3D
unsteady flow at microscale by using a digital hologram tech-
nique. We have already taken high time-resolution measurements
of straight microchannel and pipe flows. In this study, a high
time-resolution flow field measurement in two microchannels with
complex shape is performed by the technique mentioned above.
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Both channels are conventional microchannels. The first one has a
Y junction, which combines the flow from two inlet regions to one
outlet region. Here, two laminar velocity profiles from the inlet
regions merge into one laminar velocity profile. The second mi-
crochannel has only one inlet and one outlet, with a convergence
and a divergence region somewhere in the middle part of the
microchannel.

2 Optical Setup

Figure 1 shows an optical setup of our experiment. A high-
resolution digital charge coupled design (CCD) camera (1024
X 1024 resolution with 16 wm/pixel) takes fringe images of the
particles using an objective lens (Nikon, 40X, numerical aperture
(NA)=0.55). The particles are illuminated by a Nd:YLF (yttrium
lithium fluoride) laser (Photonics Industries DS20-527, \
=527 nm). The laser gives out a pair of pulses at a repetition rate
of 1 kHz with a pulse length of 58 ns and a pulse delay of 100 us.
This setup records 2000 holograms over a 2 s period to obtain
1000 vector fields. The camera and the laser are synchronized by
a pulse generator unit. The test involves the use of nylon spherical
particles with 1 uwm diameter and a specific gravity of 1.05. In this
setup, a syringe pump is used to introduce pressurized water into
the microchannel where a fixed mass flow rate is maintained by
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using a controller. The nylon particles are suspended in the water
and are used to track the flow of water in the microchannel.

Figures 2(a)-2(c) show a schematic illustration of a microchip
that was fabricated in the form of a Y junction between two inlets
and one outlet. The width of the microchannel is 100 wm, and its
depth at the deepest point is 40 um, as is illustrated by a semicir-
cular cross section in Fig. 2(c). Water was introduced into the two
inlets by two micropumps. Both flow rates were set to 0.5 ml/h.

Figures 3(a)-3(c) show a schematic illustration of a microchip
that was fabricated in the form of a convergence region between
one inlet and one outlet with a microchannel of 198.8 um width,
and its depth at the deepest point is 90 um, as illustrated by a
semicircular cross section in Fig. 3(c). Both flow rates were set at
4.0 ml/h.

3 Reconstruction Method

Reconstructions of the particle positions from the fringe images
in the x and y directions are done by a fast Fourier transform
(FFT) technique with the Fresnel diffraction equation [4,5]. The
FFT technique was used for the following transform:

(b)

Cbservation region

43.8 degree

A\ 4

Fig. 2 Schematic of the Y-junction microchip: (a) microchip, (b) Y junction, and (c) cross

section of the microchannel

(a)

QObservation region
Inlet e Outlet 30
o — o mm
70mm
() 198.8um
r F
30.1um
) 4
90.4um 20.0um
4

Observation region

(b)

;
;
!
!
|
! 198.8um
:
!
!
|
!
|
T
|
!

Fig. 3 Schematic of the microchip with a convergence region: (a) microchip, (b) a conver-
gence region, (c) cross section of the microchannel
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(b)

Fig. 4 Fringe image of the microchannel with a Y junction: (a)
Real image. (b) This image is the deducted background image
from the real image.

N1/2 N2/2
(1)) = f 1(x,y)G(I,J)e 2™+ dxdy = I(1,)G(I,J)

-N1/2 ¥ -N2/2

where, ®(1,J), ®(x,y), and 1(1J) are the reconstruction image in
Fourier space, hologram image, and hologram image in Fourier

(b)

Fig. 5 Fringe image of the microchannel with a convergence
region: (a) Real image. (b) This image is the deducted back-
ground image from the real image.

Table 1 Uncertainties of the 3D position measurement of the
tracer particle.

Precision  Degrees
Bias limit index of
Error sources (pm) (pm) freedom
Traverse of particles on plate  x *0 *0 >30
y +0 +0 >30
z *0.025 +0.05 >30
Reconstruction of hologram X +0.080 +0.040 >30
y *0.067 +0.033 >30
z *0.0059 *0.349 11

space, respectively. (1,J) is a transform function using the Fresnel
approximation and including the reconstructed depth in the Z di-
rection.

The reconstructed depth is determined by the flow channel
depth. In the microchannel with a Y junction, the reconstructed
depth is 40 um, and in the microchannel with a convergence area,
the reconstruction depths is 90 um. To achieve a resolution in the
Z direction at approximately 0.2 um, the microchannel with a ¥

Fig. 6 Reconstruction of particles in the microchannel with
the Y junction

0.000

0.028 0.057

0.085 0.113 0.142 [m/s]

Fig. 7 3D velocity vectors in the microchannel with the Y junction
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Fig. 8 Reconstruction of particles in the microchannel with a
convergence region

junction is divided into 200 sections in the Z direction, and the
microchannel with a convergence area pipe is divided into 445
sections. The locations of the particles along the Z direction were
calculated in terms of the peak of the reconstructed particle dis-
tribution [5]. 3D tracking of the reconstructed particle positions
was performed over two frames as a function of time. Since the
pulse interval was short, the tracking of particles for this interval
was sufficient. The reconstruction and tracking took 65 h for 2000
frames using four processors (AMD Opteron 850, 2.4 GHz).

A fringe image of particles from the observation region is
shown in Fig. 4(a). The measurement area is 410 X 410 um? with
a 100 um wide microchannel at the Y junction near the center.
The movement of the particle flow is from left to right. It is
believed that the stationary fringes were from the particles stuck
to the glass side. For noise reduction, an image averaged from
2000 images was defined as the background. The image in Fig.
4(b) shows the result of subtracting the background image from a
real image. The same process is done in the microchannel with a
convergence region (Figs. 5(a) and 5(b). After the process, 3D
coordinates of particles are reconstructed in each frame. The co-

ordinates of a particle are moved by a distance (flow velocity
(mm/s) X time between frames (s)). In the next frame, the moved
coordinates are assumed to be at the center of a circle and where
particles are searched within this region defined by the circle. If
there is one particle in the region, it is judged to be the same
particle as in the previous frame and is used for calculating the
velocity.

If there are two or more particles, no velocities are calculated
because it is impossible to associate particles. These processes are
repeated in each frame, and then mean velocities in 3D coordi-
nates are obtained.

4 Uncertainly Analysis

To obtain the error in the measurement system, uncertainty
analysis using a test target was done [5]. Instead of a microchan-
nel in Fig. 1, a glass plate was used. Nylon spherical particles,
with 1 um diameter (Duke Scientific 4010A), were put on the
glass plate. The plate was traversed (moved upward or downward
along the optical axis (z axis) of the setup by a piezo actuator
(Chuo Precision Industrial Co., Ltd, NPS-347-S1) with a reso-
lution of 10 nm. The respective traverse value was detected by a
laser displacement sensor (KEYENCE Japan, LK-G35) with a
resolution of 50 nm.

Starting from the point of best focus, the hologram pictures
were taken at different distances in 1 um steps. The maximum
distance from the point of the best focus, where the picture was
taken, was 100 um in either direction. From all these pictures, we
arbitrarily chose 30 particle images. These images were then run
through the computer generated hologram (hereafter called CGH)
program.

Through the reconstruction processing by CGH, the following
parameters were obtained: (a) the change in the z direction where
the light intensity value became the maximum and (b) the amount
of the average movement of the particle.

The uncertainty of this technique was analyzed by using the
result of the amount of the movement of the obtained particle. It
was thought that the error margin of the particle coordinates was
caused when the hologram was reproduced, which had an error
margin of its own. The error margin in this hologram reproduction
operation was caused when the elemental error resources were

0.000 0.044 0.067

0.131

0.175 0.218 [m/s]

Fig. 9 3D velocity vectors in the microchannel with a convergence region
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Fig. 10 Schematic viewgraph of the microchannel with a con-
vergence region: Line A is defined by Z=28.2 um located from
the upper wall of the microchannel. Line B is defined by Z
=39.3 um located from the upper wall of the microchannel.
Line C is defined by Z=50.4 um located from the upper wall of
the microchannel.

roughly divided among the error margins from the proofreading,
data collection, and data processing. Moreover, it also traversed
here as an error margin because of data collection and data pro-
cessing

The measurement was in the form of a laminar flow, but be-
cause the interval of time was very short, we disregarded these
factors. However, we did take into consideration the error margins
because of a straight line approximation of the movement of the
flow of the tracer particle in the fluid and the tracer particle in
PTV. The elemental error resources are summarized in Table 1.
When each error was integrated and the uncertainty of each ve-
locity component was obtained for 95% confidence level, then we
came up with the following calculated values of Uggs:

Ugssx= = 1.600 [mm/s]
URSS,Yz + 1.333 [mm/s]

URSS,Z= *+9.916 [mm/s]

The uncertainty becomes 11.03% of the average flow velocity
in the microchannel with a ¥ junction (the average flow velocity is
89.87 mm/s), and it becomes 13.42% in the microchannel with a
convergence region (the average flow velocity is 73.88 mm/s).

5 Results and Discussion

5.1 Microchannel With Y Junctions. The hologram image
excepted from the background image was reconstructed into 200
sections in the Z direction, and it obtained average 291 particles in
the microchannel. 3D particle images in the microchannel with a
Y junction are shown in Fig. 6. 3D particle tracking was per-
formed over two frames as a function of time, and approximately
291 velocity vectors were obtained in the full region of the mi-
crochannel (Fig. 7). The velocity was accelerated at the Y junction
area. The velocity value at the center region was highest at the
Ccross section.

5.2 Microchannel With Convergence Region. The holo-
gram image excepted from the background image was recon-
structed into 445 sections in the Z direction and obtained an av-
erage of 293 particles in the microchannel. 3D particle images in
the microchannel with a convergence region are shown in Fig. 8.
3D particle tracking was performed over two frames as a function
of time, and approximately 293 velocity vectors were obtained in

Journal of Heat Transfer
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0152 0.190 [m/s]
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Fig. 11 Time averaged velocity profile in 2 s calculated at lines
A, B, and C: (a) two-dimensional velocity vectors on line A in
Fig. 10 at the x-y plane, (b) two-dimensional velocity vectors on
line B in Fig. 10 at the x-y plane, and (c¢) two-dimensional ve-
locity vectors on line C in Fig. 10 at the x-y plane

the full region of the microchannel (Fig. 9). The velocity in Fig.
10 was accelerated at the convergence area. The velocity value at
the center region was highest on the crosssection.

To examine a three-dimensional vortex, we introduce a two-
dimensional velocity field at the cross section. Figure 10 shows a
schematic viewgraph of the microchannel with a convergence re-
gion: Line A is defined by Z=28.2 um located from the upper
wall of the microchannel. Line B is defined by Z=39.3 um lo-
cated from the upper wall of the microchannel. Line C is defined

APRIL 2008, Vol. 130 / 042413-5



Fig. 12 Schematic viewgraph of the microchannel with a con-
vergence region: Line A is defined by Y=133.4 um located
from the upper side of the observation area. Line B is defined
by Y=203.8 um located from the upper side of the observation
area. Line C is defined by Y=304.2 um located from the upper
side of the observation area.

by Z=50.4 pum located from the upper wall of the microchannel.
Figure 11 showing a time averaged velocity profile over a period
of 2's is calculated at lines A, B, and C: (a) two-dimensional
velocity vectors on line A in Fig. 10 at the x-y plane, (b) two-
dimensional velocity vectors on line B in Fig. 10 at the x-y plane,
and (c) two-dimensional velocity vectors on line C in Fig. 10 at
the x-y plane. Two recirculation regions at divergence point were
captured from the 2D vector field, with which the axes of recir-
cular vortices have some alignment because the location of the
vortex center slightly shifted toward the wall. The reason why we
can observe this phenomenon is that a three-dimensional velocity,
including the depth direction, can be obtained by micro-DHPTV.
Figure 12 shows schematic viewgraph of the microchannel with a
convergence region: Line A is defined by Y=133.4 um located
from the upper side of the observation area. Line B is defined by
Y=203.8 um located from the upper side of the observation area.
Line C is defined by Y=304.2 um located from the upper side of
the observation area. Figure 13 shows a time averaged velocity
profile in a duration of 2 s calculated at lines A, B, and C: (a)
two-dimensional velocity vectors on line A in Fig. 12 at the y-z
plane, (b) two-dimensional velocity vectors on line B in Fig. 12 at
the y-z plane, and (c) two-dimensional velocity vectors on line C
in Fig. 12 at the y-z plane. At the channel center in Fig 13(b), the
flow state is stable; the flow is along the concavity. On the other
hand, near the position for the side wall (see Fig. 13(c)), the flow
state is complicated: the tendency appears strongly at the down-
stream region rather than the upstream one.

6 Conclusions

The measurement of a microchannel and a micropipe flow is
performed using a single high-speed camera and a high frequency
double pulsed laser by a micro-DHPTV system. One thousand
frames of velocity fields in a microchannel with Y junction and
convergence region were visualized with a time resolution of
100 us and repetition rate of 1 kHz in a 3D measurement volume
of 409.6X 92 X 92 um?>. The system can take 291 vectors from
588 particles per frame reconstructed in the microchannel with Y
junction, and 293 vectors from 762 particles per frame recon-
structed in the microchannel with a convergence area. For the
microchannel with the convergence area, two recirculation regions
at divergence point were captured from the 2D vector field, with
which the axes of recircular vortices have some alignment be-

042413-6 / Vol. 130, APRIL 2008
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Fig. 13 Time averaged velocity profile in two 2 s calculated at
lines A, B, and C: (a) two-dimensional velocity vectors on line
A in Fig. 12 at the y-z plane, (b) two-dimensional velocity vec-
tors on line B in Fig. 12 at the y-z plane, (c) two-dimensional
velocity vectors on line C in Fig. 12 at the y-z plane

cause the location of the vortex center slightly shifted toward the
wall. The reason why we can observe this phenomenon is that a
three-dimensional velocity including the depth direction can be
obtained by micro-DHPTV. We intend to investigate the limita-
tions of this technique by studying cells, blood red cells.
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Nomenclature
G = transform function using the Fresnel
approximation
H = hologram image
H = hologram image in Fourier space
I = division number of the X direction
i = imaginary number
J = division number of the Y direction
N1 = total division number of the X direction
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N2 total division number of the Y direction

Greek
& = reconstruction image in Fourier space
N = wavelength of laser (nm)
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Many studies have shown that addition of nanosized particles to
water enhances the critical heat flux (CHF) in pool boiling. The
resulting colloidal dispersions are known in the literature as
nanofluids. However, for most potential applications of nanofluids
the situation of interest is flow boiling. This technical note pre-
sents first-of-a-kind data for flow boiling CHF in nanofluids. It is
shown that a significant CHF enhancement (up to ~30%) can be
achieved with as little as 0.01% by volume concentration of alu-
mina nanoparticles in flow experiments at atmospheric pressure,
low subcooling (<20°C), and relatively high mass flux
(=1000 kg/m?s). [DOI: 10.1115/1.2818787]

Keywords: nanofluids, flow boiling, critical heat flux, colloids

1 Introduction

Nanofluids are colloidal dispersions of solid nanoparticles in a
base fluid, e.g., water or refrigerant. Many studies have reported
very significant enhancement of the critical heat flux (CHF) in
pool boiling of nanofluids [1-5]. These observations have gener-
ated considerable interest in nanofluids as potential coolants for
more compact and efficient thermal management systems. At MIT
we are studying, in collaboration with AREVA, the application of
nanofluids to nuclear reactors. However, the situation of interest in
most of these practical applications is flow boiling, for which no
nanofluid data have been reported so far. This technical note
shows for the first time the potential of nanofluids to enhance
CHF in flow boiling.

2 Nanofluids Preparation

We have selected nanofluids with alumina (Al,O3) nanopar-
ticles for their colloidal stability and wide use in previous pool
boiling experiments. A concentrated water-based dispersion of
alumina nanoparticles was purchased from Nyacol. The vendor-
specified concentration was 20% by weight, which we verified
with thermogravitometric analyses. No abnormal impurities were
found in the sample, as shown by inductive coupled plasma and
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neutron activation analyses. The as-purchased dispersion was then
diluted with de-ionized water to the low concentration of interest
for the CHF experiments, i.e., 0.01% by volume. The size (effec-
tive diameter) of the nanoparticles in the diluted nanofluids was
measured with the dynamic light scattering technique and ranged
from 40 nm to 50 nm. Various parameters relevant to two-phase
heat transfer were also measured including boiling point, surface
tension, thermal conductivity, and viscosity, and were found vir-
tually identical to those of pure water, which was expected for
such dilute nanofluids. All diluted nanofluids used in our experi-
ments were found to be colloidally stable (i.e., did not sediment)
with no surfactant addition or pH control after dilution. More
information on the nanofluids used in this study can be found in
Ref [6].

3 Description of the Experimental Apparatus
and Procedure

CHF has been measured in the MIT nanofluid flow loop, which
consists essentially of a heated test-section assembly, a cooler, a
pump, and an accumulator. This facility has a design pressure of
1 MPa with a maximum flow rate of about ~0.15 kg/s. The loop
is constructed with 25.4 mm outside diameter (0.d.) (1 in.) stain-
less steel tubing. The test section (Fig. 1) consists of a tube made
of stainless steel grade 316 (purchased from All-Stainless Inc.)
with 9.52 mm o.d. (3/8 in.), 0.41 mm (0.016 in.) thickness, and
240 mm length, through which the test fluid flows. The tube is
electrically heated using two identical 30 V, 600 A dc power sup-
plies operating in parallel and connected to the tube ends by cop-
per electrodes. The electric power supplied to the test section is
measured with a calibrated voltmeter and ammeter with an uncer-
tainty <2%. With this setup, the heat flux in the test section was
verified to be axially uniform by direct voltage measurement at 12
equidistant voltage taps along the tube length. The heat flux de-
livered to the fluid in the test section ¢” is calculated as

74

H= 1
q'=—5r (1)

where V and [ are the measured voltage and current, respectively,
and D and L are the test-section inner diameter and length, respec-
tively. Twelve K-type thermocouples (TCs) of nominal uncer-
tainty <1.1°C are clamped to the outer surface of the tube, to
measure the wall temperature. Since these TCs are used to detect
the large temperature excursion associated with CHF, a greater
accuracy is not required. The loop is equipped with a stainless
steel shell-and-tube cooler to reject the heat and control the test-
section inlet subcooling. Pressure is maintained by an accumulator
and regulated nitrogen overpressure. However, for the experi-
ments presented here the pressure was always atmospheric. Also,
the accumulator is used to purge noncondensable gases at the
beginning of each run. The flow rate in the loop is controlled with
a constant-displacement pump (modulated with a variable-
frequency drive), and measured with a flow meter of <*5%
uncertainty. Two submerged TCs measure the fluid bulk tempera-
tures at the inlet and exit of the test section, respectively.

The experimental procedure is as follows. The loop is filled
with the test fluid and is run at 80°C for 1 h to deaerate. Then, the
desired flow rate is established and a stepwise power escalation is
initiated. Each power step lasts a few minutes until a new steady
state is achieved (Fig. 2). The flow rate, test-section current and
voltage, pressure, wall, and bulk temperatures are monitored and
recorded at each power step. The heat losses are less than 3% in
this loop, as estimated from the comparison of the electric power
and the heat rate supplied to the fluid in the test section, which is
measured by the bulk temperature TCs:
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where m is the mass flow rate, 7, and 7; are the exit and inlet
temperatures, respectively, and ¢, is the average specific heat of
water between 7; and T,. Since the heat flux is axially uniform,
CHF occurs at the test-section exit and can be detected from the
temperature excursion measured by the TCs near the exit. In other
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Fig. 2 Wall temperature and heat flux history in a typical CHF
run. Note the rapid temperature excursion at CHF.
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Fig. 3 Measured values of the CHF for water and 0.01% by
volume alumina nanofluid at atmospheric pressure.

words, the heat flux value at which the wall temperature excursion
occurs is the CHF. The control system automatically shuts down
the power supply as soon as any wall TC detects a runaway tem-
perature excursion. Therefore, the experiment is arrested within
1-2 s of CHF occurrence. The test-section tube typically experi-
ences burnout at the location of CHF (i.e., the exit), so it has to be
replaced after every run. Prior to its use the inner surface of every
new tube is cleaned with acetone to remove any dust, grease, or
other contaminants that could affect CHF.

4 Results

About a dozen CHF runs were performed, of which half for
water and half for nanofluids, including multiple runs at the same
conditions to ensure repeatability of the results. The exit condi-
tions were subcooled in all runs, so the CHF mechanism of inter-
est here is departure from nucleate boiling. The exit equilibrium
quality x, is calculated as follows:

_ Cp(Te - Tsat)

Xe = 3)
where T, and hg, are the saturation temperature and heat of
evaporation at atmospheric pressure, respectively. The CHF re-
sults are summarized in Fig. 3, where the CHF is displayed as a
function of the exit equilibrium quality for two values of the mass
flux (G). It can be seen that for a given mass flux the nanofluids
exhibit a higher CHF, i.e., about +10% at G=1000 kg/m?s and
+30% at G=1500 kg/m? s, well beyond the estimated experimen-
tal uncertainty. Because in our experiments the inlet subcooling is
held constant, the nanofluids, which have higher CHF, tend to
have also higher exit quality. Since it is well known that CHF
decreases with increasing quality, it is logical to hypothesize that,
for the same exit quality, the nanofluid CHF enhancement would
be even higher than is shown in Fig. 3.

Explaining the CHF enhancement mechanism in nanofluids is
beyond the scope of this technical note; however, it should be
reported that, remarkably, the mode of burnout in the water and
nanofluid runs can be different. Extensive burnout with complete
azimuthal failure always occurs in the water runs (Fig. 4(a)),
while localized burnout with a pinhole-type failure was observed
in several nanofluid runs (Fig. 4(b)). In a previous paper [7], we
have shown that nucleate boiling of nanofluids causes deposition
of a layer of nanoparticles on the heater surface', and that such
layer significantly improves the surface wettability. When CHF

'In our laboratory, we ran single-phase convective heat transfer experiments with
electrically heated wires and found no deposition of nanoparticles on the wire sur-
face. Therefore, nanoparticle deposition is caused by boiling.
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Fig. 4 Test-section burnout due to CHF in water (a) and nanofluid (b).

occurs, high surface wettability mitigates the propagation of the
hot spot, which could explain why burnout tends to be more lo-
calized in the nanofluid runs than in the water runs.

Finally, the CHF values in our experiments are significantly
lower than those calculated from the 1995 CHF lookup table [8]
for the pressure, quality, and mass flux of interest. We suspect that
this may be due to the onset of a two-phase flow instability in our
test section at the high heat flux. This aspect warrants further
investigation. However, given the comparative nature of the
present study and the identical operating procedures and condi-
tions of the water and nanofluid runs, any offset from the tabu-
lated values should not invalidate the conclusion that nanofluids
exhibit higher CHF than water.

5 Conclusions

Experiments of subcooled flow boiling at atmospheric pressure
have revealed that small additions of alumina nanoparticles to
water can enhance the CHF by as much as 30%. The presence of
the nanoparticles seems to have an effect on the burnout mode,
making it more localized. A more systematic study of the effect of
mass flux, quality, and nanoparticle concentration on the CHF
enhancement is underway in our laboratory and the results will be
reported in a full paper in the near future.
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A generic and material-independent dry route based on electro-
static force directed assembly (ESFDA) is used to assemble vari-
ous nanoparticles onto multiwalled carbon nanotubes (CNT5).
Charged and nonagglomerated aerosol nanocrystals are first pro-
duced using a mini-arc plasma source and then delivered in an
inert carrier gas to electrically biased CNTs. The electric field
near the CNT is significantly enhanced, and the aerosol nanopar-
ticles are attracted to the external surface of CNTs. For the first
time, CNTs have been sequentially coated with nanoparticles of
multiple materials to realize the multicomponent coating. High
resolution transmission electron microscopy images show that the
nonagglomerated entity of nanoparticles and the crystallinity of
both nanoparticles and CNTs are preserved during the assembly.
The ESFDA technique enables unique hybrid nanostructures at-
tractive for various energy applications.
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Introduction

Energy has become the most important problem facing human-
ity [1]. Nanoscience and nanotechnology are promising in intro-
ducing scientific breakthroughs and revolutionary developments
for addressing the grand energy challenge [2]. Nanoparticles with
sizes between 1 nm and 100 nm have attracted considerable inter-
est because of their unique electronic, optical, magnetic, mechani-
cal, and chemical properties [3,4]. The discovery of carbon nano-
tubes (CNTs) [5,6] has generated unprecedented large-scale
research activities in nanotechnology. CNTs coated with nanopar-
ticles form a new class of hybrid nanomaterials that could poten-
tially display both the unique properties of nanoparticles [7,8] and
those of nanotubes [9-11]. These hybrid nanomaterials have re-
cently been shown to be promising for various energy applications
including solar cells [12,13], fuel cells [14,15], Li-ion batteries
[16], and hydrogen storage [17,18].

In fuel cells, the catalytic activity of catalyst nanoparticles for
the electro-oxidation of fuel molecules depends on the size of
nanoparticles [19], the type of catalyst support [20], and the
method of catalyst preparation [21]. CNTs are considered as
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strong candidates for catalyst support because of their high
surface-to-volume ratio, stability, and unique mechanical proper-
ties [22-24]. Nanoparticles with uniform size loaded onto CNTs
have been proven effective for catalyzing redox reactions [25].
CNTs coated with nanoparticles of CdSe and CdS have been dem-
onstrated for potential solar cell applications [12,13], in which
semiconductor nanocrystals are photoreceptors and CNTs are in-
terconnects for conducting electrons from the photoexcitation of
the semiconductor nanocrystals. Finally, metal catalyst nanopar-
ticles dispersed onto CNTs can be used for hydrogen storage
[17,18].

Various methods have been developed to obtain nanoparticle-
CNT hybrid structures. Popular wet-chemistry methods typically
consist of two steps in solutions—chemical prefunctionalization
of the CNT surface followed by the attachment of nanoparticles
onto CNTs via covalent [26], noncovalent [27], or electrostatic
[28,29] interactions. Only single-component nanoparticles have
been assembled onto CNTs using wet-chemistry methods. Our
group has recently developed a convenient, efficient, and material-
independent dry route to coat both multiwalled CNTs (MWCNTS)
and single-walled CNTs (SWCNTs) with aerosol nanoparticles
based on electrostatic force directed assembly (ESFDA) [30]. We
have previously reported the successful assembly of single-
component Ag and SnO, nanoparticles onto CNTs. Here, we dem-
onstrate that this generic method can be used to coat the same
CNT with multicomponent nanocrystals (Ag and SnO,), which
offers new opportunities to tailor properties of product hybrid
nanostructures.

Experimental Method

Aerosol nanoparticles were generated through physical vapor-
ization of solid precursor materials using a mini-arc plasma source
sustained between a tungsten cathode and a graphite anode [31].
High purity metal wires (gold, silver, and tin) used for precursors
were purchased from ESPI. To produce oxide nanoparticles, an
additional air flow was mixed with the metallic nanoparticle flow
at the exit of the mini-arc plasma reactor. Most nanoparticles as
prepared were nonagglomerated and crystalline. Typical sizes of
nanoparticles ranged from a few to tens of nanometers. A fraction
of as-prepared nanoparticles were charged possibly by the arc
plasma or through thermionic emission of electrons from the par-
ticle surface [32].

The product nanoparticles were carried by an inert carrier gas
(Ar/N,) and delivered into an electrode gap to form a stagnation
flow. One of the electrodes was the grounded metal tubing that
introduced the nanoaerosol. The other electrode was a dc-biased
(=2 kV) copper grid dispersed with MWCNTs purchased from
Alfa Aesar [30]. A 2 mm electrode gap was maintained by a
precision-machined ceramic spacer. The electric field near CNTs
was significantly enhanced due to their small diameters, and
charged aerosol nanoparticles were attracted to the external sur-
face of CNTs. The ESFDA was accomplished at room temperature
and 1 atm pressure with a typical assembly time of 3—10 min. To
produce multicomponent nanoparticle-CNT hybrid structures, the
same CNTs were coated sequentially with one nanoparticle mate-
rial at a time.

A Hitachi H 9000 NAR transmission electron microscope
(TEM) was used to analyze the resulted nanoparticle-CNT hybrid
nanostructures. The TEM has a point resolution of 0.18 nm at
300 kV in the phase contrast high resolution TEM (HRTEM) im-
aging mode. Both low-magnification bright field (BF) TEM and
HRTEM images were obtained for each sample.

Results and Discussion

The successful assembly of nanoparticles onto CNTs is con-
firmed by low-magnification TEM and HRTEM images. As a
comparison, Fig. 1(a) shows the TEM image of MWCNTs before
assembly with a diameter of about 20—40 nm and a length of
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Fig. 1 Low-magnification TEM and HRTEM images of ((a) and
(b)) MWCNTs before assembly and ((¢) and (d)) MWCNTs
coated with Au nanoparticles

several micrometers. It is obvious that the MWCNT surface is
very smooth, which can be further confirmed by the correspond-
ing HRTEM image shown in Fig. 1(b).

Nanoparticles of Au have been coated onto individual
MWCNTs to form single-component nanoparticle-CNT hybrid
structures. Figure 1(c) shows MWCNTSs coated with small Au
nanocrystals, which have been demonstrated with high catalytic
activity [33] and are hence attractive for catalysis applications, for
example, in fuel cells. It is difficult to discern Au nanocrystals on
MWCNTs due to their very small sizes. However, CNT surfaces
covered with gold nanocrytals are much rougher than those before
assembly (Fig. 1(a)). The HRTEM image shown in Fig. 1(d) con-
firms the presence of localized gold nanocrystals with sizes
around 1-2 nm. The lattice fringes of 0.23 nm and 0.20 nm of
gold correspond to (111) and (200) crystal planes, respectively. In
principle, uncapped metal nanoparticles tend to agglomerate even
at room temperature. The nonagglomerated entity of nanoparticles
preserved during the assembly is likely attributed to the predomi-
nant unipolar charges carried by these nanoparticles before reach-
ing CNTs. The unipolar charges effectively prevent the nanopar-
ticles from agglomeration.

Most importantly, the ESFDA technique provides a unique op-
portunity to assemble multicomponent nanoparticles onto CNTs,
which is quite difficult to realize using the wet-chemistry method.
As an example, MWCNTs have been sequentially coated with
semiconductor SnO, and metallic Ag nanocrystals, in which Ag
nanoparticles have been shown to catalyze the gas sensing process
of SnO, nanoparticles [34]. Figure 2(a) shows the TEM image of
the double-component nanoparticle-coated MWCNTs. The unifor-
mity of the nanoparticle coverage is not as good as that in the
single-component nanoparticle-CNT sample. The HRTEM image
in Fig. 2(b) provides more detailed information of the interesting
hybrid structure. The lattice fringes of Ag and SnO, nanocrystals
are simultaneously seen on the same MWCNT. The lattice fringe
of 0.23 nm corresponds to the (111) plane of Ag nanoparticles.
Lattice fringes of 0.33 nm and 0.26 nm correspond to (110) and
(101) planes of rutile SnO, nanoparticles, with the zone axis of a
SnO, nanoparticle identified as [111].

The capability to coat the same CNT with multicomponent
nanoparticles is attractive for energy applications. Catalytic sys-
tems of current interest generally involve alloys or intermetallic

044502-2 / Vol. 130, APRIL 2008

Fig. 2 MWCNTSs coated with both Ag and SnO, nanocrystals:
(a) low-magnification TEM image and (b) HRTEM image

compounds composed of Pt, Au, or Ag and a post-transition metal
Sn, Bi, or Pb [35]. Therefore, the ESFDA technique can be used to
produce nanocatalysts of multiple materials supported on CNTs
for fuel cells and hydrogen storage. Semiconductor nanoparticles
with varying energy band gaps assembled onto CNTs can expand
the absorption bandwidth and hence increase the efficiency of
solar cells. A solar cell that can absorb the full solar spectrum may
be fabricated by coating the same CNTs with nanocrystals of vari-
ous materials and sizes.

Nanoparticle sizes are critical to all applications discussed
above. The optimum Au particle size in a catalyst system is
around 3 nm [36]. The nanoparticle size in solar cells can be used
to tailor the energy band gap of the nanoparticle material. An
important feature of the ESFDA technique is its intrinsic nanopar-
ticle size selection through the electrical mobility of nanoparticles,
which results in a smaller mean size and a narrower distribution of
nanoparticles on CNTs [30]. The electrical mobility of nanopar-
ticles increases with reducing particle size, assuming that all par-
ticles carry the same number of elementary charges. Only smaller
nanoparticles with sufficient electrical mobility can be assembled
onto CNTs for a given electric field strength and flow residence
time. Larger nanoparticles with smaller electrical mobility remain
in the stagnation flow and are carried away by the flow. The size
selection mechanism also suggests that the ESFDA technique can
control the final nanoparticle size distribution on CNTs through
electric field and flow residence time.

The binding mechanism between nanoparticles and nanotubes
is critical to the properties of the hybrid nanostructures. It is well
known that some transition metals may chemically bond to carbon
atoms due to their unfilled d orbitals. Since Au and Ag atoms have
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no d vacancy orbitals, they have very weak affinity with carbon
atoms [37]. As a result, Ag and Au nanoparticles are most likely
attached to CNTs through the van der Waals force instead of
through chemical bonds [38], considering the room-temperature
assembly process in the inert carrier gas. The unique properties of
the catalyst nanoparticles and CNTs should be preserved with the
noncovalent coating, which is very important for catalysis appli-
cations. For tin oxide nanoparticles, the situation may be different
due to the ubiquitous bonding between C and O. Experiments are
being carried out to unveil the attachment mechanism for various
nanoparticles.

Conclusions

The ESFDA process provides a unique route to assemble nano-
particles onto CNTs. In particular, interesting multicomponent
(Ag and SnO,) nanocrystal-CNT hybrid structures, which are oth-
erwise difficult to realize with wet-chemistry methods, have been
obtained using this new route. The uniform coating of CNTs has
been confirmed with low-magnification TEM and HRTEM im-
ages. The unique intrinsic size selection during the assembly en-
ables a fine tuning of the properties of hybrid nanostructures. The
ESFDA technique can be used to coat CNTs with small nanopar-
ticles of a narrow size distribution desirable for energy applica-
tions. Since the method is generic and material independent, hy-
brid nanostructures with arbitrary composition can be produced
for intended applications.
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1 Introduction

A rough framework for the development of a thermal energy
conversion device was previously presented in Refs. [1,2]. The
device was based on the premise that radiated heat energy (low
infrared) could be coupled into a metal waveguide and the result-
ing surface currents on the walls of the guide be rectified to pro-
vide a dc potential voltage. In this work, the same structure is
analyzed in more detail to determine whether it is genuinely real-
izable, particularly at higher temperatures around 400-500°C.
This choice of temperature range is based on the need expressed
by the automotive industry for energy recovery in vehicle exhaust
systems. For such an application, this work considers in more
detail the characteristics of the thermal energy, the construction of
the waveguides, the field distributions within the guides, the op-
eration of the rectifiers, and the overall efficiency of the conver-
sion process.

2 Background

A body at 723 K is assumed as the primary source of energy for
conversion, whose maximum emissive power occurs at 4.0 um
(74.9 THz) when it is resting in air/vacuum, and whose total emit-
ted power density is 15,493 W/m?. It is also assumed for the sake
of simplicity that the temperatures of the environment and of the
converter itself have reached static equilibriums at 27°C. Since
the waveguide of the energy converter is sized to operate at a
specified frequency, one must only consider the power emitted
over a certain spectral bandwidth. It is known from simulation
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that the converter bandwidth is approximately 30 THz and as
such, the energy source under consideration will radiate
3984 W/m? of power convertible by the waveguide-ballistic de-
vice.

2.1 Waveguide Interaction. It is well known that electro-
magnetic radiation propagating in a metal waveguide induces cur-
rents on the surfaces of its walls. The principle behind the thermal
energy converter as explained in Refs. [1,2] is to rectify these ac
currents into a dc potential. As such, one must consider the effects
of partitioning the guide walls for the insertion of the rectification
devices. Essentially, one of the walls must be modified to force
the surface currents into the rectifier. This modification to the wall
structure of the guide is considered in this work with respect to the
effect it has on the field distribution, and hence the surface current
distribution within the guide itself.

2.2 Ballistic Rectification. Of the hurdles to overcome in de-
veloping the proposed device, one of the most challenging is the
construction of an electrical rectifier operating at such high fre-
quencies. To this end, ballistic electron transport is considered as
a solution where the carrier distance traveled is less than the car-
rier scattering length. At this scale, traditional notions of device
physics must be reconsidered. In a ballistic rectifier, the channel
structure is defined as shown in Fig. 1 where the dark areas are
etched away and the light area is a 2D electron gas. The central
triangular antidot creates an asymmetry between the top and bot-
tom half of the device resulting in a nonlinear response yielding
rectification. Simply stated, any carriers entering the channel from
S or D will be deflected toward L resulting in a potential differ-
ence between U and L [3].

The transmission coefficient of carriers into the device is
mainly a function of the carrier ejection angle. Carriers ejected
from S at a small angle (relative to the channel conduction axis)
will deflect into the lower channel L, while carriers ejected with a
larger angle will simply move into the upper channel U. It is
reasonable to suggest that the ejection angle will be a function of
the current, /; or I, into the rectifier. A larger current effectively
prevents dispersion of the projection beam around the antidot due
to the higher carrier velocity. The four terminal resistance of such
a structure is derived in Refs. [3-6] as in Egs. (1)-(3).

V h
RSD,LU =4 (T)[TSHL(A)TUHD(IU) - TLHD(IL) TSHU(IS)]
Isp 2e°D,
(1)
W, 1
Dt=N§D|:NLU<] —_t) — S Nsp(1 —sin 6p)° (2)
Wiy 2
W, = %WLU (3)

It is assumed that /; =1;;=0, Ngp is the number of propagating
modes in the S and D channels of width Wgp, and wave number
kp, and Ngp=kpWgp/ . Similar expressions apply for N;y. 6, is
the angle relative to the channel at which the probability of an
electron deflecting into L or U is 50%. This angle is typically m/4
and is based solely on physical geometry. The efficiency when /g
is small is then approximately equal to Eq. (4).

Viw  h_ 3k sin 26ylsp

Iy € 4eEpNgp 2N,y — 3Ngp(1 — sin )

From this result, two important observations must be noted. The
first is that the effective efficiency of the rectifier can be altered by
geometrical means as expressed by the dependence on 6,. Thus,
an optimal geometry can be created to increase efficiency. The
second is that the efficiency is also dependent on the current
through the device. This is a peculiar phenomenon related to the
coherence of the injected carriers, but directly implies that a larger
current results in a higher efficiency. The proposed converter must

(4)
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Fig. 1 Simplified ballistic rectifier structure

therefore be designed to maximize the current injected into each
rectifier along the waveguide wall. This will yield the greatest
voltage across the rectifier as specified by the four terminal resis-
tance in Eq. (1) and, in turn, increase the overall power efficiency
of the converter.

3 Simulation Model

A simplified converter structure is shown in Fig. 2 as a series of
stacked waveguides, each one composed of three metal walls and
one InGaAs/InP wall containing the fabricated rectifier structure.
The stacked guides form a thin sheet that would then be posi-
tioned normal to the radiating body.

To begin characterizing the potential effectiveness of the ther-
mal energy converter, a 3D model was created to demonstrate the
operation of the rectifiers in a single waveguide. Using FEMLAB, a
guide was modeled and geometric partitions were added in the
walls at the theoretically calculated locations of maximal current
density. Example partition structures are shown in Fig. 3, where
the shaded areas represent deposited metal on the rectifier sub-
strate forming one wall of the guide. Since the rectifiers them-
selves are fabricated using semiconductor heterostructures, it is

Substrate

Fig. 2 Simplified energy converter structure
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Fig. 3 Example guide wall partitions

assumed that they will only be inserted into one wall of the wave-
guide, and the other three walls will be of the standard metal type.

The modified wall partitions serve as the locations for rectifier
insertion and are also shown in Fig. 4 where the resulting field
distribution is shown from simulation with and without rectifying
structures.

Two important results are immediately apparent. The first is
that the device is still guiding in both cases, even with the modi-
fied wall geometry. The second is that the field in Fig. 4(b) has
been compressed along the axis of the guide such that the parti-
tions no longer coincide with the current density extrema. This

Fig. 4 Simulated field distributions demonstrating the com-
pression that results from rectifier insertion
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implies that for a maximally efficient energy converter, the recti-
fier partitions should be relocated to positions of high current
density, since the efficiency of the rectifiers increases with the
current through them, as shown in Eq. (4). The solution can be
expressed as a ratio of the spacing based on an ideal field distri-
bution to the spacing based on a distorted field distribution, and is
henceforth referred to as the “compression factor” for the guide.

The rectifiers themselves are modeled as the small square in the
middle of the partitions in Fig. 3. For simulation purposes, they
are represented as an equivalent circuit impeding the current flow
along the guide wall. Such a circuit was determined in Refs. [7,8]
by analyzing the step response of a ballistic rectifier using a
Monte Carlo simulator. In that work, the rectifier channel is based
on an AllnAs/InGaAs structure 100 nm wide X 250 nm long at
300 K. The resulting equivalent circuit is a series RL network,
where R=1.36 X107 O m and L=3.29X 10"'7 Hm. As the fea-
ture size of the guide is decreased, L will also decrease and the
cutoff frequency will increase. In addition, due to the limited
number of modes in the channel, conductance saturation will be-
gin to play a critical role [9]. Thus, the limiting factor in the
rectifier operation for the proposed converter application is mainly
feature size. Without developing a Monte Carlo or other simulator
to determine the equivalent values at 74.9 THz, it must be as-
sumed that the contact resistance remains constant while the in-
ductance decreases linearly when scaled. The equivalent imped-
ance at 74.9 THz is then approximately 7.9 k ().

4 Optimization Algorithm

Two variables were considered when generating the maximally
efficient converter: the number of rectifiers in the guide and the
spacing between them (compression factor). By simulating guides
with different numbers of rectifiers, the resulting average electri-
cal current density was determined, as shown in Fig. 5.

This result suggests an almost linear dependence of rectifier
current on the number of rectifiers in the guide. This does not,
however, consider the relationship between rectifier placement
and field distortion. To properly maximize efficiency, each guide
in the simulation should be adjusted by means of the compression
factor to maximize the average current density in each rectifier
element separately. An iterative algorithm was used to generate
many guides, each with a different number of rectifiers and each
with a compression factor that maximizes its respective average
rectifier current density. Each guide was then evaluated for current
density to determine an optimal design.
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5 Results

By using the aforementioned algorithm to determine the aver-
age current and power through the rectifiers when maximized for
their compression factor, an optimized guide structure was deter-
mined. Shown in Fig. 6, the results indicate that the optimal num-
ber of rectifiers is approximately 10-17. This will yield the high-
est rectifier efficiency as specified by the four terminal resistance
equation. The compression factor for this range was approxi-
mately 80%. This implies that having the rectifiers close together
improves the phase dependence, and limiting the total number of
rectifiers forces more current into each one.

Using the optimized guide structure, the average power was
then measured for different incident frequencies to determine the
effective bandwidth of the converter based on a falloff factor of
2712 The result is shown in Fig. 7, and the resulting bandwidth of
30 THz was used in determining the total fraction of thermal en-
ergy “convertible” by the guide.

As a visual example of the conversion process, an optimized
guide was simulated with 15 optimally compressed rectifiers in-
side. Figure 8 shows the current density inside the guide and Fig.
9 shows the power available to each rectifier along the length of
the guide. The majority of the conversion process occurs within
the first four rectifiers, which helps to mitigate interference and
reemission effects.

Table 1 presents the results for the optimized converter operat-
ing with a source body at 450°C. As stated before, it is assumed
that the body will radiate 15,034 W/m? of thermal energy but that
only a fraction (3984 W/m?) of that energy can be coupled into
the guide based on the conversion bandwidth. Through simulation
incorporating guide losses and geometry, the power available to
the rectifiers for conversion was determined. Using a previously
determined rectifier conversion efficiency of 14%, the power area
density of the converter can be calculated with a guide opening
area of 2.5X 1.25 um=3.125 um? [1,2].

Since the radiant energy will contain waves of all frequencies
and polarizations, one cannot assume that all 3984 W/ m? in the
converter bandwidth will be coupled into the guide. If one as-
sumes a material emissivity of %, and a simplified polarization
distribution where i of the radiated photons are TE mode, then
only 498 W/m? will be available for conversion. This value will
be further reduced when considering coupling mismatches. Simu-
lations for various incident densities are shown in Table 1, and the
converter linearly converts approximately 6% of any energy avail-
able. This is comparable to many other thermoelectric based con-
verters [10]. As an estimate, it is reasonable to predict a conver-
sion power density on the order of 250 W/m? for the ideal case
but closer to 30 W/m? for a realistic application.

APRIL 2008, Vol. 130 / 044503-3



14
12
2 10} < >
- ~30 THz
g i
[+] -
< gL
6_
L) i BN BN BRI NN BN SRR B O
55 60 65 70 75 80 85 90
Frequency (THz)

Fi

g. 7 Bandwidth of an optimized converter

Maximum current density
at rectifier locations due
to optimal placement

Fig. 8 Current density in converter with 15 rectifiers

1x107°

0.9
0.8
0.7
P o6

w 05

0.

w

0.2

0.

ks

Power In Rectifiers Along Guide Length

T T T T T T

1 2 3 4 5 6 7 8 9 10 11 12 13 14 15

4——— Entry: Exit
Rectifiers In Guide

Fig. 9 Power per rectifier along the length of the guide

044503-4 / Vol. 130, APRIL 2008

Table 1 Power densities for simulated converters

Coupled power density ~ Power to rectifiers ~Converted power density

(W/m?) (W) (W/m?)
3984 5.68X107° 254.46
1992 279X 107 124.99
996 1.396 X 107 62.54
498 7.06% 10710 31.63
249 3.548 10710 15.90

6 Conclusions

The simulated power area density recovered by the converter in
this work is significantly lower than previously suspected [1,2].
This is due to several factors including modeling accuracy and
simplifying assumptions. Parasitic effects surrounding the thermal
properties of the system materials and mechanisms should also be
considered, especially with respect to the scale of the proposed
device [11]. The overall efficiency of the device, however, is not
necessarily a function of conversion capability. It was proposed in
Ref. [10] that capturing only 10% of the waste energy in automo-
tive systems would result in a 20% increase in fuel efficiency. The
fundamental question is therefore one of economy—is the cost in
fabrication and implementation worth the return? The answer to
this can only be ascertained with further investigation into con-
struction techniques, rectifier mass production, material cost, etc.
In conclusion, the results in this work have demonstrated with
greater accuracy the theoretical operation of the energy converter
along with several merits and downfalls, but much research is still
required to determine its practical applications.
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